
56 © Farid O. Farid, 2021

RESEARCH PAPER
J Inf Sci Theory Pract 9(3): 56-75, 2021

Received: July 14, 2021 Revised: August 21, 2021 
Accepted: August 23, 2021 Published: September 30, 2021

*Corresponding Author: Farid O. Farid
 https://orcid.org/0000-0001-6499-1649

E-mail: farid.farid@ronininstitute.org

All JISTaP content is Open Access, meaning it is accessible online 
to everyone, without fee and authors’ permission. All JISTaP content 
is published and distributed under the terms of the Creative 

Commons Attribution License (https://creativecommons.org/licenses/by/4.0/). Under 
this license, authors reserve the copyright for their content; however, they permit 
anyone to unrestrictedly use, distribute, and reproduce the content in any medium as 
far as the original authors and source are cited. For any reuse, redistribution, or 
reproduction of a work, users must clarify the license terms under which the work 
was produced.

https://doi.org/10.1633/JISTaP.2021.9.3.5eISSN : 2287-4577 pISSN : 2287-9099

http://www.jistap.org
Journal of Information Science Theory and Practice

ABSTRACT

We introduce a new research assessment measure, called the research excellence index. The measure, which we denote by RE-
index, accurately assesses the research performance of a researcher. The methodology used in deriving the RE-index tackles many 
of the flaws of popular research performance indicators such as publication counts, citation counts, and the h and g indices. A 
dataset is introduced, which takes advantage of the wide coverage of Scopus and the Library of Congress, and, at the same time, 
deals with the Scopus database depth problem. For an academic publication x, a prestige-type and length scores are assigned, and 
if x is published in an academic periodical publication J, the stature of J is identified through a quartile score. The three scores 
are used to assign a value score to every academic publication, and cited academic publications are given citation scores that 
encompass both cases of including and excluding self-citations. The foregoing scores are used to derive another set of scores 
measuring the combined qualitative and quantitative aspects of the creative work, citations of creative work, informative work and 
citations of informative work of a researcher. The scores take into consideration co-authorship. From these scores, two versions 
of the RE-index for a researcher are derived, covering the cases of including and excluding self-citations. The new measure is 
calculated for two mathematicians.
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1. INTRODUCTION

1.1. The Need for the Study
Research performance indicators play an important 

role in academia. They are supposed to convey the aca-
demic standing of researchers to the academic world 
in large, and they also play a role in the allocation of 
resources in science policy decisions (Jonkers & Zacha-
rewicz, 2016). Despite their importance, many existing 
measures of research performance are marred, to varying 
degrees, with methodological flaws. The main goal of this 
paper is to derive a new measure for research assessment: 
the research excellence-index, denoted by RE-index. The 
measure addresses many of the flaws of three popular re-
search assessment measures: “publication counts,” “citation 
counts,” and the h-index (Hirsch, 2005), and a less popular 
measure, the g-index (Egghe, 2006). To explain the pro-
tocol for deriving the RE-index, we first outline the major 
flaws of the foregoing four research assessment measures.

1.2. Earlier Research Assessment Measures
Early attempts to assess research could be traced to 

Fisher (1959), who suggested the use of number of publi-
cations by US companies as a measure for basic research 
in industry. The measure could also be applied to indi-
vidual researchers. Measuring research performance by 
publication counts fails to quantify the quality of research, 
does not take into account co-authorship and completely 
ignores research impact. The measure also does not make 
any distinction between two research papers in the same 
field; one is 3 pages long and the other is 30 pages long. It 
is highly likely that the longer paper required much more 
effort to make than the shorter one. The use of publication 
counts, with its discount of co-authorship, as a research 
performance indicator links it to the publish or perish 
culture (Abelson, 1990), which includes the make up of 
an enormous amount of joint papers that may induce the 
fictitious belief of doing great work in research. In real-
ity, Fanelli and Larivière (2016) concluded from statistical 
studies that, when publications are adjusted for co-au-
thorship, the publication rate of scientists in all disciplines 
during the twentieth century has not increased overall. 
What is worse are the tangible practices associated with 
the publish or perish culture, which fall into the category 
of academic misconduct; such practices include:

• Unethical practices in authorship of research papers, 
like the inclusion of “fictitious” authors. A fictitious 
author could be either a guest author (Biagioli et 

al., 2019), a senior faculty member exploiting his/
her graduate students or junior faculty members 
(Strange, 2008), or a buyer of a paper through the 
black market (Stone, 2016).

• The proliferation of predatory journals, which offer a 
quick way for increasing publication counts.

• The emergence of fraudulent claims of authorship in 
dubious commercial web sites, such as Research-
Gate; see https://academia.stackexchange.com/
questions/47481/what-should-i-do-if-someone-is-
claiming-my-research-on-researchgate

• Conducting flawed research (Steen, 2011) and creat-
ing an “avalanche” of sub-standard papers with poor 
methods or false discovery rates (Smaldino & McEl-
reath, 2016).

• The formation of “acceptance circles,” in which groups 
of authors implicitly or explicitly agree to favourably 
review each other’s papers (and, may be, harshly re-
view outsiders), so that publication is facilitated by 
being a member of this circle (Biagioli et al., 2019). 
This practice together with the massive submission 
of articles to journals induce misconduct in process-
ing manuscripts submitted for publication and in 
the peer review process (Colussi, 2018; Shibayama & 
Baba, 2015). In turn, some mediocre papers may ap-
pear in good journals, while good papers are rejected 
in these journals. The latter situation may contribute 
to the publication of some quality papers in preda-
tory journals.

• Plagiarism (Honig & Bedi, 2012; Maddox, 1995; Roig, 
2010), self-plagiarism (Moskovitz, 2016; Roig, 2010) 
and covert duplicate publication (Tramèr et al., 1997; 
von Elm et al., 2004).

Westbrook (1960) advocated the use of citation counts 
of publications by universities or companies to identify 
significant research. The indicator could also be used to 
measure the performance of a researcher. Citation counts 
have one clear advantage: Citing the work of a researcher, 
in a supportive way, generally means the impact of the 
cited work. Garfield (1973) went further to associate high 
citation counts with distinction in research. However, 
there are several disadvantages with citation counts; they 
include “indirect-collective citing” (Száva-Kováts, 2004), 
“excessive self-citations” (Seeber et al., 2019), “confirmatory 
bias” (Nickerson, 1998), and bias of theoretical papers for 
citing similar papers even though the cited theoretical pa-
pers depend on data papers (MacRoberts & MacRoberts, 
2010). Another misuse of citation counts occurs when 
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departmental faculty members cite each other to improve 
the reputation of themselves and their academic institute 
(Biagioli et al., 2019). For more information on problems 
of citation counts, see MacRoberts and MacRoberts (1986, 
2018). There are four additional problems with citation 
counts that are of particular interest. Firstly, as journals 
and similar publications differ in stature, so should be the 
citations appearing in them. But citation counts do not 
provide a metric to measure the value of a citation. Sec-
ondly, the citation counts measure does not take into ac-
count co-authorship. Thirdly, citation counts do not take 
into account citation patterns for different types of publi-
cations or fields, which could be very different. Fourthly, 
citation counts do not make a distinction between critical 
and supportive citations. A citation is called negative if the 
citing source finds confirmed errors, false statements, or 
deceiving statements in the cited source. Any other cita-
tion is called nonnegative. So, a subjective statement in the 
citing source that is in disagreement with the cited source 
is considered a nonnegative citation. Despite their short-
comings, citation counts should remain a tool in research 
assessment, but it is important to address their disadvan-
tages.

A conceivable way of deriving a better research per-
formance indicator could be by devising a mechanism 
to aggregate publication and citation counts into a single 
number. This is the idea of the h-index. A more math-
ematical formulation of the original definition of the 
index is as follows: Assume that a scientist X has m pa-
pers x1, …, xm that are ordered in a non-increasing order 
in terms of citations. For each i ∈ {1, …, m}, denote the 
number of citations of paper xi by ci. So, c1 ≥ … ≥ cm. 
Furthermore, assume that c1 > 0. Define the positive in-
teger n by n = max{i ∈ {1, …, m} : ci > 0}. Scientist X has 
the h-index k if k = max{i ∈ {1, …, n} : ci ≥ i}. Due to the 
simple evaluation of the h-index, it has become popular 
throughout academia. Despite its popularity, the h-index 
has several serious shortcomings. First, as the h-index 
uses the aspects of publication and citation counts in its 
evaluating mechanism, it inherits, to some degree, their 
shortcomings, which were described in the preceding two 
paragraphs. Second, the value of the h-index for a scientist 
could depend on the dataset used to count the number 
of publications and citations the scientist has. Third, the 
h-index may not take into account the overall academic 
work or its impact (Abramo et al., 2013; Zhang, 2009). 
Fourth, despite Hirsch’s claim (2005) that two researchers 
with equal h indices could be regarded as comparable in 
terms of their overall scientific impact, even if their total 

numbers of papers or citations are very different, examples 
could be provided to refute this claim; see, for example, 
Bornmann et al. (2010). The interest in the h-index and 
its improvement has induced several variants (Alonso et 
al., 2009). A notable improvement of the h-index, which 
we will also consider in the paper, is the g-index (Egghe, 
2006). With the same terminology used to define the h-
index, a scientist X has the g-index l if l = max{i ∈ {1, 
…, n} : 
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the g-index l if l = max{i ∈ {1, . . . , n} :
∑i

j=1 cj ≥ i2}. It is known that the h-index of a scientist cannot be

2

}. It is known that the h-index of a 
scientist cannot be higher than his/her g-index. The main 
advantage of the g-index over the h-index is that papers 
with highest citations could contribute more to the evalu-
ation of the g-index than the h-index. The g-index is usu-
ally a more credible research performance indicator than 
the h-index for researchers who produce serious research 
work with substance and impact. However, the g-index is 
less popular than the h-index, probably because it requires 
more effort to evaluate.

Throughout this paper, we use the phrase academic 
publication to mean an intellectual publication that is 
written on either one main academic field or at least two 
main academic fields. The latter type is called interdisci-
plinary. An academic publication could be either a book, 
a book chapter or a paper. If x is an academic publication, 
we will always denote the number of authors of x by n(x). 
A researcher is someone who has at least one academic 
publication. It is clear that the definition of a researcher 
may depend on the choice of the database source for 
academic literature. A perfectionist is a researcher who 
primarily works on major research problems and pro-
duces, throughout his/her academic career, relatively few 
publications with considerable impact on his/her field(s) 
of study. (It should be noted that the h-index could be 
devastating to a perfectionist, due to his/her relatively 
low number of publications.) By an academic periodical 
publication, we mean either a scholarly journal, a book 
series, a conference proceeding, or a trade journal (also 
known as trade magazine). Sometimes, the expression 
“scholarly journal” is abbreviated as journal, while keeping 
trade journal as is. Journals are of two types; single-field 
and multidisciplinary. A single-field journal is one which 
publishes articles in only one main academic field, while 
a multidisciplinary journal is one which publishes either 
articles in different fields or interdisciplinary articles (or 
both). Note that a conference proceeding may appear as 
part of a book series, a special edition of a scholarly jour-
nal or a book of essays. Papers in trade journals focus on 
topics of interest to professionals in a specific industry.
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1.3. Features of the RE-index
Based on the foregoing main flaws of the four research 

performance indicators: publication counts, citation 
counts, and the h and g indices, the protocol in deriving 
the RE-index is introduced through the following eight 
features:

Feature 1. The RE-index would choose a dataset, which 
takes advantage of the wide coverage of Scopus and 
the Library of Congress, and deals at the same time 
with the Scopus database depth problem.

Feature 2. The RE-index would distinguish between 
different types of academic publications according 
to their contributions to research advancement, and 
would provide a metric, called the prestige-type 
score, quantifying this distinction between academic 
publications.

Feature 3. The RE-index would use the SCImago Jour-
nal Rank (SJR) scores to introduce a metric, called 
the (most relevant) quartile score, which measures 
the research quality of academic periodical publica-
tions. The quartile score of an academic periodical 
publication J at a year t is derived from the most rel-
evant SJR score of J to the year t (see Definition 3).

Feature 4. The RE-index would take into account the 
length of academic publications, and would quantify 
this aspect through a metric, called the length score.

Feature 5. If x is a paper in an academic periodical 
publication J, which has a quartile score, the RE-in-
dex would assign a value score to x, which is derived 
from the prestige-type score of x, the quartile score 
of J and the length score of x. For any academic pub-
lication y without an associated quartile score, the 
RE-index would provide a value score for y, which 
stems from the prestige-type and length scores of y.

Feature 6. For every cited academic publication x, the 
RE-index would present a citation value score of x, 
which is derived from the value score of x and the 
value score(s) of the citing document(s) of x. Nega-
tive citations are discarded in the citation counts of x.

Feature 7. The RE-index would consider co-author-
ship. In any joint academic publication x, the RE-
index would assume equal contributions from all au-
thors of x. If x is cited, citation credit will be equally 
distributed among the authors of x.

Feature 8. The RE-index would take into account the 
overall research record of the researcher and all the 
nonnegative citations his/her work receives.

Remark 1. (1) None of the measures: h-index, g-index, 
publication counts, or citation counts, takes into consider-
ation any of Features 1-7, and the latter two measures each 
consider only one of the two aspects in Feature 8.

(2) The rationale for discarding negative citations in 
Feature 6 is twofold. A paper retracted as a consequence 
of receiving one or more negative citations would be 
eliminated from the researcher’s record and so are all cita-
tions of the retracted paper. Also, it is illogical to reward a 
document with a negative citation it received.

(3) Egghe (2008) tackled the issue of co-authorship by 
introducing two fractional indices for each of the h and g 
indices. However, these fractional indices do not addresses 
any of Features 1-6.

2. MATERIALS & METHODS

2.1. Feature 1 of the RE-index. Choice of Dataset
Scopus, Web of Science (WOS) and Google Scholar 

(GS) may not agree on the recognizable academic periodi-
cal publications and publishers, and may have different 
starting years for collecting some data. None of the three 
datasets provided by the three organizations is free of 
drawbacks. GS is the most problematic one; it could be 
tricked by fictitious articles (López-Cózar et al., 2014). 
Scopus and WOS provide good datasets (see https://instr.
iastate.libguides.com/c.php?g=901522&p=6492159). The 
SJR uses the Scopus data, while the Journal Impact Factor 
(JIF) uses the WOS data. Scopus and its associated SJR 
have some advantages over the WOS and the associated 
JIF; such advantages are listed as follows:

• Scopus covers more peer-reviewed journals and 
has more interdisciplinary field coverage than 
WOS has (see https://instr.iastate.libguides.com/
c.php?g=901522&p=6492159).

• Scopus has a more detailed author profile system.
• To the author’s best knowledge, there have not been 

problems with the data supplied by Scopus to calcu-
late the SJR scores. In contrast, the data supplied by 
Clarivate (previously known as Thompson Scien-
tific), the organisation that operates WOS, yielded 
different values for metrics from those published 
by the company, and Clarivate was unable to supply 
data to support its published impact factor for jour-
nals (Rossner et al., 2007).

• The SJR is viewed as a more accurate measure in 
ranking academic periodical publications than the 
JIF. The SJR takes into account in its iterative process 
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the journal prestige (not all citations are considered 
equal), and excludes a journal’s self-citations through 
each step of the iterative process. Popular journals 
cited frequently by journals of low prestige have high 
JIF scores and lower SJR scores, while journals that 
are prestigious may be cited less, but by more pres-
tigious journals, giving them high SJR scores and 
lower JIF scores (Butler, 2008). It should be noted 
that the Eigenfactor score for ranking journals by 
the WOS has a somehow similar methodology to the 
SJR score.

• The SJR is an open-access resource, while the JIF re-
quires paid subscription (Falagas et al., 2008). The 
SJR scores are also available for the last 20 or 21 
years.

Scopus has one main drawback; some currently Scopus 
indexed journals were not indexed prior to the year 1996. 
These journals include the prestigious math journal An-
nals of Mathematics. Consequently, Andrew Wiles’ 1995 
paper in the journal, which proved Fermat’s Last Theorem, 
does not appear in his Scopus profile (see https://www.
scopus.com/authid/detail.uri?authorId=24281995700). In 
contrast, the WOS has a database going back to the year 
1945 (Burnham, 2006). Scopus is dealing with the depth 
problem; it indicates that it added 7.5 million pre-1996 ar-
ticle abstracts to its database, and that some of its records 
go back to the year 1788 (see https://www.elsevier.com/
solutions/scopus/how-scopus-works/content). Scopus has 
another minor problem; a few journals have discontinuity 
in their coverage by Scopus.

Academic books will be considered in the evaluation of 
the RE-index. Scopus mainly indexes academic periodical 
publications, and the WOS database of books is not as ex-
tensive as the one in the Library of Congress. The dataset 
we use in this paper (see Definition 1) includes all the data 
in the Library of Congress and Scopus, and would deal at 
the same time with the depth problem in the Scopus da-
taset. Throughout the paper, the ranking year means the 
year at which the ranking formulas and research assess-
ment indicators are calculated. If the ranking year is the 
current year, we use the phrase “the current ranking year”.

Definition 1. Let t be the ranking year. The dataset 
at the year t that we use in the paper, denoted by D(t), is 
made up of the data in the following three items:

(i) All the data in either the Library of Congress or 
Scopus that are gathered up to the year t.

(ii) Any academic publication in a publishing venue J 

at a year t0, t0 < t, if J is indexed in the Web of Science Core 
Collection and J is (was) indexed in Scopus at a year t1 sat-
isfying t0 < t1 ≤ t.

(iii) Any citation if both the citing and cited sources are 
in D(t) by virtue of items (i) or (ii).

(iv) All available SJR scores for all possible years.

When there is no need to emphasize the year t at which 
the dataset is considered, we write D instead of D(t). From 
now on, we assume that all academic publications and ci-
tations we consider in this paper are in the dataset D.

Remark 2. (1) An example illustrating item (iii) of 
Definition 1 is given here: A citation at a year t2, t2 < t, 
where the citing source is indexed either in the Library of 
Congress or in Scopus at the year t2, and the cited source, 
published in the year t3, is indexed in the Web of Science 
Core Collection and was (is) indexed in Scopus at a year t4 
with t2 < t4 ≤ t.

(2) The dataset D would enable the inclusion of many 
credible papers, like Wiles’ 1995 paper in Annals of Math-
ematics, and four good research papers by C. Peligrad; see 
Section 3.

(3) Let s and t be two years with s < t. If there were no 
retracted papers in the intervening years, then from the 
fact that the number of academic publications keeps rising 
with time and Definition 1, it is seen that D(s) would be a 
proper subset of D(t).

(4) The reason for stating item (iv) in Definition 1 is 
that the SCImago Research Group seems to keep the SJR 
scores and associated quartile rankings for about 20 or 21 
years; see subsection 2.3.

2.2. Feature 2 for the RE-index and the Prestige-type 
Score

Although the original definitions of the h and g indices 
confine the cited work of a researcher to his/her papers, 
it seems nowadays that the evaluations of the two indices 
include all academic publications in the counting of the 
cited and citing sources. However, no distinctions are 
made between different types of academic publications or 
academic periodical publications. This is a disadvantage 
for the following three reasons:

Reason 1: Different types of papers and academic peri-
odical publications may have different impact on research. 
Springer (see https://www.springer.com/gp/authors-
editors/authorandreviewertutorials/writing-a-journal-
manuscript/types-of-journal-articles/10285504) classifies 
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papers into five main categories: “research papers,” “case 
studies,” “methods,” “review (survey) papers,” and “let-
ters.” This classification would be adopted. A research 
paper contributes new results or findings to its topic (or 
topics) of investigation, while a review paper generally 
summarises the existing literature on a topic with the goal 
of explaining the current state of understanding on the 
topic. Case studies, which appear in scholarly journals in 
biological sciences and medicine, are equally important 
to research papers, as they report the occurrence of previ-
ously unknown or emerging pathologies; see, for example, 
https://academic.oup.com/clinchem. Case studies also 
have a prominent place in some scholarly journals in so-
cial sciences; see, for example, https://journals.sagepub.
com/home/qix. Methods are articles that present experi-
mental methods, tests or procedures. An article in this 
category should describe a demonstrable advance on what 
is currently available.

Research papers, case studies and methods appear-
ing in scholarly journals and book series are at the fore-
front of research advancement. The web site: https://
en.wikipedia.org/wiki/Conference_proceeding indicates 
that conference proceedings related to computer science, 
which include subjects like electronic engineering, are 
viewed in high regard in academia. This is in contrast 
to conference proceedings in other fields. Furthermore, 
the web site: https://www.scimagojr.com/journalrank.
php?area=1700&type=all shows that computer science 
conference proceedings could be ranked among the top 
overall research publications in the field, which include 
the four categories: journals, book series, conference pro-
ceedings, and trade journals. In contrast, among 2,796 
publications in mathematics recognized by Scopus, none 
of the top 100 publications is a conference proceeding; 
see the web site: https://www.scimagojr.com/journalrank.
php?area=2600&type=all. Similarly, among 7,125 publica-
tions in medicine indexed by Scopus, none of the top 100 
publications is a conference proceeding; see the web site: 
https://www.scimagojr.com/journalrank.php?area=2700. 
Note that the acceptance rate in some conference proceed-
ings related to computer science might be as low as 10%; 
see the web site https://academia.stackexchange.com/
questions/18349/difference-between-conference-paper-
and-journal-paper.

There is no general consensus on whether papers in 
trade journals are peer reviewed. On one hand, the web 
site: https://guides.lib.utexas.edu/popularscholarlytrade 
views trade journals as being non-peer reviewed. On the 
other hand, the trade journal “IEEE Geoscience and Re-

mote Sensing Magazine” asserts that articles in the journal 
are peer reviewed; see https://ieeexplore.ieee.org/xpl/
aboutJournal.jsp?punumber=6245518. This seems to be 
supported by the web site: https://www.scimagojr.com/
journalrank.php?area=2200, which ranks the trade jour-
nal as #41 among 6,335 publications in the field of engi-
neering.

Other categories of papers and academic periodical 
publications have the following drawbacks:

(i) Review papers could play a negative role in citation 
counts. An article x might cite a review paper containing 
references where the original research was made, but these 
articles containing the original research are not cited in x.

(ii) Most letters have very little impact on the advance-
ment of research. To the author’s best knowledge, a letter 
to an editor contains brief comments on a paper. This 
seems not to represent any significant advance in research, 
otherwise, it would have been submitted as a paper.

(iii) Research papers, case studies and methods appear-
ing in conference proceedings that are not related to com-
puter science often contain partial results, and they do not 
usually go through the presumed rigorous peer-review 
process that papers submitted to scholarly journals, book 
series or computer science-related conference proceed-
ings go through. In addition, a paper x in a conference 
proceeding, not related to computer science, may induce 
either a more completed article, a variant of x or a covert 
duplicate publication of x.

Reason 2: Citation patterns for different types of aca-
demic publications could be very different. Some argue 
that academic publications, which cite more references 
(like review papers), get themselves many citations (Web-
ster et al., 2009), and citation counts (alone) are not in-
dicative of research impact.

Reason 3: The impact of different types of books need 
to be specified. From now on, the phrase “comprehen-
sively-authored academic book” is used to mean either a 
monograph or a textbook, with the author (authors) be-
ing responsible for the entire contents of the book. Note 
that a monograph can be made of chapters or papers with 
different authors (see, for example, Meteorological Mono-
graphs of the American Meteorological Society), but this 
type of monographs represents a very small percentage of 
monographs. A typical monograph is an academic book 
written on a single specialized topic with usually one au-
thor, and it is devoted mainly to research works. Other 
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academic books include books of essays (also known as 
edited books), handbooks, and reference books. A book 
of essays could be a conference proceeding, a collection 
of book chapters or a collection of new articles written, in 
honoring an eminent scholar, by colleagues or former stu-
dents of the scholar with the articles reflecting a theme in 
which the scholar was interested. We are not considering 
here a book of essays that is made up of collected, previ-
ous works by an eminent scholar, since such books are 
repetitive of previous works. Comprehensively-authored 
academic books contain authoritative information, in-
cluding comprehensive accounts of past or developing 
research, overviews, and experts’ views on topics. Book 
chapters are also important for learning and research, but 
their contribution to research seems to be smaller than 
comprehensively-authored academic books, and this may 
reflect on decisions of promotion and tenure. Note that 
monographs and book chapters could both appear in 
book series, which are academic periodical publications.

Reasons 1-3 entail the creation of a ranking of academ-
ic publications that is based on their types. This is done in 
Definition 2. To simplify the definition, some notation are 
introduced. Let S1 and S2 be 2 subsets of a set S. The union 
of S1 and S2 is denoted by S1 ∪ S2, and their intersection is 
denoted by S1 ∩ S2. We denote the set difference between 
S1 and S2 by S1\S2. The empty set is denoted by ∅. We use 
the symbol B1 to mean the set of all comprehensively-
authored academic books. The set of book chapters found 
in books of essays is denoted by B21. We denote by B22 the 
set of articles written, in honoring an eminent scholar, 
that are not parts of conferences or similar gatherings but 
could be found in books of essays. The set of handbooks 
and reference books is denoted by B23, and the set made 
up of chapters or papers found in monographs is denoted 
by B24. We write B21 ∪ B22 ∪ B23 ∪ B24 as B2. The set of 

papers presented in conferences and similar gatherings, 
not related to computer science, that could be found in 
books of essays is denoted by B3. We define a trade journal 
to be vigorously reviewed if its SJR score puts it in the top 
50% of all publications (journals, book series, conference 
proceedings, and trade journals). We denote the set of 
vigorously reviewed trade journals by TJ+. The set of all 
other trade journals is denoted by TJ−. Papers appearing in 
scholarly journals, book series or conference proceedings 
could be partitioned according to the Springer classifica-
tion. Table 1 explains this. We denote by PJ the set of all 
papers in scholarly journals. The set of all papers in book 
series is denoted by PBS. By PCP-CS, we mean the set of 
all papers presented in conferences or similar gatherings 
related to computer science, and PCP-NCS denotes the 
set of all papers presented in conferences or similar gath-
erings that are not related to computer science.

In Table 1, the intersection of a column and a row rep-
resents a set of academic publications. For example, Pccs is 
the set of case studies presented in conferences or similar 
gatherings related to computer science. The symbol N/A  
means not applicable. Note that Prcs ∩ (Prb ∪ Prj) ≠ ∅, 
since conference papers could appear in book series or 
in special editions of scholarly journals. Similar observa-
tions could be made for every Z ∈ {Pccs, Pmcs, Prncs, Pcncs,  
Pmncs} with the corresponding first two sets belonging to 
the same column of Z.

Definition 2. The set of all academic publications in 
the dataset D (see Definition 1) is denoted by AP. The set 
AP is partitioned into the four mutually disjoint sets W1, 
…, W4 defined by:

In Table 1, the intersection of a column and a row represents a set of academic publications. For example,
Pccs is the set of case studies presented in conferences or similar gatherings related to computer science. The
symbol N/A means not applicable. Note that Prcs ∩ (Prb ∪ Prj) �= ∅, since conference papers could ap-

pear in book series or in special editions of scholarly journals. Similar observations could be made for every
Z ∈ {Pccs, Pmcs, Prncs , Pcncs , Pmncs} with the corresponding first two sets belonging to the same column of Z.

Definition 2. The set of all academic publications in the dataset D (see Definition 1) is denoted by AP. The
set AP is partitioned into the four mutually disjoint sets W1, . . . ,W4 defined by:

W1 =
[(

Prj ∪ Prb

)

\ Prncs

]

∪
[(

Pcj ∪Pcb

)

\ Pcncs

]

∪
[(

Pmj ∪ Pmb

)

\ Pmncs

]

∪Prcs ∪ Pccs ∪ Pmcs ∪ B1 ∪ TJ+,
W2 = Psj ∪ Psb ∪ B2,

W3 = Prncs ∪Pcncs ∪ Pmncs ∪ B3 ∪ TJ−,
W4 = Plj.

(1)

Note that W1 is not a disjoint union of seven sets. For example, the intersection Prcs ∩ B1 is not an empty set,
since there are papers in conference proceedings related to computer science that are published in books of essays.
Similarly, the set W3 is not a disjoint union of five sets.

For each k ∈ {1, . . . , 4}, we assign the rank k, called the prestige-type ranking, to the set Wk. We introduce a
function ω : AP −→ {1, 3

4 , 1
2 , 1

4} as follows: For every k ∈ {1, 2, 3, 4} and every x ∈ Wk, we define ω(x) by

ω(x) = (5 − k)/4. (2)

The number ω(x) is called the prestige-type score of x.

2.3 Feature 3 of the RE-index and the Quartile Score
Research quality is classified into three categories: cognitive quality, methodological quality, and esthetic qual-

ity (Moed et al., 1985). Papers in academic periodical publications with high SJR scores usually excel in at least
one of these three categories. So, it is tempting to use the SJR score as a measure of research quality. But among
many fields that encompass applied and pure subjects (like mathematics), there is a discrepancy in citation pat-
terns between different subjects in any of these fields, with applied subjects or subjects that are closely linked to
applied fields drawing more citations than pure subjects of the field. Such discrepancy could be reduced with the
use of the SJR-induced quartile ranking, since, virtually in any field with applied and pure subjects, there are
several Q1 academic periodical publications which mainly publish articles in pure subjects of the field. (Another
advantage of the quartile rankings is that they have lower probabilities of variation from a year to the next than
the SJR scores. This could make the evaluation of the RE-index less complicated over two successive years; see
Section 3.) Quantifying research quality could be done through the introduction of a metric based on the quartile
rankings of academic periodical publications. There is still a problem with this approach; it is the fact that the
SJR score of an academic periodical publication J at a year t0 may be either undefined or unavailable. This could
be because either J is (was) not indexed in Scopus at the year t0 (despite being possibly indexed in the database
D), or J was indexed in Scopus at the year t0 but the SJR of J at the year t0 is no longer available. The problem
could be tackled by introducing the notion of the most relevant SJR score of J to the year t0 (see Definition 3).
If the SJR score of an academic periodical publication J indexed in Scopus at a year s is available, we denote
this score by SJR(J, s).

Definition 3. Let t be the ranking year, and suppose that J is an academic periodical publication.
(i) Let T −(t) be the set of all years s such that s ≤ t, J was indexed in Scopus at the year s and SJR(J, s)
is available. Assume that T −(t) is nonempty. The most relevant SJR score of J to the year t is defined to be
SJR(J, t1), where t1 = max{s : s ∈ T −(t)}.
(ii) Let t0 be a year satisfying t0 < t, and suppose that J was operational at the year t0. Let T +(t0) be the set
of all years s such that t0 ≤ s ≤ t, J was indexed in Scopus at the year s and SJR(J, s) is available. Assume
that T +(t0) is nonempty. The most relevant SJR score of J to the year t0 is defined to be SJR(J, t2), where
t2 = min{s : s ∈ T +(t0)}.

The definition of the most relevant quartile score of an academic periodical publication to a given year is given
next.

7

(1)

Table 1. Papers notation

Classification Research papers Case studies Methods Survey papers Letters

PJ Prj Pcj Pmj Psj Plj

PBS Prb Pcb Pmb Psb N/A

PCP-CS Prcs Pccs Pmcs N/A N/A

PCP-NCS Prncs Pcncs Pmncs N/A N/A

PJ, the set of all papers in scholarly journals; PBS, the set of all papers in book series; PCP-CS, the set of all papers presented in 
conferences or similar gatherings related to computer science; PCP-NCS, the set of all papers presented in conferences or similar 
gatherings that are not related to computer science; N/A, not applicable.
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Note that W1 is not a disjoint union of seven sets. For 
example, the intersection Prcs ∩ B1 is not an empty set, 
since there are papers in conference proceedings related 
to computer science that are published in books of essays. 
Similarly, the set W3 is not a disjoint union of five sets.

For each k ∈ {1, … , 4}, we assign the rank k, called the 
prestige-type ranking, to the set Wk. We introduce a func-
tion ω : AP→ {1,3 , 1 , 1

4 2 4 } as follows: For every k ∈ {1, 2, 3, 4} 
and every x ∈ Wk, we define ω(x) by

ω(x) = (5 − k)/4. (2)

The number ω(x) is called the prestige-type score of x.

2.3. Feature 3 of the RE-index and the Quartile Score
Research quality is classified into three categories: 

cognitive quality, methodological quality, and esthetic 
quality (Moed et al., 1985). Papers in academic periodi-
cal publications with high SJR scores usually excel in at 
least one of these three categories. So, it is tempting to use 
the SJR score as a measure of research quality. But among 
many fields that encompass applied and pure subjects (like 
mathematics), there is a discrepancy in citation patterns 
between different subjects in any of these fields, with ap-
plied subjects or subjects that are closely linked to applied 
fields drawing more citations than pure subjects of the 
field. Such discrepancy could be reduced with the use of 
the SJR-induced quartile ranking, since, virtually in any 
field with applied and pure subjects, there are several Q1 
academic periodical publications which mainly publish 
articles in pure subjects of the field. (Another advantage 
of the quartile rankings is that they have lower prob-
abilities of variation from a year to the next than the SJR 
scores. This could make the evaluation of the RE-index 
less complicated over two successive years; see Section 3.) 
Quantifying research quality could be done through the 
introduction of a metric based on the quartile rankings of 
academic periodical publications. There is still a problem 
with this approach; it is the fact that the SJR score of an 
academic periodical publication J at a year t0 may be either 
undefined or unavailable. This could be because either J 
is (was) not indexed in Scopus at the year t0 (despite be-
ing possibly indexed in the database D), or J was indexed 
in Scopus at the year t0 but the SJR of J at the year t0 is no 
longer available. The problem could be tackled by intro-
ducing the notion of the most relevant SJR score of J to the 
year t0 (see Definition 3). If the SJR score of an academic 
periodical publication J indexed in Scopus at a year s is 
available, we denote this score by SJR(J, s).

Definition 3. Let t be the ranking year, and suppose 
that J is an academic periodical publication.

(i) Let T −(t) be the set of all years s such that s ≤ t, J 
was indexed in Scopus at the year s and SJR(J, s) is avail-
able. Assume that T −(t) is nonempty. The most relevant 
SJR score of J to the year t is defined to be SJR(J, t1), where 
t1 = max{s : s ∈ T −(t)}.

(ii) Let t0 be a year satisfying t0 < t, and suppose that J 
was operational at the year t0. Let T +(t0) be the set of all 
years s such that t0 ≤ s ≤ t, J was indexed in Scopus at the 
year s and SJR(J, s) is available. Assume that T +(t0) is non-
empty. The most relevant SJR score of J to the year t0 is 
defined to be SJR(J, t2), where t2 = min{s : s ∈ T +(t0)}. 

The definition of the most relevant quartile score of an 
academic periodical publication to a given year is given 
next.

Definition 4. Let t̂ be the ranking year, and let y be an 
arbitrary year satisfying y ≤ t̂. Denote by J(y) the set of 
all scholarly journals at the year y. Let JM(y) be the subset 
of J(y) consisting of multidisciplinary journals. For every 
field F, denote by J(F, y) the subset of J(y) consisting of 
journals specialized in the field F, that is, F is the main, 
dominant field of all papers published in any journal in 
J(F, y). Let F be the collection of all fields. It is clear that

Definition 4. Let t̂ be the ranking year, and let y be an arbitrary year satisfying y ≤ t̂. Denote by J(y) the set
of all scholarly journals at the year y. Let JM(y) be the subset of J(y) consisting of multidisciplinary journals.
For every field F, denote by J(F, y) the subset of J(y) consisting of journals specialized in the field F, that is, F
is the main, dominant field of all papers published in any journal in J(F, y). Let F be the collection of all fields.
It is clear that

J(y) = JM(y)
⋃

(

⋃

F∈F

J(F, y)

)

.

Define the partition Ω(J(y)) of J(y) by Ω(J(y)) = {JM (y)} ∪ {J(F, y) : F ∈ F}. Let t be a year satisfying t ≤ t̂,
and let J1(t) ∈ Ω(J(t)). Suppose that J ∈ J1(t). Assume that the most relevant SJR score of J to the year t can
be determined as explained in Definition 3; denote this score by SJR(J, s) for some year s. Suppose that, among
the SJR scores of the entities in J1(s), the score SJR(J, s) indicates that J is in quartile k for some k ∈ {1, 2, 3, 4}.
The most relevant quartile score of the journal J to the year t, denoted by q(J, t, s), is defined by

q(J, t, s) = (5 − k)/4. (3)

Formula (3) represents the methodology of quantifying research quality in journals. Similarly, we define the most
relevant quartile score of a book series, a conference proceeding or a trade journal to a given year. (The SCImago
Research Group does not provide the quartile ranking of a conference proceeding, but it could be determined
from the SJR scores.)

Remark 3. Let t0 be a year, and let J be an academic periodical publication with which the most relevant SJR
score of J to the year t0 can be determined. We will assume henceforth that the first time the most relevant SJR
score of J to the year t0 was calculated, say at a year t, would always represent the most relevant SJR score of J
to the year t0 at any subsequent year t′ of t.

2.4 Feature 4 of the RE-index and the Length Score
Research papers, case studies or methods can considerably vary in length. The length of any of these papers is

usually indicative of the number of results or their complexity (or both). Suppose that x1 and x2 are two papers
in the same field, and that they are of the same type and prestige-type score (see (1) and (2)). In addition, assume
that x1 and x2 appeared, respectively, in journals J1 and J2 with the same research quality (see (3)). Furthermore,
suppose that x1 is 3 pages long and that x2 is 30 pages long. It would not be fair to equate the effort in producing
x1, which probably lasted for few weeks, to the effort in producing x2, which probably lasted for a year or more.
Some may argue that papers, short, medium, or long appearing in a journal should be considered of equal value,
but such perception is not well-thought. This is because one main criterion for the appearance of a paper in a
given journal could be its quality rather than its length. Furthermore, papers of different quality or length could
appear in the same journal because different reviewers could have, for a variety of reasons, different standards.
As citation counts play a role in the derivation of the RE-index, it is natural to investigate the relation between
the length of a cited document and the number of citations it draws. In the field of medicine, a study (Falagas
et al., 2013) found that, with the exclusion of review articles, experimental studies, and meta analyses, longer
articles in five top ranking journals are cited more than shorter articles. The findings should not be surprising,
but the study did not deal with a larger sample of journals, and it is confined to the field of medicine. The whole
picture among all fields of human knowledge is different; there is a phenomenon, in which short papers could be
cited in some fields more than long papers with a great deal of substance. To elaborate, the author brings two
examples, including a personal one:
(1) Some top ranking journals (by any methodology), like Nature, severely restrict the number of pages for
papers published in the journals (in the case of Nature, the upper bound of five pages is usually given for papers
appearing in the journal). Such high ranking journals must attract large number of citations, regardless of the
methodology of ranking the journals. It is highly doubtful that significant research in some, and probably many,
fields could be given within a five page limit, taking into consideration the introductory and the references parts
in the papers. A substantial paper in mathematics would require much more than five pages to include essential
proofs, calculations, concepts or notions.
(2) Farid’s paper (1991) is one of only three relatively “light weight” papers, in terms of substance that the
author has. In contrast, the rest of the author’s papers are longer and most of them are substantial, including
Farid (1998). But the shorter, less significant paper has drawn more citations than the longer paper with more
substance!

The phenomenon described by the preceding two examples, which contradict the findings in (Falagas et al.,
2013), could be partially attributed to the methodologies used in many research performance indicators, as they

8

Define the partition Ω(J(y )) of J(y ) by Ω(J(y )) =  
{JM(y)} ∪ {J(F, y) : F ∈ F}. Let t be a year satisfying t ≤ t̂, and 
let J1(t) ∈ Ω(J(t)). Suppose that J ∈ J1(t). Assume that the 
most relevant SJR score of J to the year t can be determined 
as explained in Definition 3; denote this score by SJR(J, 
s) for some year s. Suppose that, among the SJR scores of 
the entities in J1(s), the score SJR(J, s) indicates that J is in 
quartile k for some k ∈ {1, 2, 3, 4}. The most relevant quar-
tile score of the journal J to the year t, denoted by q(J, t, s), 
is defined by

q(J, t, s) = (5 − k)/4. (3)

Formula (3) represents the methodology of quantifying 
research quality in journals. Similarly, we define the most 
relevant quartile score of a book series, a conference pro-
ceeding or a trade journal to a given year. (The SCImago 
Research Group does not provide the quartile ranking of 
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a conference proceeding, but it could be determined from 
the SJR scores.)

Remark 3. Let t0 be a year, and let J be an academic 
periodical publication with which the most relevant SJR 
score of J to the year t0 can be determined. We will assume 
henceforth that the first time the most relevant SJR score 
of J to the year t0 was calculated, say at a year t, would al-
ways represent the most relevant SJR score of J to the year 
t0 at any subsequent year t' of t.

2.4. Feature 4 of the RE-index and the Length Score
Research papers, case studies or methods can consid-

erably vary in length. The length of any of these papers is 
usually indicative of the number of results or their com-
plexity (or both). Suppose that x1 and x2 are two papers 
in the same field, and that they are of the same type and 
prestige-type score (see (1) and (2)). In addition, assume 
that x1 and x2 appeared, respectively, in journals J1 and 
J2 with the same research quality (see (3)). Furthermore, 
suppose that x1 is 3 pages long and that x2 is 30 pages long. 
It would not be fair to equate the effort in producing x1, 
which probably lasted for few weeks, to the effort in pro-
ducing x2, which probably lasted for a year or more. Some 
may argue that papers, short, medium, or long appearing 
in a journal should be considered of equal value, but such 
perception is not well-thought. This is because one main 
criterion for the appearance of a paper in a given journal 
could be its quality rather than its length. Furthermore, 
papers of different quality or length could appear in the 
same journal because different reviewers could have, for a 
variety of reasons, different standards. As citation counts 
play a role in the derivation of the RE-index, it is natural 
to investigate the relation between the length of a cited 
document and the number of citations it draws. In the 
field of medicine, a study (Falagas et al., 2013) found that, 
with the exclusion of review articles, experimental stud-
ies, and meta analyses, longer articles in five top ranking 
journals are cited more than shorter articles. The findings 
should not be surprising, but the study did not deal with 
a larger sample of journals, and it is confined to the field 
of medicine. The whole picture among all fields of human 
knowledge is different; there is a phenomenon, in which 
short papers could be cited in some fields more than long 
papers with a great deal of substance. To elaborate, the au-
thor brings two examples, including a personal one:

(1) Some top ranking journals (by any methodology), 
like Nature, severely restrict the number of pages for pa-
pers published in the journals (in the case of Nature, the 

upper bound of five pages is usually given for papers ap-
pearing in the journal). Such high ranking journals must 
attract large number of citations, regardless of the meth-
odology of ranking the journals. It is highly doubtful that 
significant research in some, and probably many, fields 
could be given within a five page limit, taking into con-
sideration the introductory and the references parts in the 
papers. A substantial paper in mathematics would require 
much more than five pages to include essential proofs, 
calculations, concepts or notions.

(2) Farid’s paper (1991) is one of only three relatively 
“light weight” papers, in terms of substance that the author 
has. In contrast, the rest of the author’s papers are longer 
and most of them are substantial, including Farid (1998). 
But the shorter, less significant paper has drawn more ci-
tations than the longer paper with more substance!

The phenomenon described by the preceding two ex-
amples, which contradict the findings in (Falagas et al., 
2013), could be partially attributed to the methodologies 
used in many research performance indicators, as they do 
not reward the hard, serious research work done in long 
papers, and this may reduce the incentives for some read-
ers to spend many hours reading and understanding such 
long papers. So, some substantial papers in some fields, 
like mathematics, could be ignored. The RE-index tries to 
re-invigorate interest in longer papers by considering the 
articles’ length in determining their value scores.

The foregoing discussion stipulates the inclusion of 
documents length in the determination of their values and 
the values of the citations they receive. For every x ∈ AP 
(see Definition 2), we denote the number of pages of x 
by l(x). If x is a book, it is highly likely that l(x) ≥ 30. The 
author conducted a survey of articles’ length in several 
fields to determine what suitable bounds could be set for 
articles’ length. Based on the survey, a partition of AP into 
four sets in terms of documents length is given as follows:

do not reward the hard, serious research work done in long papers, and this may reduce the incentives for some
readers to spend many hours reading and understanding such long papers. So, some substantial papers in some
fields, like mathematics, could be ignored. The RE-index tries to re-invigorate interest in longer papers by
considering the articles’ length in determining their value scores.

The foregoing discussion stipulates the inclusion of documents length in the determination of their values and
the values of the citations they receive. For every x ∈ AP (see Definition 2), we denote the number of pages of
x by �(x). If x is a book, it is highly likely that �(x) ≥ 30. The author conducted a survey of articles’ length in
several fields to determine what suitable bounds could be set for articles’ length. Based on the survey, a partition
of AP into four sets in terms of documents length is given as follows:

N1 = {x ∈ AP : �(x) ≥ 30}, Ni = {x ∈ AP : 40 − 10i ≤ �(x) < 50 − 10i}, i = 2, 3, N4 = {x ∈ AP : �(x) < 10}.
(4)

A score for academic publications that is based on the partition (4) of AP is given next.

Definition 5. Define a function ν : AP −→ {1, 3
4 , 1

2 , 1
4} as follows: For every k ∈ {1, 2, 3, 4} and every x ∈ Nk,

we define ν(x) by
ν(x) = (5 − k)/4. (5)

The number ν(x) is called the length score of x.

2.5 Feature 5 of the RE-index and the Value Score for an Academic Publication

Definition 6. (i) Suppose that x is a paper that was published in an academic periodical publication J at a
year t. In addition, assume that the most relevant SJR score of J to the year t can be determined; denote it by
SJR(J, t, s) for some year s. The value score of x, denoted by VS(x), is the arithmetic mean of the prestige-type
score ω(x) of x, the length score ν(x) of x and the quartile score q(J, t, s). This is shown from the following
diagram:







ω(x) ↘
ν(x) →

q(J, t, s) ↗
sum → arithmetic mean = VS(x) .

So,
VS(x) = [ω(x) + ν(x) + q(J, t, s)]/3. (6)

Dividing ω(x)+ ν(x)+ q(J, t, s) in (6) by 3 is for normalization. Remark 3 explains why V (x) was not associated
with time.
(ii) Suppose that y ∈ AP (see Definition 2) and that y has an undefined or unavailable most relevant SJR score.
The value score of y, denoted by VS(y), is the arithmetic mean of ω(y) and ν(y), that is,

VS(y) = [ω(y) + ν(y)]/2. (7)

Note that in item (ii), y is usually different from a paper. But in few cases, it could be a paper; for example,
y could be a conference paper that appeared in a book, which is indexed by the Library of Congress but not
indexed by Scopus.

The logic behind the mathematical set-up of formula (6) is given in Remark 4. A similar reasoning could be
given for formula (7). Note that two papers are compared if they are either in the same field or interdisciplinary
articles with the same fields covered. The remark focuses on the case of two papers in the same field. The other
case is similarly discussed.

Remark 4. Let x1 and x2 be two papers in the same field F, and let m ∈ {1, 2}. Assume that xm appeared in
the academic periodical publication Jm at the year tm, and that the most relevant SJR score of Jm to the year
tm is well-defined, and it indicates that Jm is in quartile km for some km ∈ {1, . . . , 4}. Furthermore, assume that
xm ∈ Wim

∩ Njm
for some im, jm ∈ {1, . . . , 4} (see (1) and (3)). The triple (im, jm, km) is called the identifying

triple of xm. (To the author’s best knowledge, there are no letters that are 10 pages long or more. So, the
total number of all possible identifying triples of a paper is 52 rather than 64.) Formula (6) is made so that if
i1 + j1 + k1 = i2 + j2 + k2, then VS(x1) = VS(x2). So, for example, papers x1 and x2 with the following data
have the same value scores:
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do not reward the hard, serious research work done in long papers, and this may reduce the incentives for some
readers to spend many hours reading and understanding such long papers. So, some substantial papers in some
fields, like mathematics, could be ignored. The RE-index tries to re-invigorate interest in longer papers by
considering the articles’ length in determining their value scores.

The foregoing discussion stipulates the inclusion of documents length in the determination of their values and
the values of the citations they receive. For every x ∈ AP (see Definition 2), we denote the number of pages of
x by �(x). If x is a book, it is highly likely that �(x) ≥ 30. The author conducted a survey of articles’ length in
several fields to determine what suitable bounds could be set for articles’ length. Based on the survey, a partition
of AP into four sets in terms of documents length is given as follows:

N1 = {x ∈ AP : �(x) ≥ 30}, Ni = {x ∈ AP : 40 − 10i ≤ �(x) < 50 − 10i}, i = 2, 3, N4 = {x ∈ AP : �(x) < 10}.
(4)

A score for academic publications that is based on the partition (4) of AP is given next.

Definition 5. Define a function ν : AP −→ {1, 3
4 , 1

2 , 1
4} as follows: For every k ∈ {1, 2, 3, 4} and every x ∈ Nk,

we define ν(x) by
ν(x) = (5 − k)/4. (5)

The number ν(x) is called the length score of x.

2.5 Feature 5 of the RE-index and the Value Score for an Academic Publication

Definition 6. (i) Suppose that x is a paper that was published in an academic periodical publication J at a
year t. In addition, assume that the most relevant SJR score of J to the year t can be determined; denote it by
SJR(J, t, s) for some year s. The value score of x, denoted by VS(x), is the arithmetic mean of the prestige-type
score ω(x) of x, the length score ν(x) of x and the quartile score q(J, t, s). This is shown from the following
diagram:







ω(x) ↘
ν(x) →

q(J, t, s) ↗
sum → arithmetic mean = VS(x) .

So,
VS(x) = [ω(x) + ν(x) + q(J, t, s)]/3. (6)

Dividing ω(x)+ ν(x)+ q(J, t, s) in (6) by 3 is for normalization. Remark 3 explains why V (x) was not associated
with time.
(ii) Suppose that y ∈ AP (see Definition 2) and that y has an undefined or unavailable most relevant SJR score.
The value score of y, denoted by VS(y), is the arithmetic mean of ω(y) and ν(y), that is,

VS(y) = [ω(y) + ν(y)]/2. (7)

Note that in item (ii), y is usually different from a paper. But in few cases, it could be a paper; for example,
y could be a conference paper that appeared in a book, which is indexed by the Library of Congress but not
indexed by Scopus.
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given for formula (7). Note that two papers are compared if they are either in the same field or interdisciplinary
articles with the same fields covered. The remark focuses on the case of two papers in the same field. The other
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the academic periodical publication Jm at the year tm, and that the most relevant SJR score of Jm to the year
tm is well-defined, and it indicates that Jm is in quartile km for some km ∈ {1, . . . , 4}. Furthermore, assume that
xm ∈ Wim

∩ Njm
for some im, jm ∈ {1, . . . , 4} (see (1) and (3)). The triple (im, jm, km) is called the identifying

triple of xm. (To the author’s best knowledge, there are no letters that are 10 pages long or more. So, the
total number of all possible identifying triples of a paper is 52 rather than 64.) Formula (6) is made so that if
i1 + j1 + k1 = i2 + j2 + k2, then VS(x1) = VS(x2). So, for example, papers x1 and x2 with the following data
have the same value scores:
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The foregoing discussion stipulates the inclusion of documents length in the determination of their values and
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VS(x) = [ω(x) + ν(x) + q(J, t, s)]/3. (6)

Dividing ω(x)+ ν(x)+ q(J, t, s) in (6) by 3 is for normalization. Remark 3 explains why V (x) was not associated
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(ii) Suppose that y ∈ AP (see Definition 2) and that y has an undefined or unavailable most relevant SJR score.
The value score of y, denoted by VS(y), is the arithmetic mean of ω(y) and ν(y), that is,
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Note that in item (ii), y is usually different from a paper. But in few cases, it could be a paper; for example,
y could be a conference paper that appeared in a book, which is indexed by the Library of Congress but not
indexed by Scopus.

The logic behind the mathematical set-up of formula (6) is given in Remark 4. A similar reasoning could be
given for formula (7). Note that two papers are compared if they are either in the same field or interdisciplinary
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case is similarly discussed.
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the academic periodical publication Jm at the year tm, and that the most relevant SJR score of Jm to the year
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(4)

A score for academic publications that is based on the 
partition (4) of AP is given next.

Definition 5. Define a function v : AP → {1,3 , 1 , 1
4 2 4 } as 

follows: For every k ∈ {1, 2, 3, 4} and every x ∈ Nk, we de-
fine v(x) by

v(x) = (5 − k)/4. (5)
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The number v(x) is called the length score of x. 

2.5. Feature 5 of the RE-index and the Value Score for 
an Academic Publication 

Definition 6. (i) Suppose that x is a paper that was 
published in an academic periodical publication J at a year 
t. In addition, assume that the most relevant SJR score of J 
to the year t can be determined; denote it by SJR(J, t, s) for 
some year s. The value score of x, denoted by VS(x), is the 
arithmetic mean of the prestige-type score ω(x) of x, the 
length score v(x) of x and the quartile score q(J, t, s). This 
is shown from the following diagram:

do not reward the hard, serious research work done in long papers, and this may reduce the incentives for some
readers to spend many hours reading and understanding such long papers. So, some substantial papers in some
fields, like mathematics, could be ignored. The RE-index tries to re-invigorate interest in longer papers by
considering the articles’ length in determining their value scores.

The foregoing discussion stipulates the inclusion of documents length in the determination of their values and
the values of the citations they receive. For every x ∈ AP (see Definition 2), we denote the number of pages of
x by �(x). If x is a book, it is highly likely that �(x) ≥ 30. The author conducted a survey of articles’ length in
several fields to determine what suitable bounds could be set for articles’ length. Based on the survey, a partition
of AP into four sets in terms of documents length is given as follows:

N1 = {x ∈ AP : �(x) ≥ 30}, Ni = {x ∈ AP : 40 − 10i ≤ �(x) < 50 − 10i}, i = 2, 3, N4 = {x ∈ AP : �(x) < 10}.
(4)

A score for academic publications that is based on the partition (4) of AP is given next.

Definition 5. Define a function ν : AP −→ {1, 3
4 , 1

2 , 1
4} as follows: For every k ∈ {1, 2, 3, 4} and every x ∈ Nk,

we define ν(x) by
ν(x) = (5 − k)/4. (5)

The number ν(x) is called the length score of x.

2.5 Feature 5 of the RE-index and the Value Score for an Academic Publication

Definition 6. (i) Suppose that x is a paper that was published in an academic periodical publication J at a
year t. In addition, assume that the most relevant SJR score of J to the year t can be determined; denote it by
SJR(J, t, s) for some year s. The value score of x, denoted by VS(x), is the arithmetic mean of the prestige-type
score ω(x) of x, the length score ν(x) of x and the quartile score q(J, t, s). This is shown from the following
diagram:







ω(x) ↘
ν(x) →

q(J, t, s) ↗
sum → arithmetic mean = VS(x) .

So,
VS(x) = [ω(x) + ν(x) + q(J, t, s)]/3. (6)

Dividing ω(x)+ ν(x)+ q(J, t, s) in (6) by 3 is for normalization. Remark 3 explains why V (x) was not associated
with time.
(ii) Suppose that y ∈ AP (see Definition 2) and that y has an undefined or unavailable most relevant SJR score.
The value score of y, denoted by VS(y), is the arithmetic mean of ω(y) and ν(y), that is,

VS(y) = [ω(y) + ν(y)]/2. (7)

Note that in item (ii), y is usually different from a paper. But in few cases, it could be a paper; for example,
y could be a conference paper that appeared in a book, which is indexed by the Library of Congress but not
indexed by Scopus.

The logic behind the mathematical set-up of formula (6) is given in Remark 4. A similar reasoning could be
given for formula (7). Note that two papers are compared if they are either in the same field or interdisciplinary
articles with the same fields covered. The remark focuses on the case of two papers in the same field. The other
case is similarly discussed.

Remark 4. Let x1 and x2 be two papers in the same field F, and let m ∈ {1, 2}. Assume that xm appeared in
the academic periodical publication Jm at the year tm, and that the most relevant SJR score of Jm to the year
tm is well-defined, and it indicates that Jm is in quartile km for some km ∈ {1, . . . , 4}. Furthermore, assume that
xm ∈ Wim

∩ Njm
for some im, jm ∈ {1, . . . , 4} (see (1) and (3)). The triple (im, jm, km) is called the identifying

triple of xm. (To the author’s best knowledge, there are no letters that are 10 pages long or more. So, the
total number of all possible identifying triples of a paper is 52 rather than 64.) Formula (6) is made so that if
i1 + j1 + k1 = i2 + j2 + k2, then VS(x1) = VS(x2). So, for example, papers x1 and x2 with the following data
have the same value scores:
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So,

VS(x) = [ω(x) + v(x) + q(J, t, s)]/3. (6)

Dividing ω(x) + v(x) + q(J, t, s) in (6) by 3 is for normaliza-
tion. Remark 3 explains why V(x) was not associated with 
time.

(ii) Suppose that y ∈ AP (see Definition 2) and that y 
has an undefined or unavailable most relevant SJR score. 
The value score of y, denoted by VS(y), is the arithmetic 
mean of ω(y) and v(y), that is,

VS(y) = [ω(y) + v(y)]/2. (7)

Note that in item (ii), y is usually different from a paper. 
But in few cases, it could be a paper; for example, y could 
be a conference paper that appeared in a book, which is 
indexed by the Library of Congress but not indexed by 
Scopus.

The logic behind the mathematical set-up of formula 
(6) is given in Remark 4. A similar reasoning could be 
given for formula (7). Note that two papers are compared 
if they are either in the same field or interdisciplinary ar-
ticles with the same fields covered. The remark focuses on 
the case of two papers in the same field. The other case is 
similarly discussed.

Remark 4. Let x1 and x2 be two papers in the same field F, 
and let m ∈ {1, 2}. Assume that xm appeared in the academic 
periodical publication Jm at the year tm, and that the most 
relevant SJR score of Jm to the year tm is well-defined, and it 
indicates that Jm is in quartile km for some km ∈ {1, … , 4}. Fur-

thermore, assume that xm ∈ Wim ∩ Njm for some im, jm ∈ {1, 
… , 4} (see (1) and (3)). The triple (im, jm, km) is called the iden-
tifying triple of xm. (To the author’s best knowledge, there are 
no letters that are 10 pages long or more. So, the total number 
of all possible identifying triples of a paper is 52 rather than 
64.) Formula (6) is made so that if i1 + j1 + k1 = i2 + j2 + k2, then 
VS(x1) = VS(x2). So, for example, papers x1 and x2 with the fol-
lowing data have the same value scores:

• x1 is a research paper, presented in a conference not 
related to computer science, and it appeared in a 
special edition of a journal of quartile 3. The length 
l(x1) of x1 satisfies 10 ≤ l(x1) < 20.

• x2 is a review paper that appeared in a journal of quar-
tile 4, and the length l(x2) of x2 satisfies 10 ≤ l(x2) < 
20.

2.6. Feature 6 of the RE-index, Research Impact and 
the Citation Score

It is essential to derive a metric that would provide a 
value for each citation. Otherwise, it is possible to see two 
researchers of different stature in the same field with iden-
tical h or g indices. An extreme type scenario is described 
as follows: Researchers X1 and X2 work in the same field, 
they only publish papers, and they have the same number 
of publications and citations, and when publications for 
both researchers are ordered in a non-increasing order 
in terms of citations, the two researchers have identi-
cal publications-citations charts. However, researcher 
X1 publishes in Q1 journals and his/her publications are 
cited in Q1 journals, while researcher X2 publishes in Q4 
journals and his/her publications are cited in Q4 journals. 
(The preceding example could occur but cannot happen 
frequently since the quartile score based on the SJR scores 
still depends to a considerable extent on citations counts. 
But less extreme examples could happen more frequently.)

Originally, the research impact of an article was iden-
tified by the number of citations it receives. But, as in-
dicated in the Introduction, citation counts are marred 
with several disadvantages. A possible improvement of 
identifying research impact is to use weighted citations. 
This stems from the fact that citing articles appear in jour-
nals of different stature and could have different citation 
patterns. There are two well-known schools of thought in 
regard to the use of weighted citations: They are “the cit-
ing article impact” (Giuffrida et al., 2019) and “the citing 
journal ranking” (Davis, 2008; Yan & Ding, 2010). The 
two approaches have their merits and drawbacks. The first 
approach is supported by the fact that among many jour-
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nals, a small percentage of articles in any of these journals 
contributes to most citations received by the journal; see 
Callaway (2016). However, defining the citing article im-
pact by the citation counts it receives, or a variant of it, 
does not necessarily indicate a high academic significance; 
for example, the citing article could be a review paper 
drawing many citations, a paper that drew many negative 
citations (if such citations are counted) or an article that 
was published in an average journal and was mainly cited 
by papers in similarly average journals. These disadvan-
tages may prompt the adoption of the citing journal rank-
ing approach as a more appropriate choice for evaluating 
research impact. But a high ranking of the citing journal, 
based on citation counts, could have been influenced by 
articles in applied subjects or review articles, or by exces-
sive journal self-citation. Using a different citation-based 
methodology in ranking journals, such as the Eigenfactor 
methodology, may not necessarily lead to very different 
findings. Davis (2008) deduced that, among 171 journals 
in medicine, a journal ranking based on the Eigenfactor 
yields very little differences from a journal ranking based 
on citation counts.

The methodology we use in evaluating research impact 
has profound differences from the two foregoing meth-
odologies (see Definition 7). The value of a citation that a 
cited document x receives is derived from the value scores 
of the citing document and that of x. As indicated in Sec-
tion 1, only nonnegative citations are counted.

Definition 7. Let t be a given year. Suppose that X is a 
researcher with respect to the dataset D(t) (see Definition 
1). We denote by AP(X, t) the set of all x ∈ D(t) such that 
researcher X is an author of x. Let x ∈ AP(X, t). The set of 
all y ∈ D(t) such that y recorded a nonnegative citation of 
x is denoted by C+(x, t). We denote by C−(x, t) the set of all 
z ∈ C+(x, t) such that X is not an author of z. The citation 
score of x at the year t, denoted by CS(x, t), is defined by

• x1 is a research paper, presented in a conference not related to computer science, and it appeared in a special
edition of a journal of quartile 3. The length �(x1) of x1 satisfies 10 ≤ �(x1) < 20.
• x2 is a review paper that appeared in a journal of quartile 4, and the length �(x2) of x2 satisfies 10 ≤ �(x2) < 20.

2.6 Feature 6 of the RE-index, Research Impact and the Citation Score
It is essential to derive a metric that would provide a value for each citation. Otherwise, it is possible to see

two researchers of different stature in the same field with identical h or g indices. An extreme type scenario is
described as follows: Researchers X1 and X2 work in the same field, they only publish papers, and they have
the same number of publications and citations, and when publications for both researchers are ordered in a non-
increasing order in terms of citations, the two researchers have identical publications-citations charts. However,
researcher X1 publishes in Q1 journals and his/her publications are cited in Q1 journals, while researcher X2

publishes in Q4 journals and his/her publications are cited in Q4 journals. (The preceding example could occur
but cannot happen frequently since the quartile score based on the SJR scores still depends to a considerable
extent on citations counts. But less extreme examples could happen more frequently.)

Originally, the research impact of an article was identified by the number of citations it receives. But, as
indicated in the Introduction, citation counts are marred with several disadvantages. A possible improvement
of identifying research impact is to use weighted citations. This stems from the fact that citing articles appear
in journals of different stature and could have different citation patterns. There are two well-known schools of
thought in regard to the use of weighted citations: They are “the citing article impact” (Giuffrida et al., 2019)
and “the citing journal ranking” (Davis, 2008; Yan & Ding, 2010). The two approaches have their merits and
drawbacks. The first approach is supported by the fact that among many journals, a small percentage of articles
in any of these journals contributes to most citations received by the journal; see Callaway (2016). However,
defining the citing article impact by the citation counts it receives, or a variant of it, does not necessarily indicate
a high academic significance; for example, the citing article could be a review paper drawing many citations, a
paper that drew many negative citations (if such citations are counted) or an article that was published in an
average journal and was mainly cited by papers in similarly average journals. These disadvantages may prompt
the adoption of the citing journal ranking approach as a more appropriate choice for evaluating research impact.
But a high ranking of the citing journal, based on citation counts, could have been influenced by articles in applied
subjects or review articles, or by excessive journal self-citation. Using a different citation-based methodology in
ranking journals, such as the Eigenfactor methodology, may not necessarily lead to very different findings. Davis
(2008) deduced that, among 171 journals in medicine, a journal ranking based on the Eigenfactor yields very little
differences from a journal ranking based on citation counts.

The methodology we use in evaluating research impact has profound differences from the two foregoing method-
ologies (see Definition 7). The value of a citation that a cited document x receives is derived from the value scores
of the citing document and that of x. As indicated in Section 1, only nonnegative citations are counted.

Definition 7. Let t be a given year. Suppose that X is a researcher with respect to the dataset D(t) (see
Definition 1). We denote by AP(X, t) the set of all x ∈ D(t) such that researcher X is an author of x. Let
x ∈ AP(X, t). The set of all y ∈ D(t) such that y recorded a nonnegative citation of x is denoted by C+(x, t).
We denote by C−(x, t) the set of all z ∈ C+(x, t) such that X is not an author of z. The citation score of x at the
year t, denoted by CS(x, t), is defined by

CS(x, t) = VS(x)
∑

y ∈C+(x,t)

VS(y). (8)

Also, the citation score, excluding self-citations, of x at the year t, denoted by CSesc(x, t), is defined by

CSesc(x, t) = VS(x)
∑

z ∈C−(x,t)

VS(z). (9)

The reasoning for the set-up of (8) is given next. A similar argument is made for (9).

Remark 5. The inclusion of VS(x) in (8) is to tackle the problem of x getting many citations despite not having
a high value score. Such problem may arise if x is a review paper, a short paper with catchy phrases that
attracted many citations, or is published and highly cited in journals with low SJR scores. For each y ∈ C+(x, t),
the product VS(x)VS(y) could be viewed as the adjusted value score of VS(y). Also, formula (8) satisfies the
following condition:

m > 1 =⇒ CS(x, t) > (VS(x)) (VS(y)) for every y ∈ C+(x, t).
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(8)

Also, the citation score, excluding self-citations, of x at the 
year t, denoted by CSesc(x, t), is defined by

• x1 is a research paper, presented in a conference not related to computer science, and it appeared in a special
edition of a journal of quartile 3. The length �(x1) of x1 satisfies 10 ≤ �(x1) < 20.
• x2 is a review paper that appeared in a journal of quartile 4, and the length �(x2) of x2 satisfies 10 ≤ �(x2) < 20.

2.6 Feature 6 of the RE-index, Research Impact and the Citation Score
It is essential to derive a metric that would provide a value for each citation. Otherwise, it is possible to see

two researchers of different stature in the same field with identical h or g indices. An extreme type scenario is
described as follows: Researchers X1 and X2 work in the same field, they only publish papers, and they have
the same number of publications and citations, and when publications for both researchers are ordered in a non-
increasing order in terms of citations, the two researchers have identical publications-citations charts. However,
researcher X1 publishes in Q1 journals and his/her publications are cited in Q1 journals, while researcher X2

publishes in Q4 journals and his/her publications are cited in Q4 journals. (The preceding example could occur
but cannot happen frequently since the quartile score based on the SJR scores still depends to a considerable
extent on citations counts. But less extreme examples could happen more frequently.)

Originally, the research impact of an article was identified by the number of citations it receives. But, as
indicated in the Introduction, citation counts are marred with several disadvantages. A possible improvement
of identifying research impact is to use weighted citations. This stems from the fact that citing articles appear
in journals of different stature and could have different citation patterns. There are two well-known schools of
thought in regard to the use of weighted citations: They are “the citing article impact” (Giuffrida et al., 2019)
and “the citing journal ranking” (Davis, 2008; Yan & Ding, 2010). The two approaches have their merits and
drawbacks. The first approach is supported by the fact that among many journals, a small percentage of articles
in any of these journals contributes to most citations received by the journal; see Callaway (2016). However,
defining the citing article impact by the citation counts it receives, or a variant of it, does not necessarily indicate
a high academic significance; for example, the citing article could be a review paper drawing many citations, a
paper that drew many negative citations (if such citations are counted) or an article that was published in an
average journal and was mainly cited by papers in similarly average journals. These disadvantages may prompt
the adoption of the citing journal ranking approach as a more appropriate choice for evaluating research impact.
But a high ranking of the citing journal, based on citation counts, could have been influenced by articles in applied
subjects or review articles, or by excessive journal self-citation. Using a different citation-based methodology in
ranking journals, such as the Eigenfactor methodology, may not necessarily lead to very different findings. Davis
(2008) deduced that, among 171 journals in medicine, a journal ranking based on the Eigenfactor yields very little
differences from a journal ranking based on citation counts.

The methodology we use in evaluating research impact has profound differences from the two foregoing method-
ologies (see Definition 7). The value of a citation that a cited document x receives is derived from the value scores
of the citing document and that of x. As indicated in Section 1, only nonnegative citations are counted.

Definition 7. Let t be a given year. Suppose that X is a researcher with respect to the dataset D(t) (see
Definition 1). We denote by AP(X, t) the set of all x ∈ D(t) such that researcher X is an author of x. Let
x ∈ AP(X, t). The set of all y ∈ D(t) such that y recorded a nonnegative citation of x is denoted by C+(x, t).
We denote by C−(x, t) the set of all z ∈ C+(x, t) such that X is not an author of z. The citation score of x at the
year t, denoted by CS(x, t), is defined by

CS(x, t) = VS(x)
∑

y ∈C+(x,t)

VS(y). (8)

Also, the citation score, excluding self-citations, of x at the year t, denoted by CSesc(x, t), is defined by

CSesc(x, t) = VS(x)
∑

z ∈C−(x,t)

VS(z). (9)

The reasoning for the set-up of (8) is given next. A similar argument is made for (9).

Remark 5. The inclusion of VS(x) in (8) is to tackle the problem of x getting many citations despite not having
a high value score. Such problem may arise if x is a review paper, a short paper with catchy phrases that
attracted many citations, or is published and highly cited in journals with low SJR scores. For each y ∈ C+(x, t),
the product VS(x)VS(y) could be viewed as the adjusted value score of VS(y). Also, formula (8) satisfies the
following condition:

m > 1 =⇒ CS(x, t) > (VS(x)) (VS(y)) for every y ∈ C+(x, t).
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(9)

The reasoning for the set-up of (8) is given next. A 
similar argument is made for (9).

Remark 5. The inclusion of VS(x) in (8) is to tackle the 
problem of x getting many citations despite not having a 
high value score. Such problem may arise if x is a review 
paper, a short paper with catchy phrases that attracted 
many citations, or is published and highly cited in journals 
with low SJR scores. For each y ∈ C+(x, t), the product 
VS(x) VS(y) could be viewed as the adjusted value score of 
VS(y). Also, formula (8) satisfies the following condition:

• x1 is a research paper, presented in a conference not related to computer science, and it appeared in a special
edition of a journal of quartile 3. The length �(x1) of x1 satisfies 10 ≤ �(x1) < 20.
• x2 is a review paper that appeared in a journal of quartile 4, and the length �(x2) of x2 satisfies 10 ≤ �(x2) < 20.

2.6 Feature 6 of the RE-index, Research Impact and the Citation Score
It is essential to derive a metric that would provide a value for each citation. Otherwise, it is possible to see

two researchers of different stature in the same field with identical h or g indices. An extreme type scenario is
described as follows: Researchers X1 and X2 work in the same field, they only publish papers, and they have
the same number of publications and citations, and when publications for both researchers are ordered in a non-
increasing order in terms of citations, the two researchers have identical publications-citations charts. However,
researcher X1 publishes in Q1 journals and his/her publications are cited in Q1 journals, while researcher X2

publishes in Q4 journals and his/her publications are cited in Q4 journals. (The preceding example could occur
but cannot happen frequently since the quartile score based on the SJR scores still depends to a considerable
extent on citations counts. But less extreme examples could happen more frequently.)

Originally, the research impact of an article was identified by the number of citations it receives. But, as
indicated in the Introduction, citation counts are marred with several disadvantages. A possible improvement
of identifying research impact is to use weighted citations. This stems from the fact that citing articles appear
in journals of different stature and could have different citation patterns. There are two well-known schools of
thought in regard to the use of weighted citations: They are “the citing article impact” (Giuffrida et al., 2019)
and “the citing journal ranking” (Davis, 2008; Yan & Ding, 2010). The two approaches have their merits and
drawbacks. The first approach is supported by the fact that among many journals, a small percentage of articles
in any of these journals contributes to most citations received by the journal; see Callaway (2016). However,
defining the citing article impact by the citation counts it receives, or a variant of it, does not necessarily indicate
a high academic significance; for example, the citing article could be a review paper drawing many citations, a
paper that drew many negative citations (if such citations are counted) or an article that was published in an
average journal and was mainly cited by papers in similarly average journals. These disadvantages may prompt
the adoption of the citing journal ranking approach as a more appropriate choice for evaluating research impact.
But a high ranking of the citing journal, based on citation counts, could have been influenced by articles in applied
subjects or review articles, or by excessive journal self-citation. Using a different citation-based methodology in
ranking journals, such as the Eigenfactor methodology, may not necessarily lead to very different findings. Davis
(2008) deduced that, among 171 journals in medicine, a journal ranking based on the Eigenfactor yields very little
differences from a journal ranking based on citation counts.

The methodology we use in evaluating research impact has profound differences from the two foregoing method-
ologies (see Definition 7). The value of a citation that a cited document x receives is derived from the value scores
of the citing document and that of x. As indicated in Section 1, only nonnegative citations are counted.

Definition 7. Let t be a given year. Suppose that X is a researcher with respect to the dataset D(t) (see
Definition 1). We denote by AP(X, t) the set of all x ∈ D(t) such that researcher X is an author of x. Let
x ∈ AP(X, t). The set of all y ∈ D(t) such that y recorded a nonnegative citation of x is denoted by C+(x, t).
We denote by C−(x, t) the set of all z ∈ C+(x, t) such that X is not an author of z. The citation score of x at the
year t, denoted by CS(x, t), is defined by

CS(x, t) = VS(x)
∑

y ∈C+(x,t)

VS(y). (8)

Also, the citation score, excluding self-citations, of x at the year t, denoted by CSesc(x, t), is defined by

CSesc(x, t) = VS(x)
∑

z ∈C−(x,t)

VS(z). (9)

The reasoning for the set-up of (8) is given next. A similar argument is made for (9).

Remark 5. The inclusion of VS(x) in (8) is to tackle the problem of x getting many citations despite not having
a high value score. Such problem may arise if x is a review paper, a short paper with catchy phrases that
attracted many citations, or is published and highly cited in journals with low SJR scores. For each y ∈ C+(x, t),
the product VS(x)VS(y) could be viewed as the adjusted value score of VS(y). Also, formula (8) satisfies the
following condition:

m > 1 =⇒ CS(x, t) > (VS(x)) (VS(y)) for every y ∈ C+(x, t).

10So, the use of addition is a suitable choice for an elemen-
tary operation representing the citation value of x at the 
year t. Defining CS(x, t) by a product of the terms VS(x) 
and VS(y), y ∈ C+(x, t), or a variant of it, is not a suitable 
choice. Such formulation could make CS(x, t) less than the 
adjusted value score of at least one of y ∈ C+(x, t) by virtue 
of the fact that VS(x) and VS(y) could be both in (0, 1); see 
(6) and (7). (Even if we did not normalize the value score 
of an academic publication, its value score could still be 
less than 1.) Divisions or subtractions of the terms VS(x) 
and VS(y), y ∈ C+(x, t), are inappropriate operations to 
define CS(x, t).

2.7. Feature 7 of the RE-index
The inclusion of co-authorship in research assessment 

is essential for academic integrity. To explain this, let us 
consider the following example: Assume that x and y are 
two research papers in the same field. The two papers 
have the same bounds for articles length (see (3)) and ap-
peared in journals with the same quartile ranking, but x is 
a 1-author paper while y has four authors. Although the 
two papers may be considered, with the use of a metric, 
to be of equal value, it would be a travesty of justice to as-
sign the same credit to the author of x and each author of 
y. The set of 1-author articles is becoming more distinct. 
Waltman (2012) indicated that 89% of all publications 
indexed in the WOS in the year 2011 were joint publica-
tions. In mathematics and statistics, Grossman (2005) 
showed that back in the 1940’s, 1-author papers accounted 
for nearly 90% of all research papers in Mathematics and 
Statistics and that the percentage dropped to around 60% 
in the 1990’s. I conducted a 2017 survey of 25 journals in 
“mathematics & statistics” from all four journal quartile 
scores (based on the 2016 SJR), with a total of 3,127 papers 
surveyed. The survey seems to indicate that the dwindling 
trend of the percentage of 1-author research papers is con-
tinuing unabated.

Our methodology to address co-authorship is to as-
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sume equal contributions from all authors in a joint 
academic publication, and thus we distribute the credit 
of publication equally among the authors of the joint 
academic publication. This assumption may not always 
represent the actual contributions of the authors, but, 
due to the complexity of the interrelation that may exist 
between all or some of the authors in a joint paper, it may 
be difficult or even impossible to get credible information 
about the actual contribution of each author. Having said 
that, we believe that the proposed assumption of equal 
contributions from all authors reduces the unfairness that 
results from discounting the aspect of co-authorship al-
together in research assessment. Some scholarly journals 
require authors of joint publications to declare individual 
contributions. This is supposed to remedy the problem of 
determining the actual contribution of each author, but 
there is no guarantee that such declarations are accurate, 
and journals may never be able to verify the accuracy of 
such declarations. Vavryčuk (2018) introduced a com-
bined weighted counting scheme for the contributions of 
authors in joint papers. The scheme provides the seeming-
ly sensible suggestion of giving a bonus to the correspond-
ing author if the authors are listed in alphabetical order. 
However, there are situations where the corresponding 
author changed after the paper was accepted for publica-
tion. Vavryčuk (2018) also suggests giving a bonus to the 
first author and corresponding author if the authors are 
not listed in alphabetical order. But, because of possible 
coercive practices by some senior authors, such bonuses 
might not, in some cases, be fair to the other authors. The 
consideration of co-authorship also applies to citation 
credit. If a joint academic publication is cited, equal distri-
bution of citation credit would be allocated to the authors 
of the cited document.

2.8. Feature 8 of the RE-index: Inclusion of the Overall 
Researcher Record

Researchers, who are perfectionists, usually make 
significant contributions to research. In fairness to them, 
all the citations they get should be taken into account. If 
all scholars followed the methodology of the h-index, we 
may never have researchers who would tackle the hard 
problems that each may require devoting several years of 
hard work. The author also shares the belief of some re-
searchers, who emphasize the need to consider the overall 
research record and impact of each scholar. The elimina-
tion of some citations in the calculation of the h-index 
makes it susceptible to slight changes, and may result in 
the index being inconsistent in comparing scholars in the 

same field over different instants of time; see the first two 
examples in Waltman and van Eck (2012).

3. RESULTS

We use the formulas developed in the previous section 
together with the notions of equal authors contributions 
and equal citation credit distribution in joint academic 
publications to introduce several scores measuring the 
combined quantitative and qualitative aspects for both a 
researcher’s publications and the citations he/she receives. 
From these scores, we derive two versions of the RE-index, 
with one version including self-citations and the other ex-
cluding them (see (17) and (18)). We assume throughout 
the first four subsections of Section 3 that t is the ranking 
year, and X is a researcher with respect to the dataset D(t). 
So, AP(X, t) ≠ ∅ (see Definition 7). To simplify terminol-
ogy, we introduce some notation. The set of all x ∈ AP(X, 
t) such that x is either a research paper, a case study, or a 
method is called the set of creative publications of X up till 
the year t, and is denoted by CP(X, t). We write AP(X, t) \ 
CP(X, t) as IP(X, t), and call it the set of informative pub-
lications of X up till the year t. We chose to write AP(X, 
t) as the disjoint union of CP(X, t) and IP(X, t) because 
research papers, case studies and methods signify the cre-
ativity aspect of the researcher.

The cardinality of a nonempty set S is denoted by card S. 
Recall that the number of authors of an academic publica-
tion x is denoted by n(x).

3.1. Scores of the Creative Publications and Their  
Citations

Assume that CP(X, t) is nonempty, and write the set as 
{x1, … , xK}. The creative work score of researcher X at the 
year t, denoted by CWS(X, t), is the sum of the “adjusted 
to co-authorship” value scores of x1, … , xK, that is,

simplify terminology, we introduce some notation. The set of all x ∈ AP(X, t) such that x is either a research
paper, a case study, or a method is called the set of creative publications of X up till the year t, and is denoted
by CP(X, t). We write AP(X, t) \ CP(X, t) as IP(X, t), and call it the set of informative publications of X up till
the year t. We chose to write AP(X, t) as the disjoint union of CP(X, t) and IP(X, t) because research papers,
case studies and methods signify the creativity aspect of the researcher.

The cardinality of a nonempty set S is denoted by card S. Recall that the number of authors of an academic
publication x is denoted by n(x).

3.1 Scores of the Creative Publications and their Citations
Assume that CP(X, t) is nonempty, and write the set as {x1, . . . , xK}. The creative work score of researcher

X at the year t, denoted by CWS(X, t), is the sum of the “adjusted to co-authorship” value scores of x1, . . . , xK,
that is,

CWS(X, t) =

K
∑

i=1

VS(xi)

n(xi)
. (10)

If CP(X, t) = ∅, we set CWS(X, t) = 0. As the value score of an academic publication measures its quality, the
score CWS(X, t) measures the combined quantitative and qualitative aspects of the creative publications of a
researcher. Remark 6 provides more information about the algebraic formulation of (10).

Suppose that {y ∈ CP(X, t) : C+(y, t) �= ∅} is nonempty (see Definition 7), and write the set as {y1, . . . , yL}. The
creative work citation score of researcher X at the year t, denoted by CWCS(X, t), is the sum of the “adjusted
to co-authorship” citation scores of y1, . . . , yL, that is,

CWCS(X, t) =

L
∑

i=1

CS(yi, t)

n(yi)
. (11)

If {y ∈ CP(X, t) : C+(y, t) �= ∅} is empty, we set CWCS(X, t) = 0. The score CWCS(X, t) measures the com-
bined quantitative and qualitative aspects of the research impact of the researcher’s creative publications.

Assume that {z ∈ CP(X, t) : C−(z, t) �= ∅} is nonempty, and write the set as {z1, . . . , zL1
}. The creative work

citation score excluding self-citations of researcher X at the year t, denoted by CWCSesc(X, t), is the sum of the
“adjusted to co-authorship” citation scores, excluding self-citations, of z1, . . . , zL1

, that is,

CWCSesc(X, t) =

L1
∑

i=1

CSesc(zi, t)

n(zi)
. (12)

If {z ∈ CP(X, t) : C−(z, t) �= ∅} is empty, we set CWCSesc(X, t) = 0. The score CWCSesc(X, t) measures
the combined quantitative and qualitative aspects of the research impact of the researcher’s creative publications
when self-citations are excluded.

The logic behind the mathematical set-up of formula (10) is given in the following remark. Similar explana-
tions can be provided for formulas (11) and (12), and for the next set of formulas (14)-(16).

Remark 6. In (10), dividing VS(xi) by n(xi), i = 1, . . . , K, stems from the notion of equal author contributions
in joint papers. Also, formula (10) ensures that

K > 1 =⇒ CWS(X, t) >
VS(xi)

n(xi)
∀ i = 1, . . . , K. (13)

Multiplying the terms VS(x1)
n(x1)

, . . . , VS(xK)
n(xK) is not a proper way of defining CWS(X, t), since (13) might not be

satisfied in this case. This is by virtue of the facts VS(xi) ∈ (0, 1] (see (6) and (7)) and n(xi) ≥ 1 for all
i = 1, . . . , K. Using divisions or subtractions to define CWS(X, t) is invalid.

3.2 Scores of the Informative Publications and their Citations
Suppose that IP(X, t) is nonempty, and write the set as {u1, . . . , uM}. The informative work score of re-

searcher X at the year t, denoted by IWS(X, t), is the sum of the “adjusted to co-authorship” value scores of

12

(10)

If CP(X, t) = ∅, we set CWS(X, t) = 0. As the value score 
of an academic publication measures its quality, the score 
CWS(X, t) measures the combined quantitative and quali-
tative aspects of the creative publications of a researcher. 
Remark 6 provides more information about the algebraic 
formulation of (10).

Suppose that {y ∈ CP(X, t) : C+(y, t) ≠ ∅} is nonempty 
(see Definition 7), and write the set as {y1, … , yL}. The 
creative work citation score of researcher X at the year t, 
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denoted by CWCS(X, t), is the sum of the “adjusted to co-
authorship” citation scores of y1, … , yL, that is,

simplify terminology, we introduce some notation. The set of all x ∈ AP(X, t) such that x is either a research
paper, a case study, or a method is called the set of creative publications of X up till the year t, and is denoted
by CP(X, t). We write AP(X, t) \ CP(X, t) as IP(X, t), and call it the set of informative publications of X up till
the year t. We chose to write AP(X, t) as the disjoint union of CP(X, t) and IP(X, t) because research papers,
case studies and methods signify the creativity aspect of the researcher.

The cardinality of a nonempty set S is denoted by card S. Recall that the number of authors of an academic
publication x is denoted by n(x).

3.1 Scores of the Creative Publications and their Citations
Assume that CP(X, t) is nonempty, and write the set as {x1, . . . , xK}. The creative work score of researcher

X at the year t, denoted by CWS(X, t), is the sum of the “adjusted to co-authorship” value scores of x1, . . . , xK,
that is,

CWS(X, t) =

K
∑

i=1

VS(xi)

n(xi)
. (10)

If CP(X, t) = ∅, we set CWS(X, t) = 0. As the value score of an academic publication measures its quality, the
score CWS(X, t) measures the combined quantitative and qualitative aspects of the creative publications of a
researcher. Remark 6 provides more information about the algebraic formulation of (10).

Suppose that {y ∈ CP(X, t) : C+(y, t) �= ∅} is nonempty (see Definition 7), and write the set as {y1, . . . , yL}. The
creative work citation score of researcher X at the year t, denoted by CWCS(X, t), is the sum of the “adjusted
to co-authorship” citation scores of y1, . . . , yL, that is,

CWCS(X, t) =

L
∑

i=1

CS(yi, t)

n(yi)
. (11)

If {y ∈ CP(X, t) : C+(y, t) �= ∅} is empty, we set CWCS(X, t) = 0. The score CWCS(X, t) measures the com-
bined quantitative and qualitative aspects of the research impact of the researcher’s creative publications.

Assume that {z ∈ CP(X, t) : C−(z, t) �= ∅} is nonempty, and write the set as {z1, . . . , zL1
}. The creative work

citation score excluding self-citations of researcher X at the year t, denoted by CWCSesc(X, t), is the sum of the
“adjusted to co-authorship” citation scores, excluding self-citations, of z1, . . . , zL1

, that is,

CWCSesc(X, t) =

L1
∑

i=1

CSesc(zi, t)

n(zi)
. (12)

If {z ∈ CP(X, t) : C−(z, t) �= ∅} is empty, we set CWCSesc(X, t) = 0. The score CWCSesc(X, t) measures
the combined quantitative and qualitative aspects of the research impact of the researcher’s creative publications
when self-citations are excluded.

The logic behind the mathematical set-up of formula (10) is given in the following remark. Similar explana-
tions can be provided for formulas (11) and (12), and for the next set of formulas (14)-(16).

Remark 6. In (10), dividing VS(xi) by n(xi), i = 1, . . . , K, stems from the notion of equal author contributions
in joint papers. Also, formula (10) ensures that

K > 1 =⇒ CWS(X, t) >
VS(xi)

n(xi)
∀ i = 1, . . . , K. (13)

Multiplying the terms VS(x1)
n(x1)

, . . . , VS(xK)
n(xK) is not a proper way of defining CWS(X, t), since (13) might not be

satisfied in this case. This is by virtue of the facts VS(xi) ∈ (0, 1] (see (6) and (7)) and n(xi) ≥ 1 for all
i = 1, . . . , K. Using divisions or subtractions to define CWS(X, t) is invalid.

3.2 Scores of the Informative Publications and their Citations
Suppose that IP(X, t) is nonempty, and write the set as {u1, . . . , uM}. The informative work score of re-

searcher X at the year t, denoted by IWS(X, t), is the sum of the “adjusted to co-authorship” value scores of

12

(11)

If {y ∈ CP(X, t) : C+(y, t) ≠ ∅} is empty, we set CWCS(X, 
t) = 0. The score CWCS(X, t) measures the combined 
quantitative and qualitative aspects of the research impact 
of the researcher’s creative publications. 

Assume that {z ∈ CP(X, t) : C−(z, t) ≠ ∅} is nonempty, 
and write the set as {z1, … , zL1}. The creative work citation 
score excluding self-citations of researcher X at the year t, 
denoted by CWCSesc(X, t), is the sum of the “adjusted to 
co-authorship” citation scores, excluding self-citations, of 
z1, … , zL1 , that is,

simplify terminology, we introduce some notation. The set of all x ∈ AP(X, t) such that x is either a research
paper, a case study, or a method is called the set of creative publications of X up till the year t, and is denoted
by CP(X, t). We write AP(X, t) \ CP(X, t) as IP(X, t), and call it the set of informative publications of X up till
the year t. We chose to write AP(X, t) as the disjoint union of CP(X, t) and IP(X, t) because research papers,
case studies and methods signify the creativity aspect of the researcher.

The cardinality of a nonempty set S is denoted by card S. Recall that the number of authors of an academic
publication x is denoted by n(x).

3.1 Scores of the Creative Publications and their Citations
Assume that CP(X, t) is nonempty, and write the set as {x1, . . . , xK}. The creative work score of researcher

X at the year t, denoted by CWS(X, t), is the sum of the “adjusted to co-authorship” value scores of x1, . . . , xK,
that is,

CWS(X, t) =

K
∑

i=1

VS(xi)

n(xi)
. (10)

If CP(X, t) = ∅, we set CWS(X, t) = 0. As the value score of an academic publication measures its quality, the
score CWS(X, t) measures the combined quantitative and qualitative aspects of the creative publications of a
researcher. Remark 6 provides more information about the algebraic formulation of (10).

Suppose that {y ∈ CP(X, t) : C+(y, t) �= ∅} is nonempty (see Definition 7), and write the set as {y1, . . . , yL}. The
creative work citation score of researcher X at the year t, denoted by CWCS(X, t), is the sum of the “adjusted
to co-authorship” citation scores of y1, . . . , yL, that is,

CWCS(X, t) =

L
∑

i=1

CS(yi, t)

n(yi)
. (11)

If {y ∈ CP(X, t) : C+(y, t) �= ∅} is empty, we set CWCS(X, t) = 0. The score CWCS(X, t) measures the com-
bined quantitative and qualitative aspects of the research impact of the researcher’s creative publications.

Assume that {z ∈ CP(X, t) : C−(z, t) �= ∅} is nonempty, and write the set as {z1, . . . , zL1
}. The creative work

citation score excluding self-citations of researcher X at the year t, denoted by CWCSesc(X, t), is the sum of the
“adjusted to co-authorship” citation scores, excluding self-citations, of z1, . . . , zL1

, that is,

CWCSesc(X, t) =

L1
∑

i=1

CSesc(zi, t)

n(zi)
. (12)

If {z ∈ CP(X, t) : C−(z, t) �= ∅} is empty, we set CWCSesc(X, t) = 0. The score CWCSesc(X, t) measures
the combined quantitative and qualitative aspects of the research impact of the researcher’s creative publications
when self-citations are excluded.

The logic behind the mathematical set-up of formula (10) is given in the following remark. Similar explana-
tions can be provided for formulas (11) and (12), and for the next set of formulas (14)-(16).

Remark 6. In (10), dividing VS(xi) by n(xi), i = 1, . . . , K, stems from the notion of equal author contributions
in joint papers. Also, formula (10) ensures that

K > 1 =⇒ CWS(X, t) >
VS(xi)

n(xi)
∀ i = 1, . . . , K. (13)

Multiplying the terms VS(x1)
n(x1)

, . . . , VS(xK)
n(xK) is not a proper way of defining CWS(X, t), since (13) might not be

satisfied in this case. This is by virtue of the facts VS(xi) ∈ (0, 1] (see (6) and (7)) and n(xi) ≥ 1 for all
i = 1, . . . , K. Using divisions or subtractions to define CWS(X, t) is invalid.

3.2 Scores of the Informative Publications and their Citations
Suppose that IP(X, t) is nonempty, and write the set as {u1, . . . , uM}. The informative work score of re-

searcher X at the year t, denoted by IWS(X, t), is the sum of the “adjusted to co-authorship” value scores of

12

(12)

If {z ∈ CP(X, t) : C −(z, t) ≠ ∅} is empty, we set CWCSesc(X, 
t) = 0. The score CWCSesc(X, t) measures the combined 
quantitative and qualitative aspects of the research impact 
of the researcher’s creative publications when self-citations 
are excluded.

The logic behind the mathematical set-up of formula 
(10) is given in the following remark. Similar explanations 
can be provided for formulas (11) and (12), and for the 
next set of formulas (14)-(16).

Remark 6. In (10), dividing VS(xi) by n(xi), i = 1, … , 
K, stems from the notion of equal author contributions in 
joint papers. Also, formula (10) ensures that

simplify terminology, we introduce some notation. The set of all x ∈ AP(X, t) such that x is either a research
paper, a case study, or a method is called the set of creative publications of X up till the year t, and is denoted
by CP(X, t). We write AP(X, t) \ CP(X, t) as IP(X, t), and call it the set of informative publications of X up till
the year t. We chose to write AP(X, t) as the disjoint union of CP(X, t) and IP(X, t) because research papers,
case studies and methods signify the creativity aspect of the researcher.

The cardinality of a nonempty set S is denoted by card S. Recall that the number of authors of an academic
publication x is denoted by n(x).

3.1 Scores of the Creative Publications and their Citations
Assume that CP(X, t) is nonempty, and write the set as {x1, . . . , xK}. The creative work score of researcher

X at the year t, denoted by CWS(X, t), is the sum of the “adjusted to co-authorship” value scores of x1, . . . , xK,
that is,

CWS(X, t) =

K
∑

i=1

VS(xi)

n(xi)
. (10)

If CP(X, t) = ∅, we set CWS(X, t) = 0. As the value score of an academic publication measures its quality, the
score CWS(X, t) measures the combined quantitative and qualitative aspects of the creative publications of a
researcher. Remark 6 provides more information about the algebraic formulation of (10).

Suppose that {y ∈ CP(X, t) : C+(y, t) �= ∅} is nonempty (see Definition 7), and write the set as {y1, . . . , yL}. The
creative work citation score of researcher X at the year t, denoted by CWCS(X, t), is the sum of the “adjusted
to co-authorship” citation scores of y1, . . . , yL, that is,

CWCS(X, t) =

L
∑

i=1

CS(yi, t)

n(yi)
. (11)

If {y ∈ CP(X, t) : C+(y, t) �= ∅} is empty, we set CWCS(X, t) = 0. The score CWCS(X, t) measures the com-
bined quantitative and qualitative aspects of the research impact of the researcher’s creative publications.

Assume that {z ∈ CP(X, t) : C−(z, t) �= ∅} is nonempty, and write the set as {z1, . . . , zL1
}. The creative work

citation score excluding self-citations of researcher X at the year t, denoted by CWCSesc(X, t), is the sum of the
“adjusted to co-authorship” citation scores, excluding self-citations, of z1, . . . , zL1

, that is,

CWCSesc(X, t) =

L1
∑

i=1

CSesc(zi, t)

n(zi)
. (12)

If {z ∈ CP(X, t) : C−(z, t) �= ∅} is empty, we set CWCSesc(X, t) = 0. The score CWCSesc(X, t) measures
the combined quantitative and qualitative aspects of the research impact of the researcher’s creative publications
when self-citations are excluded.

The logic behind the mathematical set-up of formula (10) is given in the following remark. Similar explana-
tions can be provided for formulas (11) and (12), and for the next set of formulas (14)-(16).

Remark 6. In (10), dividing VS(xi) by n(xi), i = 1, . . . , K, stems from the notion of equal author contributions
in joint papers. Also, formula (10) ensures that

K > 1 =⇒ CWS(X, t) >
VS(xi)

n(xi)
∀ i = 1, . . . , K. (13)

Multiplying the terms VS(x1)
n(x1)

, . . . , VS(xK)
n(xK) is not a proper way of defining CWS(X, t), since (13) might not be

satisfied in this case. This is by virtue of the facts VS(xi) ∈ (0, 1] (see (6) and (7)) and n(xi) ≥ 1 for all
i = 1, . . . , K. Using divisions or subtractions to define CWS(X, t) is invalid.

3.2 Scores of the Informative Publications and their Citations
Suppose that IP(X, t) is nonempty, and write the set as {u1, . . . , uM}. The informative work score of re-

searcher X at the year t, denoted by IWS(X, t), is the sum of the “adjusted to co-authorship” value scores of

12
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Multiplying the terms VS(χ1)

n(χ1)  , … , VS(χK)

n(χK)  is not a proper way 
of defining CWS(X, t), since (13) might not be satisfied in 
this case. This is by virtue of the facts VS(xi) ∈ (0, 1] (see 
(6) and (7)) and n(xi) ≥ 1 for all i = 1, … , K. Using divi-
sions or subtractions to define CWS(X, t) is invalid.

3.2. Scores of the Informative Publications and Their 
Citations

Suppose that IP(X, t) is nonempty, and write the set as 
{u1, … , uM}. The informative work score of researcher X 
at the year t, denoted by IWS(X, t), is the sum of the “ad-
justed to co-authorship” value scores of u1, … , uM, that is,

u1, . . . , uM , that is,

IWS(X, t) =

M
∑

i=1

VS(ui)

n(ui)
. (14)

If IP(X, t) = ∅, we set IWS(X, t) = 0. The score IWS(X, t) measures the combined quantitative and qualitative
aspects of the informative publications of a researcher.

Assume that {v ∈ IP(X, t) : C+(v, t) �= ∅} is nonempty, and write the set as {v1, . . . , vN}. The informative work

citation score of researcher X at the year t, denoted by IWCS(X, t), is the sum of the “adjusted to co-authorship”
citation scores of v1, . . . , vN , that is,

IWCS(X, t) =

N
∑

i=1

CS(vi, t)

n(vi)
. (15)

If {v ∈ IP(X, t) : C+(v, t) �= ∅} is empty, we set IWCS(X, t) = 0. The score IWCS(X, t) measures the combined
quantitative and qualitative aspects of the research impact of the researcher’s informative publications.

Suppose that {w ∈ IP(X, t) : C−(w, t) �= ∅} is nonempty, and write the set as {w1, . . . , wN1
}. The informative

work citation score excluding self-citations of researcher X at the year t, denoted by IWCSesc(X, t), is the sum
of the “adjusted to co-authorship” citation scores, excluding self-citations, of w1, . . . , wN1

, that is,

IWCSesc(X, t) =

N1
∑

i=1

CSesc(wi, t)

n(wi)
. (16)

If {w ∈ IP(X, t) : C−(w, t) �= ∅} is empty, we set IWCSesc(X, t) = 0. The score IWCSesc(X, t) measures the
combined quantitative and qualitative aspects of the research impact of the researcher’s informative publications
when self-citations are excluded.

3.3 The RE-index
The RE-index, including self-citations, of researcher X at the year t, denoted by RE(X, t), is given by:

RE(X, t) = (CWS(X, t), CWCS(X, t), IWS(X, t), IWCS(X, t)). (17)

The RE-index, excluding self-citations, of researcher X at the year t, denoted by RE1(X, t), is given by:

RE1(X, t) = (CWS(X, t), CWCSesc(X, t), IWS(X, t), IWCSesc(X, t)). (18)

The following remark explains the logic behind (17). Formula (18) could be explained similarly.

Remark 7. We opted not to set the RE-index, including self-citations (see (17)), as the sum of the scores (10),
(11), (14) and (15) since the sum could tilt the score heavily towards either (11) or (15) (or both) and this becomes
contentious in light of the misuse of citations. A weighted sum has its problems as well because assigning weights
should take into consideration the differences in citation patterns among different fields and different subjects
within the same field, and selecting weights for interdisciplinary research with their large variety of topics is
another problem. Observe that, based on the definitions of a researcher, the sum of the scores (10) and (14) is
larger than 0. Note that it is not logical to represent the RE-index as the product of the scores (10), (11), (14)
and (15) because one, or more, of these scores could be in the interval [0, 1), and, in this case, the RE-index would
be less than at least one of these four scores. This situation is problematic since it could either lead to having an
RE-index of 0 or downgrade the contribution of at least one of the scores (10), (11), (14) and (15) into the make
up of the RE-index. A weighted product is even more problematic as it inherits the problems with defining the
RE-index as the product of the scores (10), (11), (14) and (15), and also shares the same problems of a weighted
sum. Formula (17) has the clear advantage in identifying each of the scores (10), (11), (14) and (15), and this
is constructive because different researchers may pursue different forms of research work; some scholars publish
mainly books, which translates to possibly high IWCS(X, t) score and low CWS(X, t) and CWCS(X, t) scores;
some researchers produce many papers with many collaborators, which could translate to relatively average to
high CWS(X, t) and CWCS(X, t) scores; while others publish a relatively small number of substantial papers
with significant impact, which translates to relatively low to medium CWS(X, t) score and high CWCS(X, t)
score. All of the foregoing characterizations of high and low scores are relative to the field(s) of the researcher.
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aspects of the informative publications of a researcher.

Assume that {v ∈ IP(X, t) : C+(v, t) �= ∅} is nonempty, and write the set as {v1, . . . , vN}. The informative work

citation score of researcher X at the year t, denoted by IWCS(X, t), is the sum of the “adjusted to co-authorship”
citation scores of v1, . . . , vN , that is,

IWCS(X, t) =

N
∑

i=1

CS(vi, t)

n(vi)
. (15)

If {v ∈ IP(X, t) : C+(v, t) �= ∅} is empty, we set IWCS(X, t) = 0. The score IWCS(X, t) measures the combined
quantitative and qualitative aspects of the research impact of the researcher’s informative publications.

Suppose that {w ∈ IP(X, t) : C−(w, t) �= ∅} is nonempty, and write the set as {w1, . . . , wN1
}. The informative

work citation score excluding self-citations of researcher X at the year t, denoted by IWCSesc(X, t), is the sum
of the “adjusted to co-authorship” citation scores, excluding self-citations, of w1, . . . , wN1

, that is,

IWCSesc(X, t) =
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CSesc(wi, t)

n(wi)
. (16)

If {w ∈ IP(X, t) : C−(w, t) �= ∅} is empty, we set IWCSesc(X, t) = 0. The score IWCSesc(X, t) measures the
combined quantitative and qualitative aspects of the research impact of the researcher’s informative publications
when self-citations are excluded.

3.3 The RE-index
The RE-index, including self-citations, of researcher X at the year t, denoted by RE(X, t), is given by:

RE(X, t) = (CWS(X, t), CWCS(X, t), IWS(X, t), IWCS(X, t)). (17)

The RE-index, excluding self-citations, of researcher X at the year t, denoted by RE1(X, t), is given by:

RE1(X, t) = (CWS(X, t), CWCSesc(X, t), IWS(X, t), IWCSesc(X, t)). (18)

The following remark explains the logic behind (17). Formula (18) could be explained similarly.

Remark 7. We opted not to set the RE-index, including self-citations (see (17)), as the sum of the scores (10),
(11), (14) and (15) since the sum could tilt the score heavily towards either (11) or (15) (or both) and this becomes
contentious in light of the misuse of citations. A weighted sum has its problems as well because assigning weights
should take into consideration the differences in citation patterns among different fields and different subjects
within the same field, and selecting weights for interdisciplinary research with their large variety of topics is
another problem. Observe that, based on the definitions of a researcher, the sum of the scores (10) and (14) is
larger than 0. Note that it is not logical to represent the RE-index as the product of the scores (10), (11), (14)
and (15) because one, or more, of these scores could be in the interval [0, 1), and, in this case, the RE-index would
be less than at least one of these four scores. This situation is problematic since it could either lead to having an
RE-index of 0 or downgrade the contribution of at least one of the scores (10), (11), (14) and (15) into the make
up of the RE-index. A weighted product is even more problematic as it inherits the problems with defining the
RE-index as the product of the scores (10), (11), (14) and (15), and also shares the same problems of a weighted
sum. Formula (17) has the clear advantage in identifying each of the scores (10), (11), (14) and (15), and this
is constructive because different researchers may pursue different forms of research work; some scholars publish
mainly books, which translates to possibly high IWCS(X, t) score and low CWS(X, t) and CWCS(X, t) scores;
some researchers produce many papers with many collaborators, which could translate to relatively average to
high CWS(X, t) and CWCS(X, t) scores; while others publish a relatively small number of substantial papers
with significant impact, which translates to relatively low to medium CWS(X, t) score and high CWCS(X, t)
score. All of the foregoing characterizations of high and low scores are relative to the field(s) of the researcher.
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If {v ∈ IP(X, t) : C+(v, t) ≠ ∅} is empty, we set IWCS(X, 
t) = 0. The score IWCS(X, t) measures the combined 
quantitative and qualitative aspects of the research impact 
of the researcher’s informative publications.

Suppose that {ω ∈ IP(X, t) : C −(ω, t) ≠ ∅} is nonempty, 
and write the set as {ω1, … , ωN1}. The informative work 
citation score excluding self-citations of researcher X at 
the year t, denoted by IWCSesc(X, t), is the sum of the 
“adjusted to co-authorship” citation scores, excluding self-
citations, of ω1, … , ωN1, that is,

u1, . . . , uM , that is,

IWS(X, t) =

M
∑

i=1

VS(ui)

n(ui)
. (14)

If IP(X, t) = ∅, we set IWS(X, t) = 0. The score IWS(X, t) measures the combined quantitative and qualitative
aspects of the informative publications of a researcher.

Assume that {v ∈ IP(X, t) : C+(v, t) �= ∅} is nonempty, and write the set as {v1, . . . , vN}. The informative work

citation score of researcher X at the year t, denoted by IWCS(X, t), is the sum of the “adjusted to co-authorship”
citation scores of v1, . . . , vN , that is,

IWCS(X, t) =

N
∑

i=1

CS(vi, t)

n(vi)
. (15)

If {v ∈ IP(X, t) : C+(v, t) �= ∅} is empty, we set IWCS(X, t) = 0. The score IWCS(X, t) measures the combined
quantitative and qualitative aspects of the research impact of the researcher’s informative publications.

Suppose that {w ∈ IP(X, t) : C−(w, t) �= ∅} is nonempty, and write the set as {w1, . . . , wN1
}. The informative

work citation score excluding self-citations of researcher X at the year t, denoted by IWCSesc(X, t), is the sum
of the “adjusted to co-authorship” citation scores, excluding self-citations, of w1, . . . , wN1

, that is,

IWCSesc(X, t) =

N1
∑

i=1

CSesc(wi, t)

n(wi)
. (16)

If {w ∈ IP(X, t) : C−(w, t) �= ∅} is empty, we set IWCSesc(X, t) = 0. The score IWCSesc(X, t) measures the
combined quantitative and qualitative aspects of the research impact of the researcher’s informative publications
when self-citations are excluded.

3.3 The RE-index
The RE-index, including self-citations, of researcher X at the year t, denoted by RE(X, t), is given by:

RE(X, t) = (CWS(X, t), CWCS(X, t), IWS(X, t), IWCS(X, t)). (17)

The RE-index, excluding self-citations, of researcher X at the year t, denoted by RE1(X, t), is given by:

RE1(X, t) = (CWS(X, t), CWCSesc(X, t), IWS(X, t), IWCSesc(X, t)). (18)

The following remark explains the logic behind (17). Formula (18) could be explained similarly.

Remark 7. We opted not to set the RE-index, including self-citations (see (17)), as the sum of the scores (10),
(11), (14) and (15) since the sum could tilt the score heavily towards either (11) or (15) (or both) and this becomes
contentious in light of the misuse of citations. A weighted sum has its problems as well because assigning weights
should take into consideration the differences in citation patterns among different fields and different subjects
within the same field, and selecting weights for interdisciplinary research with their large variety of topics is
another problem. Observe that, based on the definitions of a researcher, the sum of the scores (10) and (14) is
larger than 0. Note that it is not logical to represent the RE-index as the product of the scores (10), (11), (14)
and (15) because one, or more, of these scores could be in the interval [0, 1), and, in this case, the RE-index would
be less than at least one of these four scores. This situation is problematic since it could either lead to having an
RE-index of 0 or downgrade the contribution of at least one of the scores (10), (11), (14) and (15) into the make
up of the RE-index. A weighted product is even more problematic as it inherits the problems with defining the
RE-index as the product of the scores (10), (11), (14) and (15), and also shares the same problems of a weighted
sum. Formula (17) has the clear advantage in identifying each of the scores (10), (11), (14) and (15), and this
is constructive because different researchers may pursue different forms of research work; some scholars publish
mainly books, which translates to possibly high IWCS(X, t) score and low CWS(X, t) and CWCS(X, t) scores;
some researchers produce many papers with many collaborators, which could translate to relatively average to
high CWS(X, t) and CWCS(X, t) scores; while others publish a relatively small number of substantial papers
with significant impact, which translates to relatively low to medium CWS(X, t) score and high CWCS(X, t)
score. All of the foregoing characterizations of high and low scores are relative to the field(s) of the researcher.
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Remark 7. We opted not to set the RE-index, includ-
ing self-citations (see (17)), as the sum of the scores (10), 
(11), (14) and (15) since the sum could tilt the score heav-
ily towards either (11) or (15) (or both) and this becomes 
contentious in light of the misuse of citations. A weighted 
sum has its problems as well because assigning weights 
should take into consideration the differences in citation 
patterns among different fields and different subjects 
within the same field, and selecting weights for interdis-
ciplinary research with their large variety of topics is an-
other problem. Observe that, based on the definitions of 
a researcher, the sum of the scores (10) and (14) is larger 
than 0. Note that it is not logical to represent the RE-index 
as the product of the scores (10), (11), (14) and (15) be-
cause one, or more, of these scores could be in the interval 
[0, 1), and, in this case, the RE-index would be less than at 
least one of these four scores. This situation is problematic 
since it could either lead to having an RE-index of 0 or 
downgrade the contribution of at least one of the scores 
(10), (11), (14) and (15) into the make up of the RE-index. 
A weighted product is even more problematic as it inherits 
the problems with defining the RE-index as the product 
of the scores (10), (11), (14) and (15), and also shares the 
same problems of a weighted sum. Formula (17) has the 
clear advantage in identifying each of the scores (10), (11), 
(14) and (15), and this is constructive because different 
researchers may pursue different forms of research work; 
some scholars publish mainly books, which translates to 
possibly high IWCS(X, t) score and low CWS(X, t) and 
CWCS(X, t) scores; some researchers produce many pa-
pers with many collaborators, which could translate to rel-
atively average to high CWS(X, t) and CWCS(X, t) scores; 
while others publish a relatively small number of substan-
tial papers with significant impact, which translates to rela-
tively low to medium CWS(X, t) score and high CWCS(X, 
t) score. All of the foregoing characterizations of high and 
low scores are relative to the field(s) of the researcher. 
Observe that if a researcher publishes mainly research pa-
pers, case studies or methods, then his/her IWS(X, t) and 
IWCS(X, t) scores could be very small or zero.

It should be noted that the RE-index is harder to cal-
culate than the other research performance indicators dis-
cussed in the paper. But research assessment is a serious 
issue that should not be addressed by an easy-to-calculate 
index that is marred with numerous flaws.

The following notation is used in the following remark. 
For a square real matrix A = (aij) of order n, we denote the 
n × n diagonal matrix whose i − th diagonal entry is aii, 
i = 1, …, n, by D(A).

Remark 8. We observe that the two versions of the 
RE-index could be represented using matrices. We focus 
our attention of the version defined by (17), and use the 
notation of subsections 3.1 and 3.2. Notice that K ≥ L and 
M ≥ N, and since X is a researcher, we have max{K, M} > 0. 
Let Q = max{K, M}. Define the 4 × Q score matrix 
S = S(X, t)=(sij) of researcher X at the time t by

• First row of S:
Case 1. CP(X, t) ≠ ∅: s1j = VS(xj) if 1 ≤ j ≤ K; s1j = 0 if K < j ≤ Q.
Case 2. CP(X, t) = ∅: s1j = 0 for all j = 1, … , Q.
• Second row of S:
Case 1. {y ∈ CP(X, t) : C+(y, t) ≠ ∅} ≠ ∅: s2j = CS(yj , t)  

if 1 ≤ j ≤ L; s2j = 0 if L < j ≤ Q.
Case 2. {y ∈ CP(X, t) : C+(y, t) ≠ ∅} = ∅: s2j = 0 for all 

j = 1, … , Q.
• Third row of S:
Case 1. IP(X, t) ≠ ∅: s3j = VS(uj) if 1 ≤ j ≤ M; s3j = 0 if M 

< j ≤ Q.
Case 2. IP(X, t) = ∅: s3j = 0 for all j = 1, … , Q.
• Fourth row of S:
Case 1. {v ∈ IP(X, t) : C+(v, t) ≠ ∅} ≠ ∅: s4j = CS(vj, t) if 1 

≤ j ≤ N; s4j = 0 if N < j ≤ Q.
Case 2. {v ∈ IP(X, t) : C+(v, t) ≠ ∅} = ∅: s4j = 0 for all 

j = 1, … , Q.

Also, define the Q × 4 authors-counting matrix C = C(X, 
t) = (cij) of researcher X at the time t by

• First column of C:
Case 1. CP(X, t) ≠ ∅ : ci1 = 1/n(xi) if 1 ≤ i ≤ K; ci1 = 0 if K < i 

≤ Q.
Case 2. CP(X, t) = ∅ : ci1 = 0 for all i = 1, … , Q.
• Second column of C:
Case 1. {y ∈ CP(X, t) : C+(y, t) ≠ ∅} ≠ ∅ : ci2 = 1/n(yi) if 1 ≤ 

i ≤ L; ci2 = 0 if L < i ≤ Q.
Case 2. CP(X, t) = ∅ : ci2 = 0 for all i = 1, … , Q.
• Third column of C:
Case 1. IP(X, t) ≠ ∅ : ci3 = 1/n(ui) if 1 ≤ i ≤ M; ci3 = 0 if M < i 

≤ Q.
Case 2. IP(X, t) = ∅ : ci3 = 0 for all i = 1, … , Q.
• Fourth column of C:
Case 1. {v ∈ IP(X, t) : C+(v, t) ≠ ∅} ≠ ∅ : ci4 = 1/n(vi) if 1 ≤ i 

≤ N; ci4 = 0 if N < i ≤ Q.
Case 2. {v ∈ IP(X, t) : C+(v, t) ≠ ∅} = ∅ : ci4 = 0 for all i = 1, 

… , Q.

Denote the diagonal matrix D(SC) by E = (eij). Then the 
RE-index, including self-citations, of researcher X at the 
year t, is the quadruple (e11, e22, e33, e44).
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3.4. Other Indices
Assume that CP(X, t) ≠ ∅, and that card CP(X, t) = K. 

The creative work index of researcher X at the year t, de-
noted by CWI(X, t), is the pair:

Observe that if a researcher publishes mainly research papers, case studies or methods, then his/her IWS(X, t)
and IWCS(X, t) scores could be very small or zero.

It should be noted that the RE-index is harder to calculate than the other research performance indicators
discussed in the paper. But research assessment is a serious issue that should not be addressed by an easy-to-

calculate index that is marred with numerous flaws.

The following notation is used in the following remark. For a square real matrix A = (aij) of order n, we
denote the n × n diagonal matrix whose i − th diagonal entry is aii, i = 1, . . . , n, by D(A).

Remark 8. We observe that the two versions of the RE-index could be represented using matrices. We focus our
attention of the version defined by (17), and use the notation of subsections 3.1 and 3.2. Notice that K ≥ L and
M ≥ N , and since X is a researcher, we have max{K, M} > 0. Let Q = max{K, M}. Define the 4 × Q score
matrix S = S(X, t) = (sij) of researcher X at the time t by
• First row of S:
Case 1. CP(X, t) �= ∅: s1j = VS(xj) if 1 ≤ j ≤ K; s1j = 0 if K < j ≤ Q.
Case 2. CP(X, t) = ∅: s1j = 0 for all j = 1, . . . , Q.
• Second row of S:
Case 1. {y ∈ CP(X, t) : C+(y, t) �= ∅} �= ∅: s2j = CS(yj , t) if 1 ≤ j ≤ L; s2j = 0 if L < j ≤ Q.
Case 2. {y ∈ CP(X, t) : C+(y, t) �= ∅} = ∅: s2j = 0 for all j = 1, . . . , Q.
• Third row of S:
Case 1. IP(X, t) �= ∅: s3j = VS(uj) if 1 ≤ j ≤ M ; s3j = 0 if M < j ≤ Q.
Case 2. IP(X, t) = ∅: s3j = 0 for all j = 1, . . . , Q.
• Fourth Row of S:
Case 1. {v ∈ IP(X, t) : C+(v, t) �= ∅} �= ∅: s4j = CS(vj, t) if 1 ≤ j ≤ N ; s4j = 0 if N < j ≤ Q.
Case 2. {v ∈ IP(X, t) : C+(v, t) �= ∅} = ∅: s4j = 0 for all j = 1, . . . , Q.

Also, define the Q × 4 authors-counting matrix C = C(X, t) = (cij) of researcher X at the time t by
• First column of C:
Case 1. CP(X, t) �= ∅: ci1 = 1/n(xi) if 1 ≤ i ≤ K; ci1 = 0 if K < i ≤ Q.
Case 2. CP(X, t) = ∅: ci1 = 0 for all i = 1, . . . , Q.
• Second Column of C:
Case 1. {y ∈ CP(X, t) : C+(y, t) �= ∅} �= ∅: ci2 = 1/n(yi) if 1 ≤ i ≤ L; ci2 = 0 if L < i ≤ Q.
Case 2. CP(X, t) = ∅: ci2 = 0 for all i = 1, . . . , Q.
• Third column of C:
Case 1. IP(X, t) �= ∅: ci3 = 1/n(ui) if 1 ≤ i ≤ M ; ci3 = 0 if M < i ≤ Q.
Case 2. IP(X, t) = ∅: ci3 = 0 for all i = 1, . . . , Q.
• Fourth column of C:
Case 1. {v ∈ IP(X, t) : C+(v, t) �= ∅} �= ∅: ci4 = 1/n(vi) if 1 ≤ i ≤ N ; ci4 = 0 if N < i ≤ Q.
Case 2. {v ∈ IP(X, t) : C+(v, t) �= ∅} = ∅: ci4 = 0 for all i = 1, . . . , Q.

Denote the diagonal matrix D(SC) by E = (eij). Then the RE-index, including self-citations, of researcher X at
the year t, is the quadruple (e11, e22, e33, e44).

3.4 Other Indices
Assume that CP(X, t) �= ∅, and that card CP(X, t) = K. The creative work index of researcher X at the year

t, denoted by CWI(X, t), is the pair:

CWI(X, t) =

(

K,
CWS(X, t)

K

)

. (19)

Note that the largest possible value of CWS(X, t) is K. The second coordinate in the pair on the right hand
side of (19) could be regarded as indicative of the creative publications quality and the share of the number of
1-author publications in CP(X, t).

The self-citation index of researcher X at the year t, denoted by SCI(X, t), is the percentage corresponding to
the quotient of the total number of self-citations of all publications in AP(X, t) divided by the total number of

14

(19)

Note that the largest possible value of CWS(X, t) is K. The 
second coordinate in the pair on the right hand side of (19) 
could be regarded as indicative of the creative publications 
quality and the share of the number of 1-author publica-
tions in CP(X, t).

The self-citation index of researcher X at the year t, de-
noted by SCI(X, t), is the percentage corresponding to the 
quotient of the total number of self-citations of all publica-
tions in AP(X, t), divided by the total number of citations 
of all publications in AP(X, t).

3.5. An Application
We provide an illustration of the theory developed in 

the paper by estimating the two versions of the RE-index 
for the two mathematicians Costel Peligrad and myself 
in the year 2019. The dataset D, introduced in Section 2, 
will prove its advantage in addressing the aspect of fair-
ness in the research assessment process. We abbreviate 
researchers C. Peligrad and F. O. Farid by the letters P and 
F, respectively. Since the ranking year t is the year 2019, 
we omit t from the formulas containing it in the previ-
ous subsections in Section 3. So, for example, the creative 
work score of C. Peligrad at the year 2019 is written as 
CWS(P).

3.5.1. Outline of the Research Work of C. Peligrad
Scopus, up till the end of the year 2019, indexed 28 

publications of C. Peligrad, and has 95 citations credited 
to his work. The dataset D we use adds six more cred-
ible publications of C. Peligrad, and brings a total of 142 
citations credited to his work by the end of the year 2019, 
including 31 self-citations. The six additional papers are as 
follows:

• Szymanski, W., & Peligrad, C. (1994). Saturated ac-
tions of finite dimensional Hopf*-algebras on C*-
algebras. Mathematica Scandinavica, 75, 217-239.

• Gootman, E. C., Lazar, A. J., & Peligrad, C. (1994). 
Spectra for compact group actions. Journal of Op-
erator Theory, 31(2), 381-399.

• Peligrad, C. (1975). Invariant subspaces of von Neu-

mann algebras. Acta Scientiarum Mathematicarum 
(Szeged), 37(3-4), 273-277.

• Peligrad, C., & Zsido, L. (1973). A Riesz decomposi-
tion theorem in W*-algebras. Acta Scientiarum 
Mathematicarum (Szeged), 34, 317-322.

• Peligrad, C. (1981). Derivations of C*-Algebras which 
are invariant under an automorphism group. Topics 
in Modern Operator Theory, 5th International Con-
ference on Operator Theory, Timisoara and Hercu-
lane (Romania), June 2-12, 1980 (part of the Book 
Series: Operator theory: Advances and applications, 
Vol. 2, pp. 259-268).

• Peligrad C. (1982). Derivations of C*-algebras which 
are invariant under an automorphism group. II. 
Invariant Subspaces and Other Topics, 6th Interna-
tional Conference on Operator Theory, Timisoara 
and Herculane (Romania), June 1-11, 1981 (part of 
the Book Series: Operator theory: Advances and ap-
plications, Vol. 6, pp. 181-194).

The first four papers were published in journals that 
were not indexed in Scopus at the times of publication, 
but the journals are indexed in the Web of Science Core 
Collection and are now indexed by Scopus. The remain-
ing two papers are conference papers that appeared in the 
Book Series: Operator theory: Advances and applications, 
which is listed in the Library of Congress. Among the 34 
papers of C. Peligrad, 26 papers are cited. Some calcula-
tions show that 

CWS(P) = 287/18 ≈ 15.94, CWCS(P) ≈ 50.5, (20)
CWCSesc(P) ≈ 37.91, (21)

and IWS(P) = IWCS(P) = 0. Then from (17) and (20), we 
get RE(P) ≈ (15.94, 50.5, 0, 0), and from (18), (20) and (21), 
we obtain RE1(P) ≈ (15.94, 37.91, 0, 0).

3.5.2. Outline of the Research Work of F. O. Farid
Scopus, up till the end of the year 2019, indexed 18 

publications of F. O. Farid, and has 140 citations credited 
to his record. We were only able to verify the existence of 
133 citations of the researcher that could be included in 
the dataset D, including 14 self-citations. Among the 18 
papers of the author, 15 papers are cited. Some calcula-
tions show that

CWS(F) = 497/48 ≈ 10.35, CWCS(F) ≈ 48.02, (22)
CWCSesc(F) ≈ 38.86, (23)
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and IWS(F) = IWCS(F) = 0. Then from (17) and (22), we 
get RE(F) ≈ (10.35, 48.02, 0, 0), and from (18), (22) and 
(23), we obtain RE1(F) ≈ (10.35, 38.86, 0, 0).

3.5.3. Geometric Interpretations of the Creative Work 
Scores and Creative Work Citation Scores for C. 
Peligrad and F. O. Farid

The academic publications of Peligrad are ordered as 
follows: The cited publications (there are 26 publications 
of them) are ordered in a non-increasing order in terms of 
the adjusted to co-authorship citation scores. The remain-
ing eight publications are ordered in a non-increasing or-
der in terms of the adjusted to co-authorship value scores. 
A similar ordering is used for Farid; see Fig. 1-4. Note that 
0 in each of the four figures represents the origin for the 
vertical axis x = 1.

In Fig. 1, the area A1 of the region bounded by the 
broken line, the vertical lines x = 1 and x = 35, and the 
x − axis (y = 0) represents CWS(P). The second coordinate 

in CWI(P) (see (19)) is the quotient of A1 divided by 34. 
In Fig. 2, the area A2 of the region bounded by the broken 
line, the vertical lines x = 1 and x = 27, and the x − axis 
represents CWCS(P). Similar observations apply to Fig. 3 
and 4.

3.5.4. Comparison of Some Research Performance 
Indices for C. Peligrad and F. O. Farid

In Table 2, we provide the research performance in-
dicators: publication counts adjusted to co-authorship 
(abbreviated as publication counts adj.), citation counts, 
the h-index, the fractional h-index (abbreviated as frac. h 
index), the g-index and the fractional g-index (abbreviated 
as frac. g index) and the two versions of the RE-index for 
the researchers C. Peligrad and F. O. Farid.

Remark 9. (i) Although Farid has an advantage over 
Peligrad in some aspects of research, such as the number 
of long papers for both 1-author and multiple author 

http://www.jistap.org
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papers and percentage of self-citations (see item (ii)), it 
would not be fair that any research performance indicator 
would overall rank Peligrad lower than Farid; this is the 
case with the h and g indices and the fractional h-index. 
It should be noted that Peligrad has been producing high 
quality research for about 47 years, compared to the ap-
proximately 31 years Farid has been doing research. Also, 
Table 3 clearly indicates that Peligrad has an advantage 
in the number of papers in the top two quartile ranking 
journals (Q1 and Q2). We believe that the RE-index clari-
fies the points of strength for each researcher and ranks 
Peligrad in a higher stature than Farid (mainly due to age 
difference).

(ii) Table 2 shows that, in regard to publication counts 
adjusted to co-authorship, Farid’s score represents about 
57.72% of Peligrad’s score, while Farid’s CWS(F) repre-
sents about 64.93% of Peligrad’s CWS(P) (see (20) and 
(22)). Part of the discrepancy between the two percent-
ages stems from the fact that Farid’s record has a higher 
percentage of long papers (papers of 30 or more pages) 
and papers of above average length (papers of 20 pages or 
more) than Peligrad’s record has. About 22.22% of Farid’s 
papers are long papers and 55.56% of his papers are above 
average in length, while Peligrad has one long paper repre-
senting about 2.94% of his total number of papers, and he 
has four papers that are above average in length represent-
ing about 11.76% of his total number of papers. In addi-
tion, Farid has two long 1-author papers and five 1-author 
papers that are above average in length, while Peligrad has 
a single 1-author paper that is above average in length. It 
is clear from (20)-(23) that CWCS(F) represents about 
95.11% of Peligrad’s CWCS(P), while the CWCSesc(F) 
score is higher than CWCSesc(P). Note that Peligrad’s self-
citation index is approximately 21.83%, while Farid’s self-
citation index is approximately 10.53%.

4. DISCUSSION

We outline the main attributes of the methodology 
used in deriving the RE-index, which distinguishes the 
index from the four popular research performance mea-
sures: the h-index, g-index, publication counts, and cita-
tion counts:

(i) The dataset D introduced in subsection 2.1 takes 
advantage of the current, wide coverage of Scopus and the 
Library of Congress, and at the same time deals with the 
depth problem in the Scopus database. This would allow 
the inclusion of many good research papers that are not 
included in the Scopus database, such as Andrew Wiles’ 
paper which proved Fermat’s Last Theorem, and four pa-
pers by Costel Peligrad; see subsection 3.5.

(ii) The methodology in deriving the RE-index makes 
two main distinctions among academic publications. One 
distinction is based on the type of the academic publica-
tion, where we adopt the Springer classification of papers 
into five categories, and classify books into several catego-
ries. We provide a ranking of academic publications based 
on their types, and associate such ranking with a score: 
the prestige-type score. Another distinction we make for 
academic publications is done through classifying them 
into creative and informative publications.

(iii) We use the SJR scores for academic periodical 
publications to classify each of their four categories (jour-
nals, book series, conferences & proceedings, and trade 
journals) into four quartile rankings, and introduce the 
most relevant quartile score to a given year, which mea-
sures the stature of an academic periodical publication.

(iv) We consider the length of academic publications as 
indicative of the number of results or their complexity (or 
both). We introduce a classification of academic publica-
tions that is based on their length, and associate this clas-
sification with a score: the length score.

(v) For every academic publication x, we introduce 
the value score VS(x) of x. If x is cited, the citation scores 
(8) and (9) measure the qualitative aspect of the research 
impact of x in the cases of including and excluding self-
citations, respectively.

(vi) We take into consideration co-authorship. In 

Table 2. Indices charts

Publication 
counts adj. Citation counts h-index frac.  

h-index g-index frac. g-index RE-index  
Self-citations

RE-index  
No self-citations

Peligrad 22.66 142 6 6 10 7 (15.94,50.5,0,0) (15.94,37.91,0,0)

Farid 13.08 133 7 6 11 7 (10.35,48.02,0,0)  (10.35,38.86,0,0)

Table 3. Top quartile journals

Q1 (cited) Q1 (un-cited) Q2 (cited) Q2 (un-cited)

Peligrad 11 3 10 1

Farid 3 1 10 1
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deriving formulas (10)-(12) and (14)-(16), we apply the 
notions of equal author contributions, and equal distribu-
tion of citation credit in joint academic publications. The 
rationale for the method was explained in subsection 2.7.

(vii) The creative work score CWS(X, t) of researcher X 
at the year t blends the qualitative and quantitative aspects 
of the creative work of the researcher into a single score. A 
similar observation applies to the informative work score 
IWS(X, t).

(viii) When self-citations are included, the creative 
work citation score CWCS(X, t) of researcher X at the 
year t merges the qualitative and quantitative aspects for 
the research impact of the creative work of the researcher 
into a single score. Similar observations apply to the scores 
CWCSesc(X, t), IWCS(X, t) and IWCSesc(X, t).

(ix) The formulation of each of the two versions of 
the RE-index as a quadruple of four scores (see (17) and 
(18)) has the constructive approach of identifying each of 
the four scores that make up both versions of the index. 
This, in turn, provides an accurate outlook of the type of 
research activity the researcher has been engaged in.

(x) The second coordinate in the creative work index 
(see (19)) is indicative of the quality of the creative publi-
cations by the researcher and the share of 1-author pub-
lications among the total number of creative publications 
the researcher has.

5. CONCLUSION

It is the author’s opinion that the methodology used 
to establish the two versions of the RE-index makes the 
measure a fair and objective tool for assessing research-
ers within the same subject of a given field. The other six 
measures in Table 2 have their flaws in addressing this 
issue. The use of formula (3) as a normalizing factor in 
measuring research quality among different subjects of 
the same field and its use in the derivation of the RE-
index may reduce the discrepancy in comparing research-
ers in different subjects of the same field, but they may not 
eliminate completely such discrepancy by virtue of the fact 
that publication and citation rates could still differ among 
different subjects of the same field. The author considered 
normalizing techniques among different fields, but opted 
not to do so for two main reasons: (i) There is an availabil-
ity issue for citations data in a given field at a given year; 
for example, if we are trying to find a citation average of 
articles in journals in a given field 25 years ago, this might 
not be available in databases for citations. Using the most 
relevant citation averages techniques for comparing many 

different fields involves extensive, complex estimations 
that do not justify the end goal. (ii) Setting a citations 
average for interdisciplinary articles may be extremely 
difficult. As a result, the RE-index should not be used in 
comparing researchers from different fields.
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Appendix

Details of the Research Works of C. Peligrad and F. O. Farid.

Notation used: Here the ranking year t is the year 2019. To simplify notation, we omit t from the formulas
containing it in Sections 2 and 3 of the paper. We also abbreviate researchers C. Peligrad and F. O. Farid by
the letters P and F, respectively. So, if x is an academic publication that C. Peligrad authored, its citation score
and citation score, excluding self-citations, at the year 2019 are denoted by CS(P) and CSesc(P), respectively.
Also, the creative work score of C. Peligrad at the year 2019 is denoted by CWS(P). For each researcher, the
publications are listed as follows: The cited publications are ordered in a non-increasing order in terms of the
adjusted to co-authorship citation scores. The remaining publications are ordered in a non-increasing order in
terms of the adjusted to co-authorship value scores. Recall that for an academic publication x, the number of
authors of x is denoted by n(x). For each researcher, we denote his publications by the symbols x1, x2, . . .. Also,
for each cited paper xj , the documents citing xj are denoted by y1j , y2j, . . ., starting with the first one appearing
in the citations list and progressing downward.

In some older papers for both researchers, we use the phrase “closest available SJR year” to mean the following:
If a paper x was published at a journal J in a year t and t < 2019, then

s = min{τ : τ is a year satisfying t ≤ τ < 2019, SJR(J, τ) is available}

is the closest available year at which the SJR score of the journal J is recorded. (We assume that the set, for
which the minimum is taken in the preceding formula, is nonempty.) To simplify notation, the most relevant
quartile score q(J, t, s) (see equation (3) in the paper) of the journal J at which the paper x was published is
denoted by q(x). So, for example, for paper x1 authored by R. Longo and C. Peligrad, q(J, 1984, 1999) is simply
written as q(x1), where J is “Journal of Functional Analysis”. Note that, by the end of the year 2019 and even
until April 2020, the SJR scores for academic periodical publications at the year 2019 were not available. During
the making of the main contents of the paper, the most recent available SJR scores we could find are for the year
2018 (this applies to Farid’s paper in 2019).

In the list of citations of papers by each researcher, we use the phrase “closest available SJR year” to mean
the following: If a citing paper y was published at a journal J1 in a year t1 and t1 < 2019, then

s1 = min{τ : τ is a year satisfying t1 ≤ τ < 2019, SJR(J1, τ ) is available}

is the closest available year at which the SJR score of the journal J1 is recorded. (We assume that the set, for
which the minimum is taken in the preceding formula, is nonempty.) To simplify notation, the most relevant
quartile score q(J1, t1, s1) of the journal J1 at which the paper y was published is denoted by q(y). Citations, up
till the end of the year 2019, are listed after verifying if they could be included in the dataset D defined in
subsection 2.1 of the paper.

Details of the Research Work of C. Peligrad

Paper x1: Longo, R., & Peligrad, C. (1984). Noncommutative topological dynamics and compact actions on C*-algebras. Journal of
Functional Analysis, 58, 157-174. Closest available SJR year is 1999. (Q1). Number of self-citations is 3.

Citations
1. Accardi, L., & Mukhamedov, F. (2009). A note on noncommutative unique ergodicity and weighted means. Linear Algebra and
its Applications, 430(23), 782-790. (Q2)
2. Benatti, F., & Narnhofer, H. (1991). Strong asymptotic abelianness for entropic K-systems. Communications in Mathematical
Physics, 136, 231-250. Closest available SJR year is 1999. (Q1)
3. Bratteli, O., Elliott, G. A., & Robinson, D. W. (1985). Strong topological transitivity and C*-dynamical systems. Journal of the
Mathematical Society of Japan, 37, 115-133. Closest available SJR year is 1999. (Q2)
4. Bratteli, O., & Goodman, F. M. (1985). Derivations tangential to compact group actions: Spectral conditions in the weak closure.
Canadian Journal of Mathematics, 37(1), 160-192. Closest available SJR year is 1999. (Q1)
5. Bratteli, O., Elliott, G. A., Evans, D. E., & Kisimoto, A. (1989). Quasi-Product Actions of a Compact Abelian Group on a
C*-Algebra. Tohoku Mathematical Journal, Second Series, 41(1), 133-161. Closest available SJR year is 1999. (Q2)
6. Bratteli, O. (2006). Derivations, dissipations and group actions on C*-algebras. Lecture Notes in Mathematics. Springer. (Book
Series, Monograph, 284 pages). (Q4)
7. Camassa, P., Longo, R., Tanimoto, Y., & Weiner, M. (2012). Thermal states in conformal QFT. II. Communications in Mathe-
matical Physics, 315, 771-802. (Q1)
8. Doplicher, S., & Longo, R. (1984). Standard and split inclusions of von Neumann algebras. Inventiones Mathematicae, 75,
493-536. Closest available SJR year is 1999. (Q1)
9. Duvenhage, R., & Mukhamedov, F. (2014). Relative ergodic properties of C*-dynamical systems. Infinite Dimensional Analysis,
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Quantum Probability and Related Topics, 17(1), (21 pages). (Q2)
10. Duvenhage, R. V., & Stroh, A. (2016). Disjointness of C-dynamical systems. Houston Journal of Mathematics, 42(1), (25 pages).
(Q3)
11. Emch, G. G. (1992). Kolmogorov flows, dynamical entropies and mechanics. Infinite Dimensional Analysis, Quantum Probability
and Related Topics, 125-137. Closest available SJR year is 1999. (Q2)
12. Evans, D. E. (1984). Quantum Dynamical Semigroups, Symmetry Groups, and Locality. Acta Applicandae Mathematicae, 2,
333-352. Closest available SJR year is 1999. (Q3)
13. Evans, D. E., & Kishimoto, A. (1988). Duality for automorphisms on a compact C*-dynamical system. Ergodic Theory and
Dynamical Systems, 8(2), 173-189. Closest available SJR year is 1999. (Q1)
14. Ganiev, I., & Mukhamedov, F. (2014). Measurable bundles of C*-dynamical systems and its applications. Positivity, 18, 687-702.
(Q2)
15. Horuzhy, S. S. (2012). Introduction to algebraic quantum field theory. Kluwer Academic Publishers. (Book, 301 pages).
16. Katayama, Y. (1989). A duality for an action of a countable amenable group on a hyperfinite II-factor. Journal of Operator
Theory, 21(2), 297-314. Closest available SJR year is 1999. (Q3)
17. Kishimoto, A., & Robinson, D. W. (1985). Dissipations, derivations, dynamical systems, and asymptotic abelianness. Journal of
Operator Theory, 13(2), 237-253. Closest available SJR year is 1999. (Q3)
18. Lee, S. G., & Jang, S. Y. (1990). Topological transitivity of compact actions on C*-algebras. Proceedings of the American
Mathematical Society, 110, 741-744. Closest available SJR year is 1999. (Q2)
19. Longo, R. (1984). Solution of the factorial Stone-Weierstrass conjecture. An application of the theory of standard split W∗-
inclusions. Inventiones Mathematicae, 76, 145-155. Closest available SJR year is 1999. (Q1)
20. Mukherjee, K., & Patri, I. (2018). Automorphisms of compact quantum groups. Proceedings of the London Mathematical Society,
116(2), 330-377. (Q1)
21. Narnhofer, H., & Thirring, W. (1989). Mixing properties of quantum systems. Journal of Statistical Physics, 57, 811-825. Closest
available SJR year is 1999. (Q1)
22. Narnhofer, H., & Thirring, W. (1990). Algebraic K-systems. Letters in Mathematical Physics, 20, 231-250. Closest available
SJR year is 1999. (Q2)
23. Narnhofer, H., & Thirring, W. (1991). Galilei-invariant quantum field theories with pair interactions: A review. International
Journal of Modern Physics A, 6(17), 2937-2970. Closest available SJR year is 1999. (Review Paper) (Q1)
24. Niculescu, C. P., Stroh, A., & Zsido, L. (2003). Noncommutative extensions of classical and multiple recurrence theorems.
Journal of Operator Theory, 50(1), 3-52. (Q2)
25. Peligrad, C. (1990). Duality type results and ergodic actions of simple lie groups on operator algebras. Rocky Mountain Journal
of Mathematics, 20(2), 503-510. Closest available SJR year is 1999. (Q3)
26. Peligrad, C. (1992). Compact actions commuting with ergodic actions and applications to crossed products. Transactions of the
American Mathematical Society, 331, 825-836. (Q1)
27. Peligrad, C. (2011). A Galois correspondence for compact group actions on C*-algebras. Journal of Functional Analysis, 261(5),
1227-1235 . (Q1)
28. Pinzari, C. (2007). Embedding ergodic actions of compact quantum groups on C*-algebras into quotient spaces. International
Journal of Mathematics, 18(2), 137-164. (Q1)
29. Rainone, T. (2016). Noncommutative topological dynamics. Proceedings of the London Mathematical Society, 112(5), 903-923.
(Q1)
30. Sakai, S. (2008). Operator algebras in dynamical systems. Cambridge University Press. (Book, 232 pages). (Listed in the Library
of Congress under the Main title: Operator algebras in dynamical systems : the theory of unbounded derivations in C*-algebras /
Shôichirô Sakai).
31. Shaio, J. (1988). Approximate equivalence for representations of C*-algebras and C*-dynamical systems. Journal of Functional
Analysis, 79(2), 332-341. Closest available SJR year is 1999. (Q1)

Calculations: `(x1) = 18, ω(x1) = 1, ν(x1) = 1/2, q(x1) = 1, and VS(x1) = 1+0.5+1
3

= 5
6

(see equation (6) in the paper). We have
n(x1) = 2.

`(y11) = 9, ω(y11) = 1, ν(y11) = 1/4, q(y11) = 3/4, and VS(y11) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y21) = 20, ω(y21) = 1, ν(y21) = 3/4, q(y21) = 1, and VS(y21) = (1 + 0.75 + 1)/3 = 11/12.
`(y31) = 19, ω(y31) = 1, ν(y31) = 1/2, q(y31) = 3/4, and VS(y31) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y41) = 33, ω(y41) = 1, ν(y41) = 1, q(y41) = 1, and VS(y41) = (1 + 1 + 1)/3 = 1.
`(y51) = 29, ω(y51) = 1, ν(y51) = 3/4, q(y51) = 3/4, and VS(y51) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y61) > 30, ω(y61) = 1, ν(y61) = 1, q(y61) = 1/4, and VS(y61) = (1 + 1 + 0.25)/3 = 3/4.
`(y71) = 32, ω(y71) = 1, ν(y71) = 1, q(y71) = 1, and VS(y71) = (1 + 1 + 1)/3 = 1.
`(y81) = 44, ω(y81) = 1, ν(y81) = 1, q(y81) = 1, and VS(y81) = (1 + 1 + 1)/3 = 1.
`(y91) = 21, ω(y91) = 1, ν(y91) = 3/4, q(y91) = 3/4, and VS(y91) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y10,1) = 25, ω(y10,1) = 1, ν(y10,1) = 3/4, q(y10,1) = 1/2, and VS(y10,1) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y11,1) = 13, ω(y11,1) = 1, ν(y11,1) = 1/2, q(y11,1) = 3/4, and VS(y11,1) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y12,1) = 20, ω(y12,1) = 1, ν(y12,1) = 3/4, q(y12,1) = 1/2, and VS(y12,1) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y13,1) = 17, ω(y13,1) = 1, ν(y13,1) = 1/2, q(y13,1) = 1, and VS(y13,1) = (1 + 0.5 + 1)/3 = 5/6.
`(y14,1) = 16, ω(y14,1) = 1, ν(y14,1) = 1/2, q(y14,1) = 3/4, and VS(y14,1) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y15,1) > 30, ω(y15,1) = 1, ν(y15,1) = 1, and VS(y15,1) = (1 + 1)/2 = 1.
`(y16,1) = 18, ω(y16,1) = 1, ν(y16,1) = 1/2, q(y16,1) = 1/2, and VS(y16,1) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y17,1) = 17, ω(y17,1) = 1, ν(y17,1) = 1/2, q(y17,1) = 1/2, and VS(y17,1) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y18,1) = 4, ω(y18,1) = 1, ν(y18,1) = 1/4, q(y18,1) = 3/4, and VS(y18,1) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y19,1) = 11, ω(y19,1) = 1, ν(y19,1) = 1/2, q(y19,1) = 1, and VS(y19,1) = (1 + 0.5 + 1)/3 = 5/6.
`(y20,1) = 48, ω(y20,1) = 1, ν(y20,1) = 1, q(y20,1) = 1, and VS(y20,1) = (1 + 1 + 1)/3 = 1.
`(y21,1) = 15, ω(y21,1) = 1, ν(y21,1) = 1/2, q(y21,1) = 1, and VS(y21,1) = (1 + 0.5 + 1)/3 = 5/6.
`(y22,1) = 20, ω(y22,1) = 1, ν(y22,1) = 3/4, q(y22,1) = 3/4, and VS(y22,1) = (1 + 0.75 + 0.75)/3 = 5/6.
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`(y23,1) = 34, ω(y23,1) = 3/4, ν(y23,1) = 1, q(y23,1) = 1, and VS(y23,1) = (0.75 + 1 + 1)/3 = 11/12.
`(y24,1) = 50, ω(y24,1) = 1, ν(y24,1) = 1, q(y24,1) = 3/4, and VS(y24,1) = (1 + 1 + 0.75)/3 = 11/12.
`(y25,1) = 8, ω(y25,1) = 1, ν(y25,1) = 1/4, q(y25,1) = 1/2, and VS(y25,1) = (1 + 0.25 + 0.5)/3 = 7/12.
`(y26,1) = 12, ω(y26,1) = 1, ν(y26,1) = 1/2, q(y26,1) = 1, and VS(y26,1) = (1 + 0.5 + 1)/3 = 5/6.
`(y27,1) = 9, ω(y27,1) = 1, ν(y27,1) = 1/4, q(y27,1) = 1, and VS(y27,1) = (1 + 0.25 + 1)/3 = 3/4.
`(y28,1) = 28, ω(y28,1) = 1, ν(y28,1) = 3/4, q(y28,1) = 1, and VS(y28,1) = (1 + 0.75 + 1)/3 = 11/12.
`(y29,1) = 21, ω(y29,1) = 1, ν(y29,1) = 3/4, q(y29,1) = 1, and VS(y29,1) = (1 + 0.75 + 1)/3 = 11/12.
`(y30,1) > 30, ω(y30,1) = 1, ν(y30,1) = 1, and VS(y30,1) = (1 + 1)/2 = 1.
`(y31,1) = 10, ω(y31,1) = 1, ν(y31,1) = 1/2, q(y31,1) = 1, and VS(y31,1) = (1 + 0.5 + 1)/3 = 5/6.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 5/6 3/4 2/3 7/12
Number 6 5 8 7 4 1

The scores CS(x1) and CS(x1)/n(x1) are given by:

CS(x1) =
5

6

»

(6)(1) + (5)(
11

12
) + (8)(

5

6
) + (7)(

3

4
) + (4)(

2

3
) +

7

12

–

=
515

24
≈ 21.45833333, and

CS(x1)

n(x1)
≈ 10.72916666.

Also,

CSesc(x1) =
1415

72
≈ 19.65277777 and

CSesc(x1)

n(x1)
=

1415

144
≈ 9.826388888.

Paper x2: Peligrad, C. (1988). Locally compact group actions on C*-algebras and compact subgroups. Journal of Functional Anal-
ysis, 76(1), 126-139. Closest available SJR year is 1999. (Q1). Number of self-citations is 7.

Citations
1. Dumitru, R. (2009). Simple and prime crossed products of C*-algebras by compact quantum group coactions. Journal of Func-
tional Analysis, 257(5), 1480-1492. (Q1)
2. Dumitru, R., & Peligrad C. (2012). Spectra for compact quantum group coactions and crossed products. Transactions of the
American Mathematical Society, 364, 3699-3713. (Q1)
3. Dumitru, R., & Peligrad P. (2013). Nuclear and type I C*-crossed products. Journal of Operator Theory, 69(1), 287-296. (Q2)
4. Gootman, E. C., Lazar, A. J., & Peligrad, C. (1994). Spectra for compact group actions. Journal of Operator Theory, 31(2),
381-399. Closest available SJR year is 1999. (Q3)
5. Gootman, E. C, & Lazar, A. J. (1996). Spectra for infinite tensor product type actions of compact groups. Canadian Journal of
Mathematics, 48(2), 330-342. (Q1)
6. Izuchi, K., & Ohno S. (1994). Selfadjoint commutators and invariant subspaces on the torus. Journal of Operator Theory, 31(1),
189-204. Closest available SJR year is 1999. (Q3)
7. Jang, S. Y. (1997). Spectral subspaces for compact group actions on C*-algebras. Bulletin of the Korean Mathematical Society,
34(4), 525-533. Closest available SJR year is 2004. (Q4)
8. Osterburg, J., & Peligrad C. (1991). A strong Connes spectrum for finite group actions of simple rings. Journal of Algebra, 142(2),
424-434. Closest available SJR year is 1999. (Q1)
9. Peligrad, C. (1992). Compact actions commuting with ergodic actions and applications to crossed products. Transactions of the
American Mathematical Society, 331, 825-836. Closest available SJR year is 1999. (Q1)
10. Peligrad, C., & Zsido, L. (2012). Maximal subalgebras of C*-algebras associated with periodic flows. Journal of Functional
Analysis, 262(8), 3626-3637. (Q1)
11. Quigg, J. C. (1996). Discrete C*-coactions and C*-algebraic bundles. Journal of the Australian Mathematical Society, 60(2),
204-221. Closest available SJR year is 1999. (Q3)
12. Szymanski, W., & Peligrad, C. (1994). Saturated actions of finite dimensional Hopf*-algebras on C*-algebras. Mathematica
Scandinavica, 75(2), 217-239. Closest available SJR year is 1999. (Q2)
13. Xiaochun, F. (1998). The invariant continuous-trace C*-algebras by the actions of compact Abelian groups. Chinese Annals of
Mathematics, 19: 489-498. Closest available SJR year is 1999. (Q4)

Calculations: `(x2) = 14, ω(x2) = 1, ν(x2) = 1/2, q(x2) = 1, and VS(x2) = 1+0.5+1
3

= 5
6
. We have n(x2) = 1.

`(y12) = 13, ω(y12) = 1, ν(y12) = 1/2, q(y12) = 1, and VS(y12) = (1 + 0.5 + 1)/3 = 5/6.
`(y22) = 15, ω(y22) = 1, ν(y22) = 1/2, q(y22) = 1, and VS(y22) = (1 + 0.5 + 1)/3 = 5/6.
`(y32) = 10, ω(y32) = 1, ν(y32) = 1/2, q(y32) = 3/4, and VS(y32) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y42) = 19, ω(y42) = 1, ν(y42) = 1/2, q(y42) = 1/2, and VS(y42) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y52) = 13, ω(y52) = 1, ν(y52) = 1/2, q(y52) = 1, and VS(y52) = (1 + 0.5 + 1)/3 = 5/6.
`(y62) = 16, ω(y62) = 1, ν(y62) = 1/2, q(y62) = 1/2, and VS(y62) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y72) = 9, ω(y72) = 1, ν(y72) = 1/4, q(y72) = 1/4, and VS(y72) = (1 + 0.25 + 0.25)/3 = 1/2.
`(y82) = 11, ω(y82) = 1, ν(y82) = 1/2, q(y82) = 1, and VS(y82) = (1 + 0.5 + 1)/3 = 5/6.
`(y92) = 12, ω(y92) = 1, ν(y92) = 1/2, q(y92) = 1, and VS(y92) = (1 + 0.5 + 1)/3 = 5/6.
`(y10,2) = 12, ω(y10,2) = 1, ν(y10,2) = 1/2, q(y10,2) = 1, and VS(y10,2) = (1 + 0.5 + 1)/3 = 5/6.
`(y11,2) = 18, ω(y11,2) = 1, ν(y11,2) = 1/2, q(y11,2) = 1/2, and VS(y11,2) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y12,2) = 23, ω(y12,2) = 1, ν(y12,2) = 3/4, q(y12,2) = 3/4, and VS(y12,2) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y13,2) = 10, ω(y13,2) = 1, ν(y13,2) = 1/2, q(y13,2) = 1/4, and VS(y13,2) = (1 + 0.5 + 0.25)/3 = 7/12.
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The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 5/6 3/4 2/3 7/12 1/2
Number 7 1 3 1 1

The score CS(x2) (= CS(x2)/n(x2)) is given by:

CS(x2) =
CS(x2)

n(x2)
=

CS(x2)

n(x2)
=

5

6

»

(7)(
5

6
) +

3

4
+ (3)(

2

3
) +

7

12
+

1

2

–

=
145

18
≈ 8.055555555.

Also,

CSesc(x2) =
CSesc(x2)

n(x2)
=

245

72
≈ 3.402777777.

Paper x3: Peligrad, C. (1980). Reflexive operator algebras on non-commutative hardy spaces. Mathematische Annalen, 253(2),
165-175. Closest available SJR year is 1999. (Q1). Number of self-citations is 1.

Citations
1. Bickerton, R. T., & Kakariadis, E. T. A. (2018). Free multivariate w*-semicrossed products: reflexivity and the bicommutant
property. Canadian Journal of Mathematics, 70(6), 1201-1235. (Q1)
2. Helmer, L. (2017). Reflexivity of non-commutative Hardy algebras. Journal of Functional Analysis, 272(7), 2752-2794. (Q1)
3. Ji, G. (2019). Subdiagonal algebras with Beurling type invariant subspaces. Journal of Mathematical Analysis and Applications,
480(2), (16 pages). (Q2)
4. Kakariadis, E. T. A. (2012). Semicrossed products and reflexivity. Journal of Operator Theory, 67(2), 379-395. (Q2)
5. Loginov, A. I., & Shulman, V. S. (1991). Invariant subspaces of operator algebras. Journal of Mathematical Sciences, 54, 1177-
1236. Closest available SJR year is 1999. (Q3)
6. Peligrad, C. (2016). Invariant subspaces of algebras of analytic elements associated with periodic flows on W*-algebras. Houston
Journal of Mathematics, 42(4), 1331-1344. (Q3)

Calculations: `(x3) = 11, ω(x3) = 1, ν(x3) = 1/2, q(x3) = 1, and VS(x3) = 1+0.5+1
3

= 5
6
. We have n(x3) = 1.

`(y13) = 35, ω(y13) = 1, ν(y13) = 1, q(y13) = 1, and VS(y13) = (1 + 1 + 1)/3 = 1.
`(y23) = 43, ω(y23) = 1, ν(y23) = 1, q(y23) = 1, and VS(y23) = (1 + 1 + 1)/3 = 1.
`(y33) = 16, ω(y33) = 1, ν(y33) = 1/2, q(y33) = 3/4, and VS(y33) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y43) = 17, ω(y43) = 1, ν(y43) = 1/2, q(y43) = 3/4, and VS(y43) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y53) = 60, ω(y53) = 1, ν(y53) = 1, q(y53) = 1/2, and VS(y53) = (1 + 1 + 0.5)/3 = 5/6.
`(y63) = 14, ω(y63) = 1, ν(y63) = 1/2, q(y63) = 1/2, and VS(y63) = (1 + 0.5 + 0.5)/3 = 2/3.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 5/6 3/4 2/3
Number 2 1 2 1

The score CS(x3) (= CS(x3)/n(x3)) is given by:

CS(x3) =
CS(x3)

n(x3)
=

5

6

»

2 +
5

6
+ (2)(

3

4
) +

2

3

–

=
25

6
≈ 4.166666666.

Also,

CSesc(x3) =
CSesc(x3)

n(x3)
=

65

18
≈ 3.611111111.

Paper x4: Christensen, E., & Peligrad, C. (1980). Commutants of nest algebras modulo the compact operators. Inventiones Mathe-
maticae, 56(1), 113-116. Closest available SJR year is 1999. (Q1). Number of self-citations is 1.

Citations
1. Apostol, C., & Davidson, K. R. (1988). Isomorphisms modulo the compact operators of nest algebras II. Duke Mathematical
Journal, 56(1), 101-127. Closest available SJR year is 1999. (Q1)
2. Davidson, K. R. (1983). The essential commutant of CSL algebras. Indiana University Mathematics Journal, 32(5), 761-771.
Closest available SJR year is 1999. (Q1)
3. Davidson, K. R., & Wagner, B. H. (1984). Automorphisms of quasitriangular algebras. Journal of Functional Analysis, 59,
612-627. Closest available SJR year is 1999. (Q1)
4. Erdos, J. A., & Giotopoulos, S. (1984). On some commutators of operators. Journal of Operator Theory, 12(1), 47-64. Closest
available SJR year is 1999. (Q3)
5. Gilfeather, F., & Larson D. R. (1982). Nest-subalgebras of von Neumann algebras: commutants modulo compacts and distance
estimates. Journal of Operator Theory, 7(2), 279-302. Closest available SJR year is 1999. (Q3)
6. Gilfeather, F., & Larson, D. R. (1983). Commutants modulo the compact operators of certain CSL algebras II. Integral Equations
and Operator Theory, 6, 345-356. Closest available SJR year is 1999. (Q3)
7. Gilfeather, F, & Larson DR. (1983). Nest-subalgebras of von Neumann algebras: Commutants modulo the Jacobson radical.
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Journal of Operator Theory, 10(1), 95-118. Closest available SJR year is 1999. (Q3)
8. Gilfeather, F., Hopenwasser, A., & Larson, D. R. (1984). Reflexive algebras with finite width lattices: tensor products, cohomology,
compact perturbations. Journal of Functional Analysis, 55(2), 176-199. Closest available SJR year is 1999. (Q1)
9. Knowles, G. J. (1987). Quotients of nest algebras with trivial commutator. Pacific Journal of Mathematics, 127(1), 121-126.
Closest available SJR year is 1999. (Q2)
10. Peligrad, C. (1986). Compact derivations of nest algebras. Proceedings of the American Mathematical Society, 97, 668-672.
Closest available SJR year is 1999. (Q2)
11. Wagner, B. (1984). Derivations of quasitriangular algebras. Pacific Journal of Mathematics, 114(1), 243-255. Closest available
SJR year is 1999. (Q2)
12. Wagner, B. H. (1991). Quasidiagonal operator algebras. Illinois Journal of Mathematics, 35(3), 451-467. Closest available SJR
year is 1999. (Q2)
13. Young, N. J. (1084). Orbits of the unit sphere of L(H,K) under symmetric transformations. Journal of Operator Theory, 11(1),
171-191. Closest available SJR year is 1999. (Q3)

Calculations: `(x4) = 4, ω(x4) = 1, ν(x4) = 1/4, q(x4) = 1, and VS(x4) = 1+0.25+1
3

= 3
4
. We have n(x4) = 2.

`(y14) = 27, ω(y14) = 1, ν(y14) = 3/4, q(y14) = 1, and VS(y14) = (1 + 0.75 + 1)/3 = 11/12.
`(y24) = 11, ω(y24) = 1, ν(y24) = 1/2, q(y24) = 1, and VS(y24) = (1 + 0.5 + 1)/3 = 5/6.
`(y34) = 16, ω(y34) = 1, ν(y34) = 1/2, q(y34) = 1, and VS(y34) = (1 + 0.5 + 1)/3 = 5/6.
`(y44) = 18, ω(y44) = 1, ν(y44) = 1/2, q(y44) = 1/2, and VS(y44) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y54) = 24, ω(y54) = 1, ν(y54) = 3/4, q(y54) = 1/2, and VS(y54) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y64) = 12, ω(y64) = 1, ν(y64) = 1/2, q(y64) = 1/2, and VS(y64) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y74) = 24, ω(y74) = 1, ν(y74) = 3/4, q(y74) = 1/2, and VS(y74) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y84) = 24, ω(y84) = 1, ν(y84) = 3/4, q(y84) = 1, and VS(y84) = (1 + 0.75 + 1)/3 = 11/12.
`(y94) = 6, ω(y94) = 1, ν(y94) = 1/4, q(y94) = 3/4, and VS(y94) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y10,4) = 5, ω(y10,4) = 1, ν(y10,4) = 1/4, q(y10,4) = 3/4, and VS(y10,4) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y11,4) = 13, ω(y11,4) = 1, ν(y11,4) = 1/2, q(y11,4) = 3/4, and VS(y11,4) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y12,4) = 17, ω(y12,4) = 1, ν(y12,4) = 1/2, q(y12,4) = 3/4, and VS(y12,4) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y13,4) = 21, ω(y13,4) = 1, ν(y13,4) = 3/4, q(y13,4) = 1/2, and VS(y13,4) = (1 + 0.75 + 0.5)/3 = 3/4.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 11/12 5/6 3/4 2/3
Number 2 2 5 4

The scores CS(x4) and CS(x4)/n(x4) are given by:

CS(x4) =
3

4

»

(2)(
11

12
) + (2)(

5

6
) + (5)(

3

4
) + (4)(

2

3
)

–

=
119

16
= 7.4375, and

CS(x4)

n(x4)
= 3.71875.

Also,

CSesc(x4) =
111

16
= 6.9375, and

CSesc(x4)

n(x4)
=

111

32
= 3.46875.

Paper x5: Peligrad, C. (1981). Derivations of C*-Algebras which are invariant under an automorphism group, . Topics in Modern
Operator Theory, 5th International Conference on Operator Theory, Timisoara and Herculane (Romania), June 2-12, 1980 (part of
the Book Series: Operator theory: Advances and applications, Vol. 2, 259-268).
(Conference paper, not related to computer science). Listed in the Library of Congress. Number of self-citations is 3.
Remark: It should be noted that Operator Theory: Advances and Applications is indexed by Scopus in the year 2019. Therefore,
the most relevant quartile score of the book series could be determined. Closest available SJR year is 2008. (Q4).

Citations
1. Bratteli, O., & Jorgensen, P. E. T. (1982). Unbounded derivations tangential to compact groups of automorphisms. Journal of
Functional Analysis, 48(1), 107-133. Closest available SJR year is 1999. (Q1)
2. Bratteli, O., & Evans, D. E. (1983). Dynamical semigroups commuting with compact abelian actions. Ergodic Theory and
Dynamical Systems, 3(2), 187-217. Closest available SJR year is 1999. (Q1)
3. Goodman, F., & Jorgensen, P. E. T. (1981). Unbounded derivations commuting with compact group actions. Communications in
Mathematical Physics, 82, 399-405. Closest available SJR year is 1999. (Q1)
4. Goodman, F.M. , & Jorgensen, P. E. T. (1983). Lie algebras of unbounded derivations. Journal of Functional Analysis, 52(3),
369-384. Closest available SJR year is 1999. (Q1)
5. Goodman, F. M., Jorgensen, P. E. T., & Peligrad, C. (1986). Smooth derivations commuting with Lie group actions. Mathematical
Proceedings of the Cambridge Philosophical Society, 99(2), 307-314. Closest available SJR year is 1999. (Q1)
6. Jorgensen, P. E. T. (1982). Extensions of unbounded*-derivations in UHF C*-algebras. Journal of Functional Analysis, 45(3),
341-356. Closest available SJR year is 1999. (Q1)
7. Longo, R., & Peligrad, C. (1984). Noncommutative topological dynamics and compact actions on C*-algebras. Journal of Func-
tional Analysis, 58(2), 157-174. Closest available SJR year is 1999. (Q1)
8. Peligrad, C. (1982). Derivations of C*-Algebras which are Invariant under an Automorphism Group. II, (Conference paper,
not related to computer science). Invariant Subspaces and Other Topics (part of the Book Series: Operator theory: Advances
and applications, Vol. 6, 181-194). Closest available SJR year is 2008. (Q4)
9. Sakai, S. (2008). Operator algebras in dynamical systems. Cambridge University Press. (Book, 232 pages). (Listed in the Library
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of Congress under the Main title: Operator algebras in dynamical systems : the theory of unbounded derivations in C*-algebras /
Shôichirô Sakai).

Calculations: `(x5) = 10, ω(x5) = 1/2, ν(x5) = 1/2, q(x5) = 1/4, and VS(x5) = 0.5+0.5+0.25
3

= 5
12

. We have n(x5) = 1.

`(y15) = 27, ω(y15) = 1, ν(y15) = 3/4, q(y15) = 1, and VS(y15) = (1 + 0.75 + 1)/3 = 11/12.
`(y25) = 31, ω(y25) = 1, ν(y25) = 1, q(y25) = 1, and VS(y25) = (1 + 1 + 1)/3 = 1.
`(y35) = 7, ω(y35) = 1, ν(y35) = 1/4, q(y35) = 1, and VS(y35) = (1 + 0.25 + 1)/3 = 3/4.
`(y45) = 16, ω(y45) = 1, ν(y45) = 1/2, q(y45) = 1, and VS(y45) = (1 + 0.5 + 1)/3 = 5/6.
`(y55) = 8, ω(y55) = 1, ν(y55) = 1/4, q(y55) = 1, and VS(y55) = (1 + 0.25 + 1)/3 = 3/4.
`(y65) = 16, ω(y65) = 1, ν(y65) = 1/2, q(y65) = 1, and VS(y65) = (1 + 0.5 + 1)/3 = 5/6.
`(y75) = 18, ω(y75) = 1, ν(y75) = 1/2, q(y75) = 1, and VS(y75) = (1 + 0.5 + 1)/3 = 5/6.
`(y85) = 14, ω(y85) = 1/2, ν(y85) = 1/2, q(y85) = 1/4, and VS(y85) = (1 + 0.5 + 0.25)/3 = 5/12.
`(y95) > 30 (Book), ω(y95) = 1, ν(y95) = 1, and VS(y95) = (1 + 1)/2 = 1.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 5/6 3/4 5/12

Number 2 1 3 2 1

The score CS(x5) (= CS(x5)/n(x5)) is given by:

CS(x5) =
CS(x5)

n(x5)
=

5

12

»

2 +
11

12
+ (3)(

5

6
) + (2)(

3

4
) +

5

12

–

=
55

18
≈ 3.055555555.

Also,

CSesc(x5) =
CSesc(x5)

n(x5)
=

20

9
≈ 2.222222222.

Paper x6: Szymanski, W., & Peligrad, C. (1994). Saturated actions of finite dimensional Hopf*-algebras on C*-algebras. Mathematica
Scandinavica, 75, 217-239. Closest available SJR year is 1999. (Q2).

Citations
1. Dumitru, R. (2009). Simple and prime crossed products of C*-algebras by compact quantum group coactions. Journal of Func-
tional Analysis, 257(5), 1480-1492. (Q1)
2. Jeong, J. A., & Park, G. H. (2008). Saturated actions by finite-dimensional Hopf*-algebras on C*-algebras. International Journal
of Mathematics, 19(2), 125-144. (Q1)
3. Kodaka, K., & Teruya, T. (2009). Inclusions of unital C*-algebras of index-finite type with depth 2 induced by saturated actions
of finite dimensional C*-Hopf algebras. Mathematica Scandinavica, 104(2), 221-248. (Q2)
4. Kodaka, K. (2017). Equivariant Picard groups of C*-algebras with finite dimensional C*-Hopf algebra coactions. Rocky Mountain
Journal of Mathematics, 47(5), 1565-1615. (Q3)
5. Kodaka, K., & Teruya, T. (2018). The strong Morita equivalence for inclusions of C*-algebras and conditional expectations for
equivalence bimodules. Journal of the Australian Mathematical Society, 105(1), 103-144. (Q2)
6. Muger, M. (1998). Quantum Double Actions on Operator Algebras and Orbifold Quantum Field Theories. Communications in
Mathematical Physics, 191, 137-181. (Q1)

Calculations: `(x6) = 23, ω(x6) = 1, ν(x6) = 3/4, q(x6) = 3/4, and VS(x6) = 1+0.75+0.75
3

= 5
6
. We have n(x7) = 2.

`(y16) = 13, ω(y16) = 1, ν(y16) = 1/2, q(y16) = 1, and VS(y16) = (1 + 0.5 + 1)/3 = 5/6.
`(y26) = 20, ω(y26) = 1, ν(y26) = 3/4, q(y26) = 1, and VS(y26) = (1 + 0.75 + 1)/3 = 11/12.
`(y36) = 28, ω(y36) = 1, ν(y36) = 3/4, q(y36) = 3/4, and VS(y36) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y46) = 51, ω(y46) = 1, ν(y46) = 1, q(y46) = 1/2, and VS(y46) = (1 + 1 + 0.5)/3 = 5/6.
`(y56) = 42, ω(y56) = 1, ν(y56) = 1, q(y56) = 3/4, and VS(y56) = (1 + 1 + 0.75)/3 = 11/12.
`(y66) = 45, ω(y66) = 1, ν(y66) = 1, q(y66) = 1, and VS(y66) = (1 + 1 + 1)/3 = 1.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 5/6
Number 1 2 3

The scores CS(x6) and CS(x6)/n(x6) are given by:

CS(x6) =
5

6

»

1 + (2)(
11

12
) + (3)(

5

6
)

–

=
5

6

»

1 +
13

3

–

= (
5

6
)(

16

3
) =

40

9
≈ 4.444444444, and

CS(x6)

n(x6)
≈ 2.222222222.

Also, as no self-citations are recorded, we have:

CSesc(x6)

n(x6)
=

CS(x6)

n(x6)
=

20

9
≈ 2.222222222.
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Paper x7: Merlevede, F., Peligrad, C., & Peligrad, M. (2012). Almost sure invariance principles via martingale approximation.
Stochastic Processes and their Applications, 122(1), 170-190. (Q1). Number of self-citations is 1.

Citations
1. Barrera, D., Peligrad, C., & Peligrad, M. (2016). On the functional CLT for stationary Markov chains started at a point. Stochastic
Processes and their Applications, 126(7), 1885-1900. (Q1)
2. Cuny, C., & Merlevede, F. (2014). On martingale approximations and the quenched weak invariance principle. The Annals of
Probability, 42(2), 760-793. (Q1)
3. Cuny, C., & Merlevede, F. (2015). Strong invariance principles with rate for reverse martingale differences and applications.
Journal of Theoretical Probability, 28, 137-183. (Q3)
4. Cuny, C., & Lin, M. (2016). Limit theorems for Markov chains by the symmetrization method. Journal of Mathematical Analysis
and Applications, 434(1), 52-83. (Q2)
5. Cuny, C., Dedecker, J., & Merlevede, F. (2018). On the Komlos, Major and Tusnady strong approximation for some classes of
random iterates. Stochastic Processes and their Applications, 128(4), 1347-1385. (Q1)
6. Dedecker, J., Merlevede, F., & Pene, F. (2013). Rates of convergence in the strong invariance principle for non-adapted sequences.
Application to Ergodic automorphisms of the torus. In: High Dimensional Probability VI, part of the Book Series: Progress in
probability, 113-138. (Conference Paper). (Q3)
7. Merlevede, F., Peligrad, M., & Utev, S. (2019). Functional Gaussian Approximation for Dependent Structures. (Book, Listed in
the Library of Congress).
8. Peligrad, M. (2015). Quenched Invariance Principles via Martingale Approximation. In: Asymptotic Laws and Methods in
Stochastics, part of the Book Series: Fields institute communications, pp. 149-165. Listed in Scopus, (Q3)
9. Yang, G., Miao, Y., & Zhang, X. (2013). An invariance principle for the law of the iterated logarithm for vector-valued additive
functionals of Markov chains. Mathematical Communications, 18, 79-86. (Q4)

Calculations: `(x7) = 21, ω(x7) = 1, ν(x7) = 3/4, q(x7) = 1, and VS(x7) = 1+0.75+1
3

= 11
12

. We have n(x7) = 3.

`(y17) = 6, ω(y17) = 1, ν(y17) = 1/4, q(y17) = 1, and VS(y17) = (1 + 0.25 + 1)/3 = 3/4.
`(y27) = 34, ω(y27) = 1, ν(y27) = 1, q(y27) = 1, and VS(y27) = (1 + 1 + 1)/3 = 1.
`(y37) = 47, ω(y37) = 1, ν(y37) = 1, q(y37) = 1/2, and VS(y37) = (1 + 1 + 0.5)/3 = 5/6.
`(y47) = 32, ω(y47) = 1, ν(y47) = 1, q(y47) = 3/4, and VS(y47) = (1 + 1 + 0.75)/3 = 11/12.
`(y57) = 39, ω(y57) = 1, ν(y57) = 1, q(y57) = 1, and VS(y57) = (1 + 1 + 1)/3 = 1.
`(y67) = 26, ω(y67) = 1/2 (conference paper not related to computer science), ν(y67) = 3/4, q(y67) = 1/2, and VS(y67) =
(0.5 + 0.75 + 0.5)/3 = 7/12.
`(y77) > 30, ω(y77) = 1, ν(y77) = 1, and VS(y77) = (1 + 1)/2 = 1.
`(y87) = 17, ω(y87) = 3/4 (Book Chapter), ν(y87) = 1/2, q(y87) = 1/2, and VS(y87) = (0.75 + 0.5 + 0.5)/3 = 7/12.
`(y97) = 8, ω(y97) = 1, ν(y97) = 1/4, q(y97) = 1/4, and VS(y97) = (1 + 0.25 + 0.25)/3 = 1/2.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 5/6 3/4 7/12 1/2
Number 3 1 1 1 2 1

The scores CS(x7) and CS(x7)/n(x7) are given by:

CS(x7) =
11

12

»

3 +
11

12
+

5

6
+

3

4
+ (2)(

7

12
) +

1

2

–

=
473

72
≈ 6.569444444, and

CS(x7)

n(x7)
≈ 2.189814814.

Also,

CSesc(x7) =
847

144
, and

CSesc(x7)

n(x7)
=

847

432
≈ 1.960648148.

Paper x8: Gootman, E. C., Lazar, A. J., & Peligrad, C. (1994). Spectra for compact group actions. Journal of Operator Theory,
31(2), 381-399. Closest available SJR year is 1999. (Q3). Number of self-citations is 2.

Citations
1. Dumitru, R., & Peligrad, C. (2012). Spectra for compact quantum group coactions and crossed products. Transactions of the
American Mathematical Society, 364, 3699-3713. (Q1)
2. Gardella, E., Hirshberg, I., & Santiago, L. (2017). Rokhlin dimension: duality, tracial properties, and crossed products. Ergodic
Theory and Dynamical Systems, 48 pages. (Q1)
3. Gootman, E. C., & Lazar, A. J. (1996). Spectra for infinite tensor product type actions of compact groups. Canadian Journal of
Mathematics, 48(2), 330-342. Closest available SJR year is 1999. (Q1)
4. Leung, C. W., & Ng, C. K. (2003). Invariant ideals of twisted crossed products. Mathematische Zeitschrift, 243, 409-421. (Q1)
5. Osterburg, J., & Yao, X. (1995). Fullness of connes spectra and the connes hopf kernel. Communications in Algebra, 23(3),
1027-1034. Closest available SJR year is 1999. (Q2)
6. Pasnicu, C., & Phillips, N. (2014). Permanence properties for crossed products and fixed point algebras of finite groups. Trans-
actions of the American Mathematical Society, 366, 4625-4648. (Q1)
7. Passer, B. W. (2019). Triviality of equivariant maps in crossed products and matrix algebras. Quarterly Journal of Mathematics,
70(1), 289-303. (Q2)
8. Schwieger, K., & Wagner, S. (2017). Part 1, Free actions of compact Abelian groups on C∗-algebras. Advances in Mathematics,
317(7), 224-266. (Q1)
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9. Szymanski, W., & Peligrad, C. (1994). Saturated actions of finite dimensional Hopf*-algebras on C*-algebras. Mathematica
Scandinavica, 75(2), 217-239. Closest available SJR year is 1999. (Q2)

Calculations: `(x8) = 19, ω(x8) = 1, ν(x8) = 1/2, q(x8) = 1/2, and VS(x8) = 1+0.5+0.5
3

= 2
3
. We have n(x8) = 3.

`(y18) = 15, ω(y18) = 1, ν(y18) = 1/2, q(y18) = 1, and VS(y18) = (1 + 0.5 + 1)/3 = 5/6.
`(y28) = 48, ω(y28) = 1, ν(y28) = 1, q(y28) = 1, and VS(y28) = (1 + 1 + 1)/3 = 1.
`(y38) = 13, ω(y38) = 1, ν(y38) = 1/2, q(y38) = 1, and VS(y38) = (1 + 0.5 + 1)/3 = 5/6.
`(y48) = 13, ω(y48) = 1, ν(y48) = 1/2, q(y48) = 1, and VS(y48) = (1 + 0.5 + 1)/3 = 5/6.
`(y58) = 8, ω(y58) = 1, ν(y58) = 1/4, q(y58) = 3/4, and VS(y58) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y68) = 24, ω(y68) = 1, ν(y68) = 3/4, q(y68) = 1, and VS(y68) = (1 + 0.75 + 1)/3 = 11/12.
`(y78) = 15, ω(y78) = 1, ν(y78) = 1/2, q(y78) = 3/4, and VS(y78) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y88) = 43, ω(y88) = 1, ν(y88) = 1, q88 = 1, and VS(y88) = (1 + 1 + 1)/3 = 1.
`(y98) = 23, ω(y98) = 1, ν(y98) = 3/4, q(y98) = 3/4, and VS(y98) = (1 + 0.75 + 0.75)/3 = 5/6.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 5/6 3/4 2/3

Number 2 1 4 1 1

The scores CS(x8) and CS(x8)/n(x8) are given by:

CS(x8) =
2

3

»

2 +
11

12
+ (4)(

5

6
) +

3

4
+

2

3

–

=
46

9
≈ 5.111111111, and

CS(x8)

n(x8)
≈ 1.703703703.

Also,

CSesc(x8) = 4, and
CSesc(x8)

n(x8)
=

4

3
≈ 1.333333333.

Paper x9: Peligrad, C. (1992). Compact actions commuting with ergodic actions and applications to crossed products. Transactions
of the American Mathematical Society, 331(2), 825-836. (Q1). Number of self-citations is 2.

Citations
1. Dumitru, R., & Peligrad, C. (2012). Spectra for compact quantum group coactions and crossed products. Transactions of the
American Mathematical Society, 364(7), 3699-3713. (Q1)
2. Peligrad, C. (2011). A Galois correspondence for compact group actions on C*-algebras. Journal of Functional Analysis, 261(5),
1227-1235. (Q1)

Calculations: `(x9) = 12, ω(x9) = 1, ν(x9) = 1/2, q(x9) = 1, and VS(x9) = 1+0.5+1
3

= 5
6
. We have n(x9) = 1.

`(y1,9) = 15, ω(y1,9) = 1, ν(y1,9) = 1/2, q(y1,9) = 1, and VS(y1,9) = (1 + 0.5 + 1)/3 = 5/6.
`(y2,9) = 9, ω(y2,9) = 1, ν(y2,9) = 1/4, q(y2,9) = 1, and VS(y2,9) = (1 + 0.25 + 1)/3 = 3/4.

The score CS(x9) (= CS(x9)/n(x9)) is given by:

CS(x9) =
CS(x9)

n(x9)
= (

5

6
)

»

5

6
+

3

4

–

=
95

72
≈ 1.319444444.

Also, as all citations are self-citations, we have:

CSesc(x9) =
CSesc(x9)

n(x9)
= 0.

Paper x10: Peligrad, C. (1982). Derivations of C*-algebras which are invariant under an automorphism group. II. Invariant Subspaces
and Other Topics, 6th International Conference on Operator Theory, Timisoara and Herculane (Romania), June 1-11, 1981 (part of
the Book Series: Operator theory: Advances and applications, Vol. 6, 181-194). (Conference paper, not related to computer
science). Listed in the Library of Congress. Closest available SJR year is 2008. (Q4). Number of self-citations is 1.

Citations
1. Bratteli, O., & Kishimoto, A. (1986). Derivations and free group actions on C*-algebras. Journal of Operator Theory, 15(2),
377-410. Closest available SJR year is 1999. (Q3)
2. Bratteli, O. (2006). Derivations, dissipations and group actions on C*-algebras. Part of the Book Series: Lecture notes in mathe-
matics, 276 pages (Book). (Q4)
3. Dumitru, R., & Peligrad, C. (2007). Compact quantum group actions on C*-algebras and invariant derivations. Proceedings of
the American Mathematical Society, 135, 3977-3984. (Q2)
4. Goodman, F., & Jorgensen, P. E. T. (1981). Unbounded derivations commuting with compact group actions. Communications in
Mathematical Physics, 82, 399-405. Closest available SJR year is 1999. (Q1)

Calculations: `(x10) = 14, ω(x10) = 1/2, ν(x10) = 1/2, q(x10) = 1/4, and VS(x10) = 0.5+0.5+0.25
3

= 5
12

. We have n(x10) = 1.
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`(y1,10) = 34, ω(y1,10) = 1, ν(y1,10) = 1, q(y1,10) = 1/2, and VS(y1,10) = (1 + 1 + 0.5)/3 = 5/6.
`(y2,10) > 30, ω(y2,10) = 1, ν(y2,10) = 1, q(y2,10) = 1/4, and VS(y2,10) = (1 + 1 + 0.25)/3 = 3/4.
`(y3,10) = 8, ω(y3,10) = 1, ν(y3,10) = 1/4, q(y3,10) = 3/4, and VS(y3,10) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y4,10) = 7, ω(y4,10) = 1, ν(y4,10) = 1/4, q(y4,10) = 1, and VS(y4,10) = (1 + 0.25 + 1)/3 = 3/4.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 5/6 3/4 2/3
Number 1 2 1

The score CS(x10) (= CS(x10)/n(x10)) is given by:

CS(x10) =
CS(x10)

n(x10)
=

5

12

»

5

6
+ (2)(

3

4
) +

2

3

–

=
5

4
= 1.25.

Also,

CSesc(x10) =
CSesc(x10)

n(x10)
=

35

36
≈ 0.972222222.

Paper x11: Peligrad, C. (1979). Invariant subspaces of von Neumann algebras. II. Proceedings of the American Mathematical Society,
73, 346-350. Closest available SJR year is 1999. (Q2).

Citations
1. Loginov, A., & Shul’man, V. (1991). Invariant subspaces of operator algebras. Journal of Soviet Mathematics (Continued as:
Journal of Mathematical Sciences), 54(5), 1177-1236 . Closest available SJR year is 1999. (Q3)
2. Stratila, S., & Zsido, L. (2019). Lectures on von Neumann algebras. Cambridge University Press. (Book, 427 pages). Listed in
the Library of Congress under the title: Lectures on von Neumann algebras / Şerban Valentin Strătilă, László Zsidó.

Calculations: `(x11) = 5, ω(x11) = 1, ν(x11) = 1/4, q(x11) = 3/4, and VS(x11) = 1+0.25+0.75
3

= 2
3
. We have n(x11) = 1.

`(y1,11) = 60, ω(y1,11) = 1, ν(y1,11) = 1, q(y1,11) = 1/2, and VS(y1,11) = (1 + 1 + 0.5)/3 = 5/6.
`(y2,11) > 30, ω(y2,11) = 1, ν(y2,11) = 1, and VS(y2,11) = (1 + 1)/2 = 1.

As there are no self-citations and the number of authors of x11 is 1, we have:

CSesc(x11)

n(x11)
=

CS(x11)

n(x11)
= CS(x11) = (

2

3
)

»

1 +
5

6

–

=
11

9
≈ 1.222222222.

Paper x12: Peligrad, M., & Peligrad, C. (2011). ON the invariance principle under martingale approximation. Stochastics and
Dynamics, 11(1), 95-105. (Q2). Number of self-citations is 1.

Citations
1. Cohen, G., & Conze, J. (2013). The CLT for rotated ergodic sums and related processes. Discrete and Continuous Dynamical
Systems-Series A, 33(9), 3981-4002. (Q2)
2. Klicnarova, J., & Volnyz, D. (2013). On Zhao-Woodroofe’s condition for martingale approximation. Electronic Communications
in Probability, 18, 1-8. (Q2)
3. Merlevede, F., Peligrad, C., & Peligrad, M. (2012). Almost sure invariance principles via martingale approximation. Stochastic
Processes and their Applications, 122(1), 170-190. (Q1)
4. Zhang, L., & Zhang, Y. (2015). Asymptotics for a class of dependent random variables. Statistics and Probability Letters, 105,
47-56. (Q2)

Calculations: `(x12) = 11, ω(x12) = 1, ν(x12) = 1/2, q(x12) = 3/4, and VS(x12) = 1+0.5+0.75
3

= 3
4
. We have n(x12) = 2.

`(y1,12) = 22, ω(y1,12) = 1, ν(y1,12) = 3/4, q(y1,12) = 3/4, and VS(y1,12) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y2,12) = 8, ω(y2,12) = 1, ν(y2,12) = 1/4, q(y2,12) = 3/4, and VS(y2,12) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y3,12) = 21, ω(y3,12) = 1, ν(y3,12) = 3/4, q(y3,12) = 1, and VS(y3,12) = (1 + 0.75 + 1)/3 = 11/12.
`(y4,12) = 10, ω(y4,12) = 1, ν(y4,12) = 1/2, q(y4,12) = 3/4, and VS(y4,12) = (1 + 0.5 + 0.75)/3 = 3/4.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 11/12 5/6 3/4 2/3
Number 1 1 1 1

The scores CS(x12) and CS(x12)/n(x12) are given by:

CS(x12) =
3

4

»

11

12
+

5

6
+

3

4
+

2

3

–

=
19

8
= 2.375, and

CS(x12)

n(x12)
= 1.1875.
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Also,

CSesc(x12) =
27

16
, and

CSesc(x12)

n(x12)
=

27

32
= 0.84375.

Paper x13: Osterburg, J., & Peligrad, C. (1991). A strong Connes spectrum for finite group actions of simple rings. Journal of
Algebra, 142(2), 424-434. Closest available SJR year is 1999. (Q1). Number of self-citations is 1.

Citations
1. Alfaro, R. (1992). T-Galois extensions on rings and a submodule correspondence. Communications in Algebra, 20(6), 1777-1786.
Closest available SJR year is 1999. (Q2)
2. Alfaro, R. (1992). Non-commutative separability and group actions, Publicacions Matematiques, 36(2A), 359-367. Closest avail-
able SJR year is 2003. (Q4)
3. Oinert, J. (2014). Simplicity of skew group rings of abelian groups. Communications in Algebra, 42(2), 831-841. (Q2)
4. Szymanski, W., & Peligrad, C. (1994). Saturated actions of finite dimensional Hopf*-algebras on C*-algebras. Mathematica
Scandinavica, 75(2), 217-239. Closest available SJR year is 1999. (Q2)

Calculations: `(x13) = 11, ω(x13) = 1, ν(x13) = 1/2, q(x13) = 1, and VS(x13) = 1+0.5+1
3

= 5
6
. We have n(x13) = 2.

`(y1,13) = 10, ω(y1,13) = 1, ν(y1,13) = 1/2, q(y1,13) = 3/4, and VS(y1,13) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y2,13) = 9, ω(y2,13) = 1, ν(y2,13) = 1/4, q(y2,13) = 1/4, and VS(y2,13) = (1 + 0.25 + 0.25)/3 = 1/2.
`(y3,13) = 11, ω(y3,13) = 1, ν(y3,13) = 1/2, q(y3,13) = 3/4, and VS(y3,13) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y4,13) = 23, ω(y4,13) = 1, ν(y4,13) = 3/4, q(y4,13) = 3/4, and VS(y4,13) = (1 + 0.75 + 0.75)/3 = 5/6.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 5/6 3/4 1/2
Number 1 2 1

The scores CS(x13) of x13 and CS(x13)/n(x13) are given by:

CS(x13) =
5

6

»

5

6
+ (2)(

3

4
) +

1

2

–

=
85

36
≈ 2.361111111, and

CS(x13)

n(x13)
≈ 1.180555555.

Also,

CSesc(x13) =
5

3
, and

CSesc(x13)

n(x13)
=

5

6
≈ 0.833333333.

Paper x14: Dumitru, R., & Peligrad, C. (2007). Compact quantum group actions on C*-algebras and invariant derivations. Proceed-
ings of the American Mathematical Society, 135(12), 3977-3984. (Q2). Number of self-citations is 3.

Citations
1. Dumitru, R. (2009). Simple and prime crossed products of C*-algebras by compact quantum group coactions. Journal of Func-
tional Analysis, 257(5), 1480-1492. (Q1)
2. Dumitru, R., & Peligrad, C. (2012). Spectra for compact quantum group coactions and crossed products. Transactions of the
American Mathematical Society, 364(7), 3699-3713. (Q1)
3. Dumitru, R., & Peligrad, C. (2013). Nuclear and type I C*-crossed products. Journal of Operator Theory, 69(1), 287-296. (Q2)
4. Peligrad, C. (2011). A Galois correspondence for compact group actions on C*-algebras. Journal of Functional Analysis, 261(5),
1227-1235. (Q1)

Calculations: `(x14) = 8, ω(x14) = 1, ν(x14) = 1/4, q(x14) = 3/4, and VS(x14) = 1+0.25+0.75
3

= 2
3
. We have n(x14) = 2.

`(y1,14) = 13, ω(y1,14) = 1, ν(y1,14) = 1/2, q(y1,14) = 1, and VS(y1,14) = (1 + 0.5 + 1)/3 = 5/6.
`(y2,14) = 15, ω(y2,14) = 1, ν(y2,14) = 1/2, q(y2,14) = 1, and VS(y2,14) = (1 + 0.5 + 1)/3 = 5/6.
`(y3,14) = 10, ω(y3,14) = 1, ν(y3,14) = 1/2, q(y3,14) = 3/4, and VS(y3,14) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y4,14) = 9, ω(y4,14) = 1, ν(y4,14) = 1/4, q(y4,14) = 1, and VS(y4,14) = (1 + 0.25 + 1)/3 = 3/4.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 5/6 3/4
Number 2 2

The scores CS(x14) and CS(x14)/n(x14) are given by

CS(x14) =
2

3

»

(2)(
5

6
) + (2)(

3

4
)

–

=
19

9
≈ 2.111111111, and

CS(x14)

n(x14)
=

19

18
≈ 1.055555555.

Also,

CSesc(x14) =
5

9
, and

CSesc(x14)

n(x14)
=

5

18
≈ 0.277777777.
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Paper x15: Peligrad, C. (2004). Strictly Cyclic Operator Algebras on Banach Spaces. Integral Equations and Operator Theory, 48(4),
557-560. (Q2). Number of self-citations is 1.

Citations
1. Chen, Q., & Fang, X. (2012). Strictly cyclic functionals, reflexivity, and hereditary reflexivity of operator algebras. Abstract and
Applied Analysis, (12 pages). (Q2)
2. Dumitru, R., Peligrad, C., & Visinescu, B. (2011). Reflexivity of operator algebras of finite split strict multiplicity. Operators and
Matrices, 5(2), 221-226. (Q3)

Calculations: `(x15) = 4, ω(x15) = 1, ν(x15) = 1/4, q(x15) = 3/4, and VS(x15) = 1+0.25+0.75
3

= 2
3
. We have n(x15) = 1.

`(y1,15) = 12, ω(y1,15) = 1, ν(y1,15) = 1/2, q(y1,15) = 3/4, and VS(y1,15) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y2,15) = 6, ω(y2,15) = 1, ν(y2,15) = 1/4, q(y2,15) = 1/2, and VS(y2,15) = (1 + 0.25 + 0.5)/3 = 7/12.

The score CS(x15) (= CS(x15)/n(x15)) is given by:

CS(x15) =
CS(x15)

n(x15)
= (

2

3
)

»

3

4
+

7

12

–

=
8

9
≈ 0.888888888.

Also,

CSesc(x15) =
CSesc(x15)

n(x15)
= 0.5.

Paper x16: Peligrad, C., & Rubinstein, S. (1984). Maximal subalgebras of C*-crossed products. Pacific Journal of Mathematics,
110(2), 325-333. Closest available SJR year is 1999. (Q2). Number of self-citations is 2.

Citations
1. McAsey, M., Muhly, P. S., & Saito, K. S. (1984). Non-self-adjoint crossed products. III: Infinite algebras. Journal of Operator
Theory, 12(1), 3-22. Closest available SJR year is 1999. (Q3)
2. Peligrad, C., & Zsido, L. (2012). Maximal subalgebras of C*-algebras associated with periodic flows. Journal of Functional
Analysis, 262(8), 3626-3637. (Q1)
3. Peligrad, C. (2018). A solution of the maximality problem for one-parameter dynamical systems. Advances in Mathematics, 329,
742-780. (Q1)

Calculations: `(x16) = 9, ω(x16) = 1, ν(x16) = 1/4, q(x16) = 3/4, and VS(x16) = 1+0.25+0.75
3

= 2
3
. We have n(x16) = 2.

`(y1,16) = 20, ω(y1,16) = 1, ν(y1,16) = 3/4, q(y1,16) = 1/2, and VS(y1,16) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y2,16) = 12, ω(y2,16) = 1, ν(y2,16) = 1/2, q(y2,16) = 1, and VS(y2,16) = (1 + 0.5 + 1)/3 = 5/6.
`(y3,16) = 39, ω(y3,16) = 1, ν(y3,16) = 1, q(y3,16) = 1, and VS(y3,16) = (1 + 1 + 1)/3 = 1.

The scores CS(x16) and CS(x16)/n(x16) are given by:

CS(x16) =
2

3

»

1 +
5

6
+

3

4

–

=
31

18
≈ 1.722222222, and

CS(x16)

n(x16)
=

31

36
≈ 0.861111111.

Also,

CSesc(x16) = 0.5, and
CSesc(x16)

n(x16)
= 0.25.

Paper x17: Peligrad, C. (1986). Compact derivations of nest algebras. Proceedings of the American Mathematical Society, 97(4),
668-672. Closest available SJR year is 1999. (Q2).

Citations
1. Andreolas, G., & Anoussis, M. (2017). Compact multiplication operators on nest algebras. Journal of Operator Theory, 77(1),
171-189. (Q2)
2. Jiankui, L. (1999). Compact and weakly compact derivations of certain CSL algebras. Taiwanese Journal of Mathematics, 3(2),
243-249. (Q4)

Calculations: `(x17) = 5, ω(x17) = 1, ν(x17) = 1/4, q(x17) = 3/4, and VS(x17) = 1+0.25+0.75
3

= 2
3
. We have n(x17) = 1.

`(y1,17) = 19, ω(y1,17) = 1, ν(y1,17) = 1/2, q(y1,17) = 3/4, and VS(y1,17) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y2,17) = 7, ω(y2,17) = 1, ν(y2,17) = 1/4, q(y2,17) = 1/4, and VS(y2,17) = (1 + 0.25 + 0.25)/3 = 1/2.

As there are no self-citations and the number of authors of x17 is one, we have:

CSesc(x17)

n(x17)
=

CS(x17)

n(x17)
= CS(x17) = (

2

3
)

»

3

4
+

1

2

–

=
5

6
≈ 0.833333333.
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Paper x18: Longla, M., Peligrad, C., & Peligrad, M. (2012). On the functional central limit theorem for reversible Markov chains
with nonlinear growth of the variance. Journal of Applied Probability, 49(4), 1091-1105. (Q2).

Citations
1. Basse-O’Connor, A., & Rosinski, J. (2013). On Levy’s equivalence theorem in Skorohod space. High Dimensional Probability VI,
The Banff Volume. Springer Basel, 219-225. Conference paper (not related to computer science).
See https://link.springer.com/book/10.1007/978-3-0348-0490-5 (Listed in the Library of Congress under the main title: High dimen-
sional probability VI : the Banff volume / [edited by] Christian Houdre).
2. Deligiannidis, G., Peligrad, M., & Utev, S. (2015). Asymptotic variance of stationary reversible and normal Markov processes.
Electronic Journal of Probability, 20, 26 pages. (Q1)
3. Longla, M. (2017). Remarks on limit theorems for reversible Markov processes and their applications. Journal of Statistical
Planning and Inference, 187, 28-43. (Q2)
4. Peligrad, M. (2013). Asymptotic Properties for Linear Processes of Functionals of Reversible or Normal Markov Chains. High
dimensional probability VI : the Banff volume. Springer Basel, 195-210. Conference paper (not related to computer science).
See https://link.springer.com/book/10.1007/978-3-0348-0490-5 (Listed in the Library of Congress under the main title: High dimen-
sional probability VI : the Banff volume / [edited by] Christian Houdre).
5. Peligrad, M., & Utev, S. (2016). On the invariance principle for reversible Markov chains. Journal of Applied Probability, 53(2),
593-599. (Q2)

Calculations: `(x18) = 15, ω(x18) = 1, ν(x18) = 1/2, q(x18) = 3/4, and VS(x18) = 1+0.5+0.75
3

= 3
4
. We have n(x18) = 3.

`(y1,18) = 7, ω(y1,18) = 1/2, ν(y1,18) = 1/4, and VS(y1,18) = (0.5 + 0.25)/2 = 3/8.
`(y2,18) = 26, ω(y2,18) = 1, ν(y2,18) = 3/4, q(y2,18) = 1, and VS(y2,18) = (1 + 0.75 + 1)/3 = 11/12.
`(y3,18) = 16, ω(y3,18) = 1, ν(y3,18) = 1/2, q(y3,18) = 3/4, and VS(y3,18) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y4,18) = 16, ω(y4,18) = 3/4, ν(y4,18) = 1/2, and VS(y4,18) = (0.5 + 0.5)/2 = 1/2.
`(y5,18) = 7, ω(y5,18) = 1, ν(y5,18) = 1/4, q(y5,18) = 3/4, and VS(y5,18) = (1 + 0.25 + 0.75)/3 = 2/3.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 11/12 3/4 2/3 1/2 3/8
Number 1 1 1 1 1

As there are no self-citations of x18, we have:

CSesc(x18) = CS(x18) =
3

4

»

11

12
+

3

4
+

2

3
+

1

2
+

3

8

–

=
77

32
= 2.40625, and

CSesc(x18)

n(x18)
=

CS(x18)

n(x18)
=

77

96
≈ 0.802083333.

Paper x19: Peligrad, C., & Zsido, L. (2012). Maximal subalgebras of C*-algebras associated with periodic flows. Journal of Func-
tional Analysis, 262(8), 3626-3637. (Q1). Number of self-citations is 1.

Citations
1. Kishimoto, A. (2013). Maximality of the analytic subalgebras of C*-algebras with flows. Journal of the Korean Mathematical
Society, 50(6), 1333-1348. (Q3)
2. Peligrad, C. (2018). A solution of the maximality problem for one-parameter dynamical systems. Advances in Mathematics, 329,
742-780. (Q1)

Calculations: `(x19) = 12, ω(x19) = 1, ν(x19) = 1/2, q(x19) = 1, and VS(x19) = 1+0.5+1
3

= 5
6
. We have n(x19) = 2.

`(y1,19) = 16, ω(y1,19) = 1, ν(y1,19) = 1/2, q(y1,19) = 1/2, and VS(y1,19) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y2,19) = 39, ω(y2,19) = 1, ν(y2,19) = 1, q(y2,19) = 1, and VS(y2,19) = (1 + 1 + 1)/3 = 1.

The scores CS(x19) and CS(x19)/n(x19) are given by

CS(x19) = (
5

6
)

»

2

3
+ 1

–

=
25

18
≈ 1.388888888, and

CS(x19)

n(x19)
=

25

36
≈ 0.694444444.

Also,

CSesc(x19) =
5

9
, and

CSesc(x19)

n(x19)
=

5

18
≈ 0.277777777.

Paper x20: Peligrad, C. (1990). A remark on invariant operator ranges. Integral Equations and Operator Theory, 13(1), 145-147.
Closest available SJR year is 1999. (Q3).

Citations
1. Fleming, R., Narayan, S., & Ong, S. (1992). A note on operator norm inequalities. Integral Equations and Operator Theory,
15(5), 722-729. Closest available SJR year is 1999. (Q3)
2. Ong, S. (1991). When is the range of a normal operator invariant? Integral Equations and Operator Theory, 14(3), 455-457.
Closest available SJR year is 1999. (Q3)
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Calculations: `(x20) = 3, ω(x20) = 1, ν(x20) = 1/4, q(x20) = 1/2, and VS(x20) = 1+0.25+0.5
3

= 7
12

. We have n(x20) = 1.

`(y1,20) = 8, ω(y1,20) = 1, ν(y1,20) = 1/4, q(y1,20) = 1/2, and VS(y1,20) = (1 + 0.25 + 0.5)/3 = 7/12.
`(y2,20) = 3, ω(y2,20) = 1, ν(y2,20) = 1/4, q(y2,20) = 1/2, and VS(y2,20) = (1 + 0.25 + 0.5)/3 = 7/12.

As there are no self-citations of x20 and the number of authors of the paper is one, we have:

CSesc(x20)

n(x20)
=

CS(x20)

n(x20)
= CS(x20) = (

7

12
)

»

7

12
+

7

12

–

=
49

72
≈ 0.680555555.

Paper x21: Peligrad, C. (2016). Invariant subspaces of algebras of analytic elements associated with periodic flows on W*-algebras.
Houston Journal of Mathematics, 42(4), 1331-1344. (Q3).

Citations
1. Bickerton, R., & Kakariadis, E. (2018). Free multivariate w*-semicrossed products: Reflexivity and the bicommutant property.
Canadian Journal of Mathematics, 70(6), 1201-1235. (Q1)

Calculations: `(x21) = 14, ω(x21) = 1, ν(x21) = 1/2, q(x21) = 1/2, and VS(x21) = 1+0.5+0.5
3

= 2
3
. We have n(x21) = 1.

`(y1,21) = 35, ω(y1,21) = ν(y1,21) = q(y1,21) = 1, and VS(y1,21) = (1 + 1 + 1)/3 = 1.

As there are no self-citations of x21 and the number of authors of the paper is one, we have:

CSesc(x21)

n(x21)
=

CS(x21)

n(x21)
= CS(x21) =

CS(x21)

n(x21)
= (

2

3
)(1) =

2

3
≈ 0.666666666.

Paper x22: Merlevede, F., Peligrad, C., & Peligrad, M. (2015). On the universality of spectral limit for random matrices with
martingale differences entries. Random Matrices: Theory and Applications, 4(1), 27 pages. Closest available SJR year is 2018. (Q2).

Citations
1. Chakrabarty, A., Hazra, R. S., & Sarkar, D. (2016). From random matrices to long range dependence. Random Matrices: Theory
and Applications, 5(2), 50 pages. Closest available SJR year is 2018. (Q2)
2. Lowe, M., & Schubert, K. (2019). On the limiting spectral density of random matrices filled with stochastic processes. Random
Operators and Stochastic Equations, 27(2), 23 pages. Closest available SJR year is 2018. (Q4)
3. Yaskov, P. (2016). Necessary and sufficient conditions for the Marchenko-Pastur theorem. Electronic Communications in Proba-
bility, 21, paper number 73, 1-8. (Q2)

Calculations: `(x22) = 27, ω(x22) = 1, ν(x22) = 3/4, q(x22) = 3/4, and VS(x22) = 1+0.75+0.75
3

= 5
6
. We have n(x22) = 3.

`(y1,22) = 50, ω(y1,22) = 1, ν(y1,22) = 1, q(y1,22) = 3/4, and VS(y1,22) = (1 + 1 + 0.75)/3 = 11/12.
`(y2,22) = 23, ω(y2,22) = 1, ν(y2,22) = 3/4, q(y2,22) = 1/4, and VS(y2,22) = (1 + 0.75 + 0.25)/3 = 2/3.
`(y3,22) = 8, ω(y3,22) = 1, ν(y3,22) = 1/4, q(y3,22) = 3/4, and VS(y3,22) = (1 + 0.25 + 0.75)/3 = 2/3.

As there are no self-citations of x22, we have:

CSesc(x22) = CS(x22) =
5

6

»

11

12
+ (2)(

2

3
)

–

=
15

8
= 1.875, and

CSesc(x22)

n(x22)
=

CS(x22)

n(x22)
=

5

8
= 0.625.

Paper x23: Barrera, D., Peligrad, C., & Peligrad, M. (2016). On the functional CLT for stationary Markov chains started at a point.
Stochastic Processes and their Applications, 126(7), 1885-1900. (Q1).

Citations
1. Giraudo, D. (2016). Integrability conditions on coboundary and transfer function for limit theorems. ALEA, Latin American
Journal of Probability and Mathematical Statistics, 13(1), 399-415. (Q2)
2. Jakubowski, A., & Truszczynski P. (2018). Quenched phantom distribution functions for Markov chains. Statistics and Probability
Letters, 137, 79-83. (Q3)
3. Zhang, N., Reding, L., & Peligrad, M. (2019). On the quenched central limit theorem for stationary random fields under projective
criteria. Journal of Theoretical Probability, 23 pages. (Q2)

Calculations: `(x23) = 6, ω(x23) = 1, ν(x23) = 1/4, q(x23) = 1, and VS(x23) = 1+0.25+1
3

= 3
4
. We have n(x23) = 3.

`(y1,23) = 17, ω(y1,23) = 1, ν(y1,23) = 1/2, q(y1,23) = 3/4, and VS(y1,23) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y2,23) = 5, ω(y2,23) = 1, ν(y2,23) = 1/4, q(y2,23) = 1/2, and VS(y2,23) = (1 + 0.25 + 0.5)/3 = 7/12.
`(y3,23) = 23, ω(y3,23) = 1, ν(y3,23) = 3/4, q(y3,23) = 3/4, and VS(y3,23) = (1 + 0.75 + 0.75)/3 = 5/6.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.
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Value Score 5/6 3/4 7/12
Number 1 1 1

As there are no self-citations of x23, we have:

CSesc(x23) = CS(x23) =
3

4

»

5

6
+

3

4
+

7

12

–

=
13

8
= 1.625, and

CSesc(x23)

n(x23)
=

CS(x23)

n(x23)
=

13

24
≈ 0.541666666.

Paper x24: Peligrad, C., & Peligrad, M. (2016). The limiting spectral distribution in terms of spectral density. Random Matrices:
Theory and Applications, 5(1), 19 pages. Closest available SJR year is 2018. (Q2).

Citations
1. Che, Z. (2017). Universality of random matrices with correlated entries. Electronic Journal of Probability, 22, paper number 30,
38 pages. (Q1)

Calculations: `(x24) = 19, ω(x24) = 1, ν(x24) = 1/2, q(x24) = 3/4, and VS(x24) = 1+0.5+0.75
3

= 3
4
. We have n(x24) = 2.

`(y1,24) = 38, ω(y1,24) = ν(y1,24) = q(y1,24) = 1, and VS(y1,24) = (1 + 1 + 1)/3 = 1.

As there are no self-citations of x24, we have:

CSesc(x24) = CS(x24) = (
3

4
)(1) =

3

4
= 0.75, and

CSesc(x24)

n(x24)
=

CS(x24)

n(x24)
= 0.375.

Paper x25: Dumitru, R., & Peligrad, C. (2012). Spectra for compact quantum group coactions and crossed products. Transactions
of the American Mathematical Society, 364, 3699-3713. (Q1). Number of self-citations is 1.

Citations
1. Dumitru, R., & Peligrad, C. (2013). Nuclear and Type I C∗-crossed products. Journal of Operator Theory, 69(1), 287-296. (Q2)

Calculations: `(x25) = 15, ω(x25) = 1, ν(x25) = 1/2, q(x25) = 1, and VS(x25) = 1+0.5+1
3

= 5
6
. We have n(x25) = 2.

`(y1,25) = 10, ω(y1,25) = 1, ν(y1,25) = 1/2, q(y1,25) = 3/4, and VS(y1,25) = (1 + 0.5 + 0.75)/3 = 3/4.

The scores CS(x25) and CS(x25)/n(x25) are given by:

CS(x25) = (
5

6
)(

3

4
) =

5

8
= 0.625, and

CS(x25)

n(x25)
=

5

16
= 0.3125.

Also, as the only citations of x25 is self-citation, we have:

CSesc(x25)

n(x25)
= CSesc(x25) = 0.

Paper x26: Merlevede, F., Peligrad, C., & Peligrad, M. (2014). Reflexive operator algebras on Banach spaces. Pacific Journal of
Mathematics, 267(2), 451-464. (Q1).

Citations
1. Hosseini, P. S., & Yousefi, B. (2019). On the J -reflexive sequences. Turkish Journal of Mathematics, 43(5), 2371-2376. Closest
available SJR year is 2018. (Q3).

Calculations: `(x26) = 14, ω(x26) = 1, ν(x26) = 1/2, q(x26) = 1, and VS(x26) = 1+0.5+1
3

= 5
6
. We have n(x26) = 3.

`(y1,26) = 6, ω(y1,26) = 1, ν(y1,26) = 1/4, q1,26 = 1/2, and VS(y1,26) = (1 + 0.25 + 0.5)/3 = 7/12.

As there are no self-citations of x26, we have

CSesc(x26) = CS(x26) = (
5

6
)(

7

12
) =

35

72
≈ 0.486111111, and

CSesc(x26)

n(x26)
=

CS(x26)

n(x26)
=

35

216
≈ 0.162037037.

Paper x27: Peligrad, C. (2018). A solution of the maximality problem for one-parameter dynamical systems. Advances in Mathe-
matics, 329, 742-780. (Q1). From (6), we get VS(x27) = 1. We have n(x27) = 1.

Paper x28: Peligrad, C. (2011). A Galois correspondence for compact group actions on C*-algebras. Journal of Functional Analysis,
261, 1227-1235. (Q1). From (6), we obtain VS(x28) = 3/4. We have n(x28) = 1.
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Paper x29: Peligrad, C. (1990). Duality type results and ergodic actions of simple lie groups on operator algebras. Rocky Mountain
Journal of Mathematics, 20(2), 503-510. Closest available SJR year is 1999; a Q3 journal. From (6), we get VS(x29) = 7/12. We
have n(x29) = 1.

Paper x30: Peligrad, C. (1975). Invariant subspaces of von Neumann algebras. Acta Scientiarum Mathematicarum (Szeged), 37(3-
4), 273-277. Closest available SJR year is 2007; a Q4 journal. From (6), we obtain VS(x30) = 1/2. We have n(x30) = 1.

Paper x31: Dumitru, R., & Peligrad, C. (2013). Nuclear and type I C*-crossed products. Journal of Operator Theory, 69(1), 287-296.
(Q2). From (6), we get VS(x31) = 3/4. We have n(x31) = 2.

Paper x32: Goodman, F., Jorgensen, P., & Peligrad C. (1986). Smooth derivations commuting with lie group actions. Mathematical
Proceedings of the Cambridge Philosophical Society, 99(2), 307-314. Closest available SJR year is 1999; a Q1 journal. From (6), we
obtain VS(x32) = 3/4. We have n(x32) = 3.

Paper x33: Peligrad, C., & Zsido, L. (1973). A Riesz decomposition theorem in W*-algebras. Acta Scientiarum Mathematicarum
(Szeged), 34, 317-322. Closest available SJR year is 2007; a Q4 journal. From (6), we get VS(x33) = 1/2. We have n(x33) = 2.

Paper x34: Dumitru, R., Peligrad, C., & Visinescu, B. (2011). Reflexivity of operator algebras of finite split strict multiplicity.
Operators and Matrices, 5, 221-226. (Q3). From (6), we obtain VS(x34) = 7/12. We have n(x34) = 3.

It follows from the value scores VS(xi) and the number of authors n(xi), i = 1, . . . , 34, that the creative work score CWS(P) of C.
Peligrad (see (10) in the paper) at the year 2019 is given by:

CWS(P) =
34

X

i=1

VS(xi)

n(xi)

= (5/12) + (5/6) + (5/6) + (3/8) + (5/12) + (5/12) + (11/36)+ (2/9) + (5/6) + (5/12)

+(2/3) + (3/8) + (5/12) + (1/3) + (2/3) + (1/3) + (2/3) + (1/4) + (5/12) + (7/12)

+(2/3) + (5/18) + (1/4) + (3/8) + (5/12) + (5/18) + 1 + (3/4) + (7/12) + (1/2)

+(3/8) + (1/4) + (1/4) + (7/36)

= 8 + (143/18) = (287/18)

≈ 15.94444444.

Also, from the calculated values
CS(xi)
n(xi)

, i = 1, . . . ,26, we see that the creative work citation score CWCS(P) of C. Peligrad (see

(11) in the paper) at the year 2019 is given by:

CWCS(P) =

26
X

i=1

CS(xi)

n(xi)

≈ 10.72916666+ 8.055555555+ 4.166666666+ 3.71875+ 3.055555555+ 2.222222222

+2.189814814+ 1.703703703+ 1.319444444+ 1.25 + 1.222222222+ 1.1875

+1.180555555+ 1.055555555+ 0.888888888+ 0.861111111+ 0.833333333+ 0.802083333

+0.694444444+ 0.680555555+ 0.666666666+ 0.625 + 0.541666666+ 0.375

+0.3125 + 0.162037037

= 31.94791664+ 8.872685183+ 5.621527775+ 3.583333331+ 0.474537037

= 50.49999996.

Furthermore, from the calculated values
CSesc(xi)

n(xi)
, i = 1, . . . , 26, we deduce that the score CWCSesc(P) of C. Peligrad (see (12) in

the paper) at the year 2019 is given by:

CWCSesc(P) =
26

X

i=1

CSesc(xi)

n(xi)

≈ 9.826388888+ 3.402777777+ 3.611111111+ 3.46875 + 2.222222222+ 2.222222222

+1.960648148+ 1.333333333+ 0.972222222+ 1.222222222+ 0.84375+ 0.833333333

+0.277777777+ 0.5 + 0.25 + 0.833333333+ 0.802083333+ 0.277777777+ 0.680555555

+0.666666666+ 0.625 + 0.541666666+ 0.375 + 0.162037037

= 24.75347221+ 7.165509258+ 3.621527775+ 2.370370369

= 37.91087961.
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Details of the Research Work of F. O. Farid

Paper x1: Farid, F. O. (1995). Criteria for the invertibility of diagonally dominant matrices. Linear Algebra and Its Applications,
215, 63-93. Closest available SJR year is 1999. (Q2). Number of self citations is four.

Citations
1. Bang, H. J., Gesbert, D., & Orten, P. (2012). On the rate gap between multi- and single-cell processing under opportunistic
scheduling. IEEE Transactions on Signal Processing, 60(1), 415-425. (Q1)
2. Cavenagh, N. J., Donovan, D. M., & Demirkale, F. (2017). Orthogonal trades in complete sets of MOLS. The Electronic Journal
of Combinatorics, 24(3), 15 pages. No SJR is available, but the journal is listed in the Library of Congress as a periodical.
3. Chen, L., Song, J.-S., & Zhang, Y. (2017). Serial inventory systems with Markov-modulated demand: Derivative bounds, asymp-
totic analysis, and insights. Operations Research, 65(5), 53 pages. (Q1)
4. Farid, F. O. (2005). `p-Diagonally dominant symmetric operators. Positivity, 9(1), 97-114. (Q3)
5. Farid, F. O., Wang, Q.-W., & Zhang, F. (2011). On the eigenvalues of quaternion matrices. Linear and Multilinear Algebra,
59(4), 451-473. (Q2)
6. Farid, F. O. (2011). Notes on matrices with diagonally dominant properties. Linear Algebra and Its Applications, 435(11),
2793-2812. (Q2)
7. Farid, F. O. (2019). On three classes of matrices with variants of the diagonal dominance property. Linear Algebra and Its
Applications, 579, 382-418. (Q1)
8. Gil, M. I. (2001). On invertibility and positive invertibility of matrices. Linear Algebra and its Applications, 327(1-3), 95-104.
(Q2)
9. Gil, M. I. (2003). Invertibility conditions for block matrices and estimates for norms of inverse matrices. The Rocky Mountain
Journal of Mathematics, 33(4), 1323-1335. (Q4)
10. Gil, M. I. (2003). Invertibility of Finite Matrices. In: Operator functions and localization of spectra. Lecture notes in mathemat-
ics. Springer, Berlin, Heidelberg; 2003. Volume 1830. pp. 35-48. Closest available SJR year is 2006. (Q4)
11. Moraca, N. (2017). Characterization of diagonally dominant H-matrices. Publications de l’Institut Mathematique, 101(115),
65-73. (Q4)
12. Shivakumar, P. N., Sivakumar, K. C., & Zhang, Y. (2016). Infinite Matrices and their Recent Applications. Switzerland: Springer
International Publishing. (Monograph. Listed in the Library of Congress under the Main title: Infinite matrices and their recent
applications / Pappur Nagappa Shivakumar).

Calculations: `(x1) = 31, ω(x1) = 1, ν(x1) = 1, q(x1) = 3/4, and VS(x1) = 1+1+0.75
3

= 11
12

(see equation (6) in the paper).

`(y11) = 11, ω(y11) = 1, ν(y11) = 1/2, q(y11) = 1, and VS(y11) = (1 + 0.5 + 1)/3 = 5/6.
`(y21) = 15, ω(y21) = 1, ν(y21) = 1/2, and VS(y21) = (1 + 0.5)/2 = 3/4.
`(y31) = 53, ω(y31) = 1, ν(y31) = 1, q(y31) = 1, and VS(y31) = (1 + 1 + 1)/3 = 1.
`(y41) = 18, ω(y41) = 1, ν(y41) = q(y41) = 1/2, and VS(y41) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y51) = 23, ω(y51) = 1, ν(y51) = q(y51) = 3/4, and VS(y51) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y61) = 20, ω(y61) = 1, ν(y61) = q(y61) = 3/4, and VS(y61) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y71) = 37, ω(y71) = ν(y71) = q(y71) = 1, and VS(y71) = (1 + 1 + 1)/3 = 1.
`(y81) = 10, ω(y81) = 1, ν(y81) = 1/2, q(y81) = 3/4, and VS(y81) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y91) = 13, ω(y91) = 1, ν(y91) = 1/2, q(y91) = 1/4, and VS(y91) = (1 + 0.5 + 0.25)/3 = 7/12.
`(y10,1) = 14, ω(y10,1) = 1, ν(y10,1) = 1/2, q(y10,1) = 1/4, and VS(y10,1) = (1 + 0.5 + 0.25)/3 = 7/12.
`(y11,1) = 9, ω(y11,1) = 1, ν(y11,1) = q(y11,1) = 1/4, and VS(y11,1) = (1 + 0.25 + 0.25)/3 = 1/2.
`(y12,1) > 30, ω(y12,1) = ν(y12,1) = 1, and VS(y12,1) = (1 + 1)/2 = 1.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 5/6 3/4 2/3 7/12 1/2
Number 3 3 2 1 2 1

The score CS(x1) (see (8) in the paper) is given by:

CS(x1) =
CS(x1)

n(x1)
=

11

12

»

(3)(1) + (3)(
5

6
) + (2)(

3

4
) + (

2

3
) + (2)(

7

12
+ (

1

2
))

–

=
77

9
≈ 8.555555555.

Also,

CSesc(x1) =
CSesc(x1)

n(x1)
=

11

2
= 5.5.

Paper x2: Farid, F. O. (1991). Spectral properties of perturbed linear operators and their application to infinite matrices. Proceedings
of the American Mathematical Society, 112(4), 1013-1022. Closest available SJR year is 1999. (Q2). Number of self-citations is three.

Citations
1. Farid, F. O. (1995). Criteria for invertibility of diagonally dominant matrices. Linear Algebra and Its Applications, 215, 63-93.
Closest available SJR year is 1999. (Q2)
2. Farid, F. O. (2005). `p-Diagonally Dominant Symmetric Operators. Positivity, 9(1), 97-114. (Q3)
3. Farid, F. O. (2019). On three classes of matrices with variants of the diagonal dominance property. Linear Algebra and Its
Applications, 579, 382-418. (Q1)
4. Gupta, A., & Khammash, M. (2014). Sensitivity analysis for stochastic chemical reaction networks with multiple time-scales.
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Electronic Journal of Probability, 19, 53 pages. (Q1)
5. Kloeckner, B. (2019). Effective perturbation theory for simple isolated eigenvalues of linear operators. Journal of Operator Theory,
81(1), 175-194. Closest available SJR year is (2018). (Q1)
6. Linden, H. (2002). Containment regions for zeros of analytic functions. Analysis, 22, 297-318. (Q3).
7. Nair, M. T. (1995). On spectral properties of perturbed operators. Proceedings of the American Mathematical Society, 123,
1845-1850. Closest available SJR year is 1999. (Q2)
8. Sendova, T., & Walton, J. R. (2010). A new approach to the modeling and analysis of fracture through extension of continuum
mechanics to the nanoscale. Mathematics and Mechanics of Solids, 15(3), 368-413. (Q1)
9. Shivakumar, P. N., Sivakumar, K.C., & Zhang, Y. (2016). Infinite Matrices and their Recent Applications. Switzerland: Springer
International Publishing. (Monograph. Listed in the Library of Congress under the Main title: Infinite matrices and their recent
applications / Pappur Nagappa Shivakumar).

Calculations: `(x2) = 10, ω(x2) = 1, ν(x2) = 1/2, q(x2) = 3/4, and VS(x2) = 1+0.5+0.75
3

= 3
4
.

`(y12) = 31, ω(y12) = ν(y12) = 1, q(12) = 3/4, and VS(y12) = (1 + 1 + 0.75)/3 = 11/12.
`(y22) = 18, ω(y22) = 1, ν(y22) = q(y22) = 1/2, and VS(y22) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y32) = 37, ω(y32) = ν(y32) = q(y32) = 1, and VS(y32) = (1 + 1 + 1)/3 = 1.
`(y42) = 53, ω(y42) = ν(y42) = q(y42) = 1, and VS(y42) = (1 + 1 + 1)/3 = 1.
`(y52) = 20, ω(y52) = 1, ν(y52) = 3/4, q(y52) = 1, and VS(y52) = (1 + 0.75 + 1)/3 = 11/12.
`(y62) = 22, ω(y62) = 1, ν(y62) = 3/4, q(y62) = 1/2, and VS(y62) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y72) = 6, ω(y72) = 1, ν(y72) = 1/4, q(y72) = 3/4, and VS(y72) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y82) = 46, ω(y82) = ν(y82) = q(y82) = 1, and VS(y82) = (1 + 1 + 1)/3 = 1.
`(y92) > 30, ω(y92) = 1, ν(y92) = 1, and VS(y92) = (1 + 1)/2 = 1.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 3/4 2/3
Number 4 2 2 1

The score CS(x2) is given by:

CS(x2) =
CS(x2)

n(x2)
=

3

4

»

(4)(1) + (2)(
11

12
) + (2)(

3

4
) + (1)(

2

3
)

–

= 6.

Also,

CSesc(x2) =
CSesc(x2)

n(x2)
=

65

16
= 4.0625.

Paper x3: Farid, F. O., & Varadarajan, K. (1994). Isometric shift operators on C(X). Canadian Journal of Mathematics, 46(3),
532-542. Closest available SJR year is 1999. (Q1)

Citations
1. Araujo, J., & Font, J. (1997). Linear isometries between subspaces of continuous functions. Transactions of the American Math-
ematical Society, 349, 413-428. Closest available SJR year is 1999. (Q1)
2. Araujo, J., & Font, J. (1999). Codimension 1 linear isometries on function algebras. Proceedings of the American Mathematical
Society, 127: 2273-2281. (Q2)
3. Araujo, J. (2009). On the separability problem for isometric shifts on C(X). Journal of Functional Analysis, 256(4), 1106-1117.
(Q1)
4. Araujo, A. (2012). Examples of isometric shifts on C(X). Topology and its Applications, 159(3), 608-622. (Q3)
5. Araujo, A., & Font J. J. (2015). Finite codimensional isometries on spaces of vector-valued continuous functions. Journal of
Mathematical Analysis and Applications, 421(1), 186-205. (Q2)
6. Chen, L.-S., Jeang, J.-S., & Wong, N.-C. (2007). Disjointness preserving shifts on C0(X). Journal of Mathematical Analysis and
Applications, 325(1), 400-421. (Q1)
7. Fleming, R. J., & Jamison, J. E. (2007). Isometries in Banach Spaces: Vector-valued Function Spaces and Operator Spaces,
Volume Two. Chapman and Hall/CRC Press. (Monograph, 248 pages).
8. Font, J. J. (1999). Isometries between function algebras with finite codimensional range. Manuscripta Mathematica, 100, 13-21.
(Q2)
9. Gutek, A., & Norden, J. (2001). Type 1 shifts on C(X). Topology and its Applications, 114(1), 73-89. (Q2)
10. Gutek, A., Moshokoa, S. P., & Rajagopalan, M. (2012). Shifts on zero-dimensional compact metric spaces. Topology and its
Applications, 159(16), 3513-3517. (Q3)
11. Jeang, J.-S., & Wong, N.-C. (2002). Isometric shifts on C0(X). Journal of Mathematical Analysis and Applications, 274(2),
772-787. (Q3)
12. Jeang, J.-S., & Wong, N.-C. (2003). Disjointness preserving Fredholm linear operators of C0(X). Journal of Operator Theory,
49(1), 61-75. (Q2)
13. Jimenez-Vargas, A., & Villegas-Vallecillos, M. (2008). Into linear isometries between spaces of Lipschitz functions. Houston
Journal of Mathematics, 34(4), 20 pages. (Q3)
14. Lin, P.-K. (2011). Isometric shifts on (c ⊕ X)∞. Journal of Mathematical Analysis and Applications, 384, 198-203. (Q1)
15. Moshokoa, S. P., Rajagopalan, M., & Sundaresan, K. (2011). Shifts on products of banach spaces. Quaestiones Mathematicae,
34(3), 327-333. (Q4)
16. Narici, L., & Beckenstein, E. (2010). Topological Vector Spaces. 2nd ed. Chapman and Hall/CRC Press.
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17. Rassias, T. M., & Sundaresan K. (2001). Generalized backward shifts on Banach spaces. Journal of Mathematical Analysis and
Applications, 260(1), 36-45. (Q3)
18. Takagi, H., Koshimizu, H., & Ariizumi, H. (2011). Backward shifts on function algebras. Journal of Mathematical Analysis and
Applications, 377(1), 135-144 (Q1)
19. Takayama, T., & Junzo, W. (1998). Isometric shift operators on the disc algebra. Tokyo Journal of Mathematics, 21(1), 115-120.
Closest available SJR year is 1999. (Q3)

Calculations: `(x3) = 11, ω(x3) = 1, ν(x3) = 1/2, q(x3) = 1, and VS(x3) = 1+0.5+1
3

= 5
6
.

`(y13) = 16, ω(y13) = 1, ν(y13) = 1/2, q(y13) = 1, and VS(y13) = (1 + 0.5 + 1)/3 = 5/6.
`(y23) = 9, ω(y23) = 1, ν(y23) = 1/4, q(y23) = 3/4, and VS(y23) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y33) = 12, ω(y33) = 1, ν(y33) = 1/2, q(y33) = 1, and VS(y33) = (1 + 0.5 + 1)/3 = 5/6.
`(y43) = 15, ω(y43) = 1, ν(y43) = 1/2, q(y43) = 1/2, and VS(y43) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y53) = 20, ω(y53) = 1, ν(y53) = q(y53) = 3/4, and VS(y53) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y63) = 22, ω(y63) = 1, ν(y63) = 3/4, q(y63) = 1, and VS(y63) = (1 + 0.75 + 1)/3 = 11/12.
`(y73) > 30, ω(y73) = 1, ν(y73) = 1, and VS(y73) = (1 + 1)/2 = 1.
`(y83) = 9, ω(y83) = 1, ν(y83) = 1/4, q(y83) = 3/4, and VS(y83) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y93) = 17, ω(y93) = 1, ν(y93) = 1/2, q(y93) = 3/4, and VS(y93) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y10,3) = 5, ω(y10,3) = 1, ν(y10,3) = 1/4, q(y10,3) = 1/2, and VS(y10,3) = (1 + 0.25 + 0.5)/3 = 7/12.
`(y11,3) = 16, ω(y11,3) = 1, ν(y11,3) = q(y11,3) = 1/2, and VS(y11,3) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y12,3) = 15, ω(y12,3) = 1, ν(y12,3) = 1/2, q(y12,3) = 3/4, and VS(y12,3) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y13,3) = 20, ω(y13,3) = 1, ν(y13,3) = 3/4, q(y13,3) = 1/2, and VS(y13,3) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y14,3) = 6, ω(y14,3) = 1, ν(y14,3) = 1/4, q(y14,3) = 1, and VS(y14,3) = (1 + 0.25 + 1)/3 = 3/4.
`(y15,3) = 7, ω(y15,3) = 1, ν(y15,3) = q(y15,3) = 1/4, and VS(y15,3) = (1 + 0.25 + 0.25)/3 = 1/2.
`(y16,3) > 30, ω(y16,3) = 1, ν(y16,3) = 1, and VS(y16,3) = (1 + 1)/2 = 1.
`(y17,3) = 10, ω(y17,3) = 1, ν(y17,3) = q(y17,3) = 1/2, and VS(y17,3) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y18,3) = 10, ω(y18,3) = 1, ν(y18,3) = 1/2, q(y18,3) = 1, and VS(y18,3) = (2.5)/3 = 5/6.
`(y19,3) = 6, ω(y19,3) = 1, ν(y19,3) = 1/4, q(y19,3) = 1/2, and VS(y19,3) = (1 + 0.25 + 0.5)/3 = 7/12.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 5/6 3/4 2/3 7/12 1/2
Number 2 1 4 4 5 2 1

As there are no self-citations and the number of authors of x3 is two, we have:

CSesc(x3) = CS(x3) =
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»

(2)(1) + (1)(
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) + (4)(
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6
) + (4)(
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) + (5)(
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) + (2)(
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12
) + (1)(

1

2
)

–

=
95

8
= 11.875,

CSesc(x3)/n(x3) = CS(x3)/n(x3) = 5.9375.

Paper x4: Farid, F. O., Wang, Q.-W., & Zhang, F. (2011). On the eigenvalues of quaternion matrices. Linear and Multilinear
Algebra, 59(4), 451-473. (Q2)

Citations
1. Ali, I. (2018). A note on quaternion matrices and split quaternionmatrix pencils. Journal of Applied Mathematics and Computing,
58, 323-334. (Q3)
2. Alvarez, R., Gallardo, C., Vicent, J., & Zamora, A. (2012). A quick exponentiation algorithm for 3 × 3 block upper triangular
matrices. Applied Mathematics and Computation, 219(4), 2004-2016. (Q2)
3. Bektas, O. (2019). Split-type octonion matrix. Mathematical Methods in the Applied Sciences, 42(16), 5215-5232. Closest avail-
able SJR year is 2018. (Q2)
4. Cheng, D., Kou, K. I., & Xia, Y. H. (2018). A unified analysis of linear quaternion dynamic equations on time scales. Journal of
Applied Analysis and Computation, 8(1), 172-201. (Q2)
5. Erdogdu, M., & Ozdemir, M. (2013). On eigenvalues of split quaternion matrices. Advances in Applied Clifford Algebras, 23,
615-623. (Q3)
6. Erdogdu, M., & Ozdemir, M. (2017). On exponential of split quaternionic matrices. Applied Mathematics and Computation, 315,
468-476. (Q1)
7. Janovska, D., & Opfer, G. (2018). The relation between the companion matrix and the companion polynomial in R

4 algebras.
Advances in Applied Clifford Algebras, 28, 16 pages. (Q3)
8. Jiang, J., & Li, N. (2014). An efficient algorithm for the generalized (P,Q)-reflexive solution to a quaternion matrix equation and
its optimal approximation. Journal of Applied Mathematics and Computing, 45, 297-326. (Q2)
9. Jiang, T., Zhang, Z., & Jiang, Z. (2018). Algebraic techniques for eigenvalues and eigenvectors of a split quaternion matrix in
split quaternionic mechanics. Computer Physics Communications, 229, 1-7. (Q1)
10. Kosal, H. H., & Tosun, M. (2014). Commutative quaternion matrices. Advances in Applied Clifford Algebras, 24, 769779. (Q3)
11. Kou, K. I., & Xia, Y. H. (2018). Linear quaternion differential equations: Basic theory and fundamental results. Studies in
Applied Mathematics, 141(1), 3-45. (Q1)
12. Kyrchei, I. (2014). Determinantal representations of the Drazin inverse over the quaternion skew field with applications to some
matrix equations. Applied Mathematics and Computation, 238, 193-207. (Q2)
13. Kyrchei, I. (2015). Determinantal representations of the W-weighted Drazin inverse over the quaternion skew field. Applied
Mathematics and Computation, 264, 453-465. (Q2)
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14. Kyrchei, I. (2017). Weighted singular value decomposition and determinantal representations of the quaternion weighted Moore-
Penrose inverse. Applied Mathematics and Computation, 309, 1-16. (Q1)
15. Kyrchei, I. (2017). Determinantal representations of the Drazin and W-Weighted Drazin inverses over the quaternion skew field.
In: Quaternions: Theory and applications. Nova Science Pub Inc. (More than 30 pages). Listed in the Library of Congress under
Quaternions : theory and applications / Sandra Griffin, editor). (Book Chapter).
16. Kyrchei, I. (2018). Explicit determinantal representation formulas for the solution of the two-sided restricted quaternionic matrix
equation. Journal of Applied Mathematics and Computing, 58, 335-365. (Q3)
17. Li, N., & Wang, Q.-W. (2013). Iterative algorithm for solving a class of quaternion matrix equation over the generalized (P, Q)-
reflexive matrices. Abstract and Applied Analysis, 15 pages. (Q3)
18. Li, N., Wang, Q.-W., & Jiang, J. (2013). An efficient algorithm for the reflexive solution of the quaternion matrix equation.
Journal of Applied Mathematics, 14 pages. (Q3)
19. Li, N. (2015). Iterative algorithm for the generalized (P,Q)-reflexive solution of a quaternion matrix equation with j-conjugate
of the unknowns. Bulletin of the Iranian Mathematical Society, 41(1), 1-22. (Q3)
20. Macias-Virgos, E., & Pereira-Saez, M. J. (2014). A topological approach to left eigenvalues of quaternionic matrices. Linear and
Multilinear Algebra, 62(2), 139-158. (Q2)
21. Macias-Virgos, E., & Pereira-Saez, M. J. (2019). On the quaternionic quadratic equation xax + bx + xc + d = 0. Advances in
Applied Clifford Algebras, 29, 3 pages. Closest available SJR year is 2018. (Q3)
22. Rehman, A., Wang, Q.-W., & He, Z.-H. (2015). Solution to a system of real quaternion matrix equations encompassing η-
hermicity. Applied Mathematics and Computation, 265, 945-957. (Q2)
23. Ribeiro, G. B., & Lima, J. B. (2019). Eigenstructure and fractionalization of the quaternion discrete Fourier transform. Optik,
(unknown length). Closest available SJR year is 2018. (Q2)
24. Wang, Q.-W., Zhang, X., & Zhang, Y. (2014). Algorithms for finding the roots of some quadratic octonion equations. Commu-
nications in Algebra, 42(8), 3267-3282. (Q2)
25. Xu, W., Feng, L., & Yao, B. (2014). Zeros of two-sided quadratic quaternion polynomials. Advances in Applied Clifford Algebras,
24, 883-902. (Q3)

Calculations: `(x4) = 23, ω(x4) = 1, ν(x4) = 3/4, q(x4) = 3/4, and VS(x4) = 1+0.75+0.75
3

= 5
6
.

`(y14) = 12, ω(y14) = 1, ν(y14) = q(y14) = 1/2, and VS(y14) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y24) = 13, ω(y24) = 1, ν(y24) = 1/2, q(y24) = 3/4, and VS(y24) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y34) = 18, ω(y34) = 1, ν(y34) = 1/2, q(y34) = 3/4, and VS(y34) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y44) = 30, ω(y44) = ν(y44) = 1, q(y44) = 3/4, and VS(y44) = (1 + 1 + 0.75)/3 = 11/12.
`(y54) = 9, ω(y54) = 1, ν(y54) = 1/4, q(y54) = 1/2, and VS(y54) = (1 + 0.25 + 0.5)/3 = 7/12.
`(y64) = 9, ω(y64) = 1, ν(y64) = 1/4, q(y64) = 1, and VS(y64) = (1 + 0.25 + 1)/3 = 3/4.
`(y74) = 16, ω(y74) = 1, ν(y74) = q(y74) = 1/2, and VS(y74) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y84) = 30, ω(y84) = ν(y84) = 1, q(y84) = 3/4, and VS(y84) = (1 + 1 + 0.75)/3 = 11/12.
`(y94) = 7, ω(y94) = 1, ν(y94) = 1/4, q(y94) = 1, and VS(y94) = (1 + 0.25 + 1)/3 = 3/4.
`(y10,4) = 11, ω(y10,4) = 1, ν(y10,4) = q(y10,4) = 1/2, and VS(y10,4) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y11,4) = 43, ω(y11,4) = ν(y11,4) = q(y11,4) = 1, and VS(y11,4) = (1 + 1 + 1)/3 = 1.
`(y12,4) = 15, ω(y12,4) = 1, ν(y12,4) = 1/2, q(y12,4) = 3/4, and VS(y12,4) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y13,4) = 13, ω(y13,4) = 1, ν(y13,4) = 1/2, q(y13,4) = 3/4, and VS(y13,4) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y14,4) = 16, ω(y14,4) = 1, ν(y14,4) = 1/2, q(y14,4) = 1, and VS(y14,4) = (1 + 0.5 + 1)/3 = 5/6.
`(y15,4) > 30, ω(y15,4) = 3/4, ν(y15,4) = 1, and VS(y15,4) = (0.75 + 1)/2 = 7/8. (Book Chapter.)
`(y16,4) = 31, ω(y16,4) = ν(y16,4) = 1, q(y16,4) = 1/2, and VS(y16,4) = (1 + 1 + 0.5)/3 = 5/6.
`(y17,4) = 15, ω(y17,4) = 1, ν(y17,4) = q(y17,4) = 1/2, and VS(y17,4) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y18,4) = 14, ω(y18,4) = 1, ν(y18,4) = q(y18,4) = 1/2, and VS(y18,4) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y19,4) = 22, ω(y19,4) = 1, ν(y19,4) = 3/4, q(y19,4) = 1/2, and VS(y19,4) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y20,4) = 20, ω(y20,4) = 1, ν(y20,4) = q(y20,4) = 3/4, and VS(y20,4) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y21,4) = 13, ω(y21,4) = 1, ν(y21,4) = q(y21,4) = 1/2, and VS(y21,4) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y22,4) = 13, ω(y22,4) = 1, ν(y22,4) = 1/2, q(y22,4) = 3/4, and VS(y22,4) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y23,4) = x, ω(y23,4) = 1, ν(y23,4) = 1/2, q(y23,4) = 3/4, and VS(y23,4) = (1 + 0.5 + 0.75)/3 = 3/4.
(Estimated, since the article length is not known.)
`(y24,4) = 16, ω(y24,4) = 1, ν(y24,4) = 1/2, q(y24,4) = 3/4, and VS(y24,4) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y25,4) = 20, ω(y25,4) = 1, ν(y25,4) = 3/4, q(y25,4) = 1/2, and VS(y25,4) = (1 + 0.75 + 0.5)/3 = 3/4.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 7/8 5/6 3/4 2/3 7/12
Number 1 2 1 3 11 6 1

As there are no self-citations of x4 and the number of authors of x4 is three, we have:

CSesc(x4) = CS(x4) =
5

6

»

1 + (2)(
11

12
) +

7

8
+ (3)(

5

6
) + (11)(

3

4
) + (6)(

2

3
) +

7

12

–

=
2285

144
≈ 15.86805555,

CSesc(x4)

n(x4)
=

CS(x4)

n(x4)
=

2285

432
≈ 5.289351851.

Paper x5: Farid, F. O. (2011). Notes on matrices with diagonally dominant properties. Linear Algebra and Its Applications, 435(11),
2793-2812. (Q2). Number of self-citations is one.
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Citations
1. Alluhaibi, O., Kampert, E., Jennings, P. A., & Higgins, M. D. (2019). Impact of overlapped AoAs on the achievable uplink rate
of hybrid beamforming for massive MIMO mm-wave systems for industrial environments. IEEE Access, 7, 101178-101195. (Q1)
2. Farid, F. O. (2019). On three classes of matrices with variants of the diagonal dominance property. Linear Algebra and Its
Applications, 579, 382-418. (Q1)
3. Han, G., Yuan, X., & Gao, H. (2016). New criteria for H-matrices and spectral distribution. UPB Scientific Bulletin, Series A:
Applied Mathematics and Physics, 78(3), 119-132. (Q4)
4. Liu, W., Wang, J., Li, Y., & Zhu, H. (2014). Some new sufficient conditions for generalized strictly diagonally dominant matrices.
Journal of Chemical and Pharmaceutical Research, 6(7), 2717-2725. (Q2)
5. Shivakumar, P. N., Sivakumar, K. C., & Zhang, Y. (2016). Infinite Matrices and Their Recent Applications. Switzerland: Springer
International Publishing. (Monograph. Listed in the Library of Congress under the Main title: Infinite matrices and their recent
applications / Pappur Nagappa Shivakumar).
6. Wang, L.-L., Xi, B.-Y., & Qi, F. (2014). Necessary and sufficient conditions for identifying strictly geometrically α-bidiagonally
dominant matrices. UPB Scientific Bulletin, Series A: Applied Mathematics and Physics, 76(4), 57-66. (Q4)
7. Wang, L.-L., Xi, B.-Y., & Qi, F. (2015). On α-locally doubly diagonally dominant matrices. UPB Scientific Bulletin, Series A:
Applied Mathematics and Physics, 77(2):,163-172. (Q4)

Calculations: `(x5) = 20, ω(x5) = 1, ν(x5) = 3/4, q(x5) = 3/4, and VS(x5) = 1+0.75+0.75
3

= 5
6
.

`(y15) = 18, ω(y15) = 1, ν(y15) = 1/2, q(y15) = 1, and VS(y15) = (1 + 0.5 + 1)/3 = 5/6.
`(y25) = 37, ω(y25) = ν(y25) = q(y25) = 1, and VS(y25) = (1 + 1 + 1)/3 = 1.
`(y35) = 14, ω(y35) = 1, ν(y35) = 1/2, q(y35) = 1/4, and VS(y35) = (1 + 0.5 + 0.25)/3 = 7/12.
`(y45) = 9, ω(y45) = 1, ν(y45) = 1/4, q(y45) = 3/4, and VS(y45) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y55) > 30, ω(y55) = 1, ν(y55) = 1, and VS(y55) = (1 + 1)/2 = 1.
`(y65) = 10, ω(y65) = 1, ν(y65) = 1/2, q(y65) = 1/4, and VS(y65) = (1 + 0.5 + 0.25)/3 = 7/12.
`(y75) = 10, ω(y75) = 1, ν(y75) = 1/2, q(y75) = 1/4, and VS(y75) = (1 + 0.5 + 0.25)/3 = 7/12.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 5/6 2/3 7/12
Number 2 1 1 3

The score CS(x5) (= CS(x5)/n(x5)) is given by:

CS(x5) =
CS(x5)

n(x5)
=

5

6

»

(2)(1) +
5

6
+

2

3
+ (3)(

7

12
)

–

=
35

8
= 4.375.

Also,

CSesc(x5) =
CSesc(x5)

n(x5)
=

85

24
≈ 3.541666666.

Paper x6: Farid, F. O. (1998). Topics on a generalization of Gershgorin’s theorem. Linear Algebra and Its Applications, 268, 91-116.
Closest available SJR year is 1999. (Q2). Number of self-citations is three.

Citations
1. Erdogdu, M., & Ozdemir, M. (2013). On eigenvalues of split quaternion matrices. Advances in Applied Clifford Algebras, 23,
615-623. (Q3)
2. Farid, F. O., Wang, Q.-W., & Zhang, F. (2011). On the eigenvalues of quaternion matrices. Linear and Multilinear Algebra,
59(4), 451-473. (Q2)
3. Farid, F. O. (2011). Notes on matrices with diagonally dominant properties. Linear Algebra and Its Applications, 435(11),
2793-2812. (Q2)
4. Farid, F. O. (2019). On three classes of matrices with variants of the diagonal dominance property. Linear Algebra and Its
Applications, 579, 382-418. (Q1)
5. Gil, M. I. (2001). On invertibility and positive invertibility of matrices. Linear Algebra and Its Applications, 327(1-3), 95-104.
(Q2)
6. Gil, M. I. (2003). Invertibility of finite matrices. In: Operator functions and localization of spectra. Lecture notes in mathematics,
Vol. 1830, pp. 35-48. Springer, Berlin, Heidelberg. Closest available SJR year is 2006. (Q4)

Calculations: `(x6) = 26, ω(x6) = 1, ν(x6) = q(x6) = 3/4, and VS(x6) = 1+0.75+0.75
3

= 5
6
.

`(y16) = 9, ω(y16) = 1, ν(y16) = 1/4, q16 = 1/2, and VS(y16) = (1 + 0.25 + 0.5)/3 = 7/12.
`(y26) = 23, ω(y26) = 1, ν(y26) = q(y26) = 3/4, and VS(y26) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y36) = 20, ω(y36) = 1, ν(y36) = q(y36) = 3/4, and VS(y36) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y46) = 37, ω(y46) = ν(y46) = q(y46) = 1, and VS(y46) = (1 + 1 + 1)/3 = 1.
`(y56) = 10, ω(y56) = 1, ν(y56) = 1/2, q(y56) = 3/4, and VS(y56) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y66) = 14, ω(y66) = 1, ν(y66) = 1/2, q(y66) = 1/4, and VS(y66) = (1.75)/3 = 7/12.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.
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Value Score 1 5/6 3/4 7/12
Number 1 2 1 2

The score CS(x6) (= CS(x6)/n(x6)) is given by:

CS(x6) =
CS(x6)

n(x6)
=

5

6

»

(1)(1) + (2)(
5

6
) + (1)(

3

4
) + (3)(

7

12
)

–

=
275

72
≈ 3.819444444.

Also,

CSesc(x6) =
CSesc(x6)

n(x6)
=

115

72
≈ 1.597222222.

Paper x7: Farid, F. O., Moslehian, M. S., Wang, Q.-W., & Wu, Z. C. (2012). On the Hermitian solutions to a system of adjointable
operator equations. Linear Algebra and Its Applications, 437(7), 1854-1891. (Q2)

Citations
1. Dong, C. Z., Wang, Q.-W., & Zhang, Y. P. (2012). The common positive solution to adjointable operator equations with an
application. Journal of Mathematical Analysis and Applications, 396(2), 670-679. (Q1)
2. Ebadi, G., & Rashedi, S. (2016). The general solution to a system of eight quaternion matrix equations with applications. Iranian
Journal of Science and Technology, Transaction A: Science, 40, 91-102. (Q4)
3. Farid, F. O., He, Z. H., & Wang, Q.-W. (2016). The consistency and the exact solutions to a system of matrix equations. Linear
and Multilinear Algebra, 64(11), 2133-2158. (Q2)
4. He, Z.-H., & Wang, Q.-W. (2012). Solutions to optimization problems on ranks and inertias of a matrix function with applications.
Applied Mathematics and Computation, 219(6), 2989-3001. (Q2)
5. He, Z.-H., & Wang, Q.-W. (2014). The η-bihermitian solution to a system of real quaternion matrix equations. Linear and
Multilinear Algebra, 62(11), 1509-1528. (Q2)
6. He, Z.-H., & Wang, Q.-W. (2015). The general solutions to some systems of matrix equations. Linear and Multilinear Algebra,
63(10), 2017-2032. Conference Paper. (Q2)
7. He, Z., & Wang, Q.-W. (2017). A system of periodic discrete-time coupled Sylvester quaternion matrix equations. Algebra
Colloquium, 24(1), 169-180. (Q3)
8. Mousavi, Z., Mirzapour, F., & Moslehian, M. S. (2016). Positive definite solutions of certain nonlinear matrix equations. Operators
and Matrices, 10(1), 113-126. (Q3)
9. Mousavi, Z., Eskandari, R., Moslehian, M. S., & Mirzapour, F. (2017). Operator equations AX+Y B = C and AXA∗ +BY B∗ = C
in Hilbert C∗-modules. Linear Algebra and Its Applications, 517(15), 85-98. (Q1)
10. Nie, X., Wang, Q.-W., & Zhang, Y. (2017). A system of matrix equations over the quaternion algebra with applications. Algebra
Colloquium, 24(2), 233-253. (Q3)
11. Rehman, A., & Wang, Q.-W. (2015). A system of matrix equations with five variables. Applied Mathematics and Computation,
271, 805-819. (Q2)
12. Rehman, A., & Akram, M. (2017). Optimization of a Nonlinear Hermitian Matrix Expression with Application. Filomat, 31(9),
2805-2819. (Q3)
13. Song, G.-J. (2013). G-positive and G-repositive solutions to some adjointable operator equations over Hilbert C*-modules.
Bulletin of The Iranian mathematical Society, 39(5), 971-992. (Q3)
14. Song, G.-J. (2014). Common solutions to some operator equations over Hilbert C*modules and applications. Linear and Multi-
linear Algebra, 62(7), 895-912. (Q2)
15. Song, G.-J., & Chen, M. (2014). Common nonnegative definite solutions of some classical matrix equations. Journal of Applied
Mathematics and Computing, 44, 83-97. (Q2)
16. Song, G.-J., & Yu, S. (2017). The solution of a generalized Sylvester quaternion matrix equation and its application. Advances
in Applied Clifford Algebras, 27, 2473-2492. (Q2)
17. Wang, Q.-W., & He, Z.-H. (2013). A system of matrix equations and its applications. Science China Mathematics, 56(9),
1795-1820. (Q2)
18. Wang, P., Yuan, S., & Xie, X. (2016). Least-squares Hermitian problem of complex matrix equation (AXB,CXD) = (E,F ).
Journal of Inequalities and Applications, 296, 13 pages. (Q4)
19. Xu, Q., & Fang, X. (2017). A note on majorization and range inclusion of adjointable operators on Hilbert C∗-modules. Linear
Algebra and its Applications, 516(1), 118-125. (Q1)
20. Yu, S. W. (2013). Ranks of a constrained Hermitian matrix expression with applications. Journal of Applied Mathematics, 9
pages. (Q3)
21. Zhang, X., & Xiang S.-W. (2013). Solving optimization problems on Hermitian matrix functions with applications. Journal of
Applied Mathematics, 11 pages. (Q3)

Calculations: `(x7) = 38, ω(x7) = 1, ν(x7) = 1, q(x7) = 3/4, and VS(x7) = 1+1+0.75
3

= 11
12

.

`(y17) = 10, ω(y17) = 1, ν(y17) = 1/2, q(y17) = 1, and VS(y17) = (1 + 0.5 + 1)/3 = 5/6.
`(y27) = 12, ω(y27) = 1, ν(y27) = 1/2, q(y27) = 1/4, and VS(y27) = (1.75)/3 = 7/12.
`(y37) = 26, ω(y37) = 1, ν(y37) = 3/4, q(y37) = 3/4, and VS(y37) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y47) = 13, ω(y47) = 1, ν(y47) = 1/2, q(y47) = 3/4, and VS(y47) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y57) = 20, ω(y57) = 1, ν(y57) = 3/4, q(y57) = 3/4, and VS(y57) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y67) = 16, ω(y67) = 1/2 (conference paper, not related to computer science), ν(y67) = 1/2, q(y67) = 3/4, and VS(y67) =
(0.5 + 0.5 + 0.75)/3 = 7/12.
`(y77) = 12, ω(y77) = 1, ν(y77) = 1/2, q(y77) = 1/2, and VS(y77) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y87) = 14, ω(y87) = 1, ν(y87) = 1/2, q(y87) = 1/2, and VS(y87) = (1 + 0.5 + 0.5)/3 = 2/3.
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`(y97) = 14, ω(y97) = 1, ν(y97) = 1/2, q(y97) = 1, and VS(y97) = (1 + 0.5 + 1)/3 = 5/6.
`(y10,7) = 21, ω(y10,7) = 1, ν(y10,7) = 3/4, q(y10,7) = 1/2, and VS(y10,7) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y11,7) = 15, ω(y11,7) = 1, ν(y11,7) = 1/2, q(y11,7) = 3/4, and VS(y11,7) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y12,7) = 15, ω(y12,7) = 1, ν(y12,7) = q(y12,7) = 1/2, and VS(y12,7) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y13,7) = 22, ω(y13,7) = 1, ν(y13,7) = 3/4, q(y13,7) = 1/2, and VS(y13,7) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y14,7) = 18, ω(y14,7) = 1, ν(y14,7) = 1/2, q(y14,7) = 3/4, and VS(y14,7) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y15,7) = 15, ω(y15,7) = 1, ν(y15,7) = 1/2, q(y15,7) = 3/4, and VS(y15,7) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y16,7) = 20, ω(y16,7) = 1, ν(y16,7) = q(y16,7) = 3/4, and VS(y16,7) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y17,7) = 26, ω(y17,7) = 1, ν(y17,7) = q(y17,7) = 3/4, and VS(y17,7) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y18,7) = 13, ω(y18,7) = 1, ν(y18,7) = 1/2, q(y18,7) = 1/4, and VS(y18,7) = (1.75)/3 = 7/12.
`(y19,7) = 8, ω(y19,7) = 1, ν(y19,7) = 1/4, q(y19,7) = 1, and VS(y19,7) = (1 + 0.25 + 1)/3 = 3/4.
`(y20,7) = 9, ω(y20,7) = 1, ν(y20,7) = 1/4, q(y20,7) = 1/2, and VS(y20,7) = (1.75)/3 = 7/12.
`(y21,7) = 11, ω(y21,7) = 1, ν(y21,7) = q(y21,7) = 1/2, and VS(y21,7) = (1 + 0.5 + 0.5)/3 = 2/3.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 5/6 3/4 2/3 7/12
Number 6 7 4 4

As there are no self-citations and the number of authors is four, we have:

CSesc(x7) = CS(x7) =
11

12

»

(6)(
5

6
) + (7)(

3

4
) + (4)(

2

3
) + (4)(

7

12
)

–

=
671

48
≈ 13.97916666,

CSesc(x7)/n(x7) = CS(x7)/n(x7) = 671/192 ≈ 3.494791666.

Paper x8: Farid, F. O., & Lancaster, P. (1989). Spectral Properties of Diagonally Dominant Infinite Matrices, Part I. Proceedings
of the Royal Society of Edinburgh Section A: Mathematics, 111(3-4), 301-314. Closest available SJR year is 1999. (Q1). Number of
self-citations is two.

Citations
1. Aleksic, J., Kostic, V., & Zigic, M. (2014). Spectrum localizations for matrix operators on `p spaces. Applied Mathematics and
Computation, 249, 541-553. (Q2)
2. Farid, F. O., & Lancaster, P. (1991). Spectral Properties of Diagonally Dominant Infinite Matrices. II. Linear Algebra and Its
Applications, 143, 7-17. Closest available SJR year is 1999. (Q2)
3. Farid, F. O. (1991). Spectral properties of perturbed linear operators and their application to infinite matrices. Proceedings of the
American Mathematical Society, 112(4), 1013-1022. Closest available SJR year is 1999. (Q2)
4. Gohberg, I., & Langer, H. (2002). List of Publications of Peter Lancaster. Linear Operators and Matrices, Conference Proceedings
(part of the Book Series: Operator theory: Advances and applications, Vol. 130, pp. 9-19). (Conference paper. Listed in the Library

of Congress). C̊losest available SJR year is 2008. (Q4)
5. Kreer, M. (1994). Analytic birthdeath processes: A Hilbert-space approach. Stochastic Processes and their Applications, 49(1),
65-74. Closest available SJR year is 1999. (Q1)
6. Nair, M. T. (1995). On spectral properties of perturbed operators. Proceedings of the American Mathematical Society, 123,
1845-1850. Closest available SJR year is 1999. (Q2)
7. Salas, H. N. (1999). Gershgorin’s theorem for matrices of operators. Linear Algebra and Its Applications, 291(1-3), 15-36. (Q2)
8. Sendova, T., & Walton, J. R. (2010). A new approach to the modeling and analysis of fracture through extension of continuum
mechanics to the nanoscale. Mathematics and Mechanics of Solids, 15(3), 368-413. (Q2)
9. Shivakumar, P. N., Sivakumar, K. C., & Zhang, Y. (2016). Infinite Matrices and their Recent Applications. Switzerland: Springer
International Publishing. (Monograph. Listed in the Library of Congress under the Main title: Infinite matrices and their recent
applications / Pappur Nagappa Shivakumar).

Calculations: `(x8) = 14, ω(x8) = 1, ν(x8) = 1/2, q(x8) = 1, and VS(x8) = 1+0.5+1
3

= 5
6
.

`(y18) = 13, ω(y18) = 1, ν(y18) = 1/2, q(y18) = 3/4, and VS(y18) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y28) = 11, ω(y28) = 1, ν(y28) = 1/2, q(y28) = 3/4, and VS(y28) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y38) = 10, ω(y38) = 1, ν(y38) = 1/2, q(y38) = 3/4, and VS(y38) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y48) = 11, ω(y48) = ν(y48) = 1/2, q(y48) = 1/4, and VS(y48) = (0.5 + 0.5 + 0.25)/3 = 5/12.
`(y58) = 10, ω(y58) = 1, ν(y58) = 1/2, q(y58) = 1, and VS(y58) = (1 + 0.5 + 1)/3 = 5/6.
`(y68) = 6, ω(y68) = 1, ν(y68) = 1/4, q(y68) = 3/4, and VS(y68) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y78) = 22, ω(y78) = 1, ν(y78) = q(y78) = 3/4, and VS(y78) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y88) = 46, ω(y88) = ν(y88) = 1, q(y88) = 3/4 and VS(y88) = (1 + 1 + 0.75)/3 = 11/12.
`(y98) > 30, ω(y98) = 1, ν(y98) = 1, and VS(y98) = (1 + 1)/2 = 1.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 11/12 5/6 3/4 2/3 5/12
Number 1 1 2 3 1 1
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The scores CS(x8) and CS(x8)/n(x8) are given by:

CS(x8) =
5

6

»

1 +
11

12
+ (2)(

5

6
) + (3)(

3

4
) +

2

3
+

5

12

–

=
415

72
, and

CS(x8)

n(x8)
=

415

144
≈ 2.881944444.

Also,

CSesc(x8) =
325

72
, and

CSesc(x8)

n(x8)
=

325

144
≈ 2.256944444.

Paper x9: Farid, F. O., & Lancaster, P. (1991). Spectral Properties of Diagonally Dominant Infinite Matrices. II. Linear Algebra
and Its Applications, 143, 7-17. Closest available SJR year is 1999. (Q2). Number of self-citations is one.

Citations
1. Aleksic, J., Kostic, V., & Zigic, M. (2014). Spectrum localizations for matrix operators on `p spaces. Applied Mathematics and
Computation, 249, 541-553. (Q2)
2. Farid, F. O. (1991). Spectral properties of perturbed linear operators and their application to infinite matrices. Proceedings of the
American Mathematical Society, 112(4), 1013-1022. Closest available SJR year is 1999. (Q2)
3. Gohberg, I., & Langer, H. (2002). List of Publications of Peter Lancaster. Linear Operators and Matrices, Conference Proceedings
(part of the Book Series: Operator theory: Advances and applications, Vol. 130, pp. 9-19). (Conference paper. Listed in the Library

of Congress). C̊losest available SJR year is 2008. (Q4)
4. Linden, H. (2002). Containment regions for zeros of analytic functions. Analysis, 22, 297-318. (Q3).
5. Nair, M. T. (1995). On spectral properties of perturbed operators. Proceedings of the American Mathematical Society, 123,
1845-1850. Closest available SJR year is 1999. (Q2)
6. Salas, H. N. (1999). Gershgorin’s theorem for matrices of operators. Linear Algebra and its Applications, 291(1-3), 15-36. (Q2)
7. Shivakumar, P. N., Sivakumar, K. C., & Zhang, Y. (2016). Infinite Matrices and their Recent Applications. Switzerland: Springer
International Publishing. (Monograph. Listed in the Library of Congress under the Main title: Infinite matrices and their recent
applications / Pappur Nagappa Shivakumar).
8. Velasquez-Rodriguez, J. P. (2019). On Some Spectral Properties of Pseudo-differential Operators on T. Journal of Fourier Anal-
ysis and Applications, 25, 2703-2732. (Q1)

Calculations: `(x9) = 11, ω(x9) = 1, ν(x9) = 1/2, q(x9) = 3/4, and VS(x9) = 1+0.5+0.75
3

= 3
4
.

`(y19) = 13, ω(y19) = 1, ν(y19) = 1/2, q(y19) = 3/4, and VS(y19) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y29) = 10, ω(y29) = 1, ν(y29) = 1/2, q(y29) = 3/4, and VS(y29) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y39) = 11, ω(y39) = ν(y39) = 1/2, q(y39) = 1/4, and VS(y39) = (0.5 + 0.5 + 0.25)/3 = 5/12.
`(y49) = 22, ω(y49) = 1, ν(y49) = 3/4, q(y49) = 1/2, and VS(y49) = (1 + 0.75 + 0.5)/3 = 3/4.
`(y59) = 6, ω(y59) = 1, ν(y59) = 1/4, q(y59) = 3/4, and VS(y59) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y69) = 22, ω(y69) = 1, ν(y69) = q(y69) = 3/4, and VS(y69) = (1 + 0.75 + 0.75)/3 = 5/6.
`(y79) > 30, ω(y79) = 1, ν(y79) = 1, and VS(y79) = (1 + 1)/2 = 1.
`(y89) = 30, ω(y89) = ν(y89) = q(y89) = 1, and VS(y89) = (1 + 1 + 1)/3 = 1.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1 5/6 3/4 2/3 5/12
Number 2 1 3 1 1

The scores CS(x9) and CS(x9)/n(x9) are given by:

CS(x9) =
3

4

»

(2)(1) +
5

6
+ (3)(

3

4
) +

2

3
+

5

12

–

=
37

8
= 4.625, and

CS(x9)

n(x9)
=

37

16
= 2.1325.

Also,

CSesc(x9) =
65

16
, and

CSesc(x9)

n(x9)
=

65

32
= 2.03125.

Paper x10: Farid, F. O., He, Z.-H., & Wang, Q.-W. (2016). The consistency and the exact solutions to a system of matrix equations.
Linear and Multilinear Algebra, 64(11), 2133-2158. (Q2)

Citations
1. He, Z.-H., & Wang, Q.-W. (2017). A system of periodic discrete-time coupled Sylvester quaternion matrix equations. Algebra
Colloquium, 24(1), 169-180. (Q3)
2. He, Z.-H., Wang, Q.-W., & Zhang, Y. (2017). Simultaneous decomposition of quaternion matrices involving η-hermicity with
applications. Applied Mathematics and Computation, 298, 13-35. (Q1)
3. Kyrchei, I. (2018). Cramer’s rules for Sylvester quaternion matrix equation and its special cases. Advances in Applied Clifford
Algebras, 28, (unknown length). (Q3)
4. Kyrchei, I. (2018). Determinantal representations of solutions and Hermitian solutions to some system of two-sided quaternion
matrix equations. Journal of Mathematics, 2018, 12 pages. (Q4)
5. Rehman, A., Wang, Q.-W., Ali, I., Akram, M., & Ahmad, MO. (2017). A constraint system of generalized Sylvester quaternion
matrix equations. Advances in Applied Clifford Algebras, 27, 3183-3196. (Q2)
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6. Sheng, X., & Sun, W. (2017). The relaxed gradient based iterative algorithm for solving matrix equations AiXBi = Fi. Computers
& Mathematics with Applications, 74(3), 597-604. (Q1)

Calculations: `(x10) = 26, ω(x10) = 1, ν(x10) = 3/4, q(x10) = 3/4, and VS(x10) = 1+0.75+0.75
3

= 5
6
.

`(y1,10) = 12, ω(y1,10) = 1, ν(y1,10) = q(y1,10) = 1/2, and VS(y1,10) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y2,10) = 23, ω(y2,10) = 1, ν(y2,10) = 3/4, q(y2,10) = 1, and VS(y2,10) = (1 + 0.75 + 1)/3 = 11/12.
`(y3,10) = x, ω(y3,10) = 1, ν(y3,10) = 1/2 (estimated), q(y3,10) = 1/2, and VS(y3,10) = (1 + 0.5 + 0.5)/3 = 2/3 (estimated).
`(y4,10) = 12, ω(y4,10) = 1, ν(y4,10) = 1/2, q(y4,10) = 1/4, and VS(y4,10) = (1 + 0.5 + 0.25)/3 = 7/12.
`(y5,10) = 14, ω(y5,10) = 1, ν(y5,10) = 1/2, q(y5,10) = 3/4, and VS(y5,10) = (1 + 0.5 + 0.75)/3 = 3/4.
`(y6,10) = 8, ω(y6,10) = 1, ν(y6,10) = 1/4, q(y6,10) = 1, and VS(y6,10) = (1 + 0.25 + 1)/3 = 3/4.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 11/12 3/4 2/3 7/12
Number 1 2 2 1

As there are no self-citations and the number of authors is three, we have:

CSesc(x10) = CS(x10) =
5

6

»

(1)(
11

12
) + (2)(

3

4
) + (2)(

2

3
) + (1)(

7

12
)

–

=
65

18
, and

CSesc(x10)

n(x10)
=

CS(x10)

n(x10)
=

65

54
≈ 1.203703703.

Paper x11: Farid, F. O. (1999). On a conjecture of Hubner. Proceedings of the Indian Academy of Sciences (Mathematical Sciences),
109(4), 373-378. (Q4)

Citations
1. Hansmann, M. (2015). An Observation Concerning boundary points of the numerical range. Operators and Matrices, 9(3),
545-548. (Q3)
2. Hansmann, M. (2015). On non-round points of the boundary of the numerical range and an application to non-selfadjoint
Schrodinger operators. Journal of Spectral Theory, 5(4), 731-750. (Q1)
3. Spitkovsky, I. M., & Weis, S. (2018). Signatures of quantum phase transitions from the boundary of the numerical range. Journal
of Mathematical Physics, 59(12), 25 pages. (Q2)

Calculations: `(x11) = 6, ω(x11) = 1, ν(x11) = q(x11) = 1/4, and VS(x11) = 1+0.25+0.25
3

= 1
2
.

`(y1,11) = 4, ω(y1,11) = 1, ν(y1,11) = 1/4, q(y1,11) = 1/2, and VS(y1,11) = (1 + 0.25 + 0.5)/3 = 7/12.
`(y2,11) = 20, ω(y2,11) = 1, ν(y2,11) = 3/4, q(y2,11) = 1, and VS(y2,11) = (1 + 0.75 + 1)/3 = 11/12.
`(y3,11) = 25, ω(y3,11) = 1, ν(y3,11) = q(y3,11) = 3/4, and VS(y3,11) = (1 + 0.75 + 0.75)/3 = 5/6.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 11/12 5/6 7/12
Number 1 1 1

As there are no self-citations of x11 and the number of authors of x11 is one, we have:

CSesc(x11)

n(x11)
=

CS(x11)

n(x11)
= CS(x11) =

1

2

»

11

12
+

5

6
+

7

12

–

=
7

6
≈ 1.166666666.

Paper x12: Farid, F. O. (2002). On the numerical range of operator polynomials. Linear and Multilinear Algebra, 50(3), 222-239.
(Q3)

Citations
1. Ito, N., & Wimmer, H. K. (2016). Self-inversive Hilbert space operator polynomials with spectrum on the unit circle. Journal of
Mathematical Analysis and Applications, 436(2), 683-691. (Q2)
2. Swoboda, J., & Wimmer, H. K. (2010). Spectraloid operator polynomials, the approximate numerical range and an Enestrom-
Kakeya theorem in Hilbert space. Studia Mathematica, 198, 279-300. (Q1)

Calculations: `(x12) = 18, ω(x12) = 1, ν(x12) = 1/2, q(x12) = 1/2, and VS(x12) = 2
3
.

`(y1,12) = 9, ω(y1,12) = 1, ν(y1,12) = 1/4, q(y1,12) = 3/4, and VS(y1,12) = (1 + 0.25 + 0.75)/3 = 2/3.
`(y2,12) = 22, ω(y2,12) = 1, ν(y2,12) = 3/4, q(y2,12) = 1, and VS(y2,12) = (1 + 0.75 + 1)/3 = 11/12.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 11/12 2/3
Number 1 1
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As there are no self-citations of x12 and the number of authors of x12 is one, we have:

CSesc(x12)

n(x12)
=

CS(x12)

n(x12)
= CS(x12) = (

2

3
)

»

11

12
+

2

3

–

=
19

18
≈ 1.055555555.

Paper x13: Farid, F. O. (1992). The spectral variation for two matrices with spectra on two intersecting lines. Linear Algebra and
Its Applications, 177, 251-273. Closest available SJR year is 1999. (Q2)

Citations
1. Holbrook, J. A. (1994). Perturbation for Eigenvalues for Normal Matrices. In: Linear and complex analysis problem book 3: Part
1. Lecture notes in mathematics, Vol. 1573, pp. 214-216. (The paper is in a Chapter with the title “General Operator Theory”
edited by Peter Rosenthal. The chapter is in a book with the title “Linear and Complex Analysis Problem Book 3: Part 1”, which
is part of the book series “Lecture Notes in Mathematics”, Volume 1573. Listed in the Library of Congress under the main title:
Linear and complex analysis problem book 3 / V.P. Havin, N.K. Nikolski (eds.)). Closest available SJR year is 2006. (Q4)
2. Gil, M. I. (2002). A bound for the spectral variation of two matrices. Applied Mathematics E-Notes, 2, 72-77. (Q4)

Calculations: `(x13) = 23, ω(x13) = 1, ν(x13) = 3/4, q(x13) = 3/4, and VS(x13) = 5
6
.

`(y1,13) = 3, ω(y1,13) = 1, ν(y1,13) = q(y1,13) = 1/4, and VS(y1,13) = (1 + 0.25 + 0.25)/3 = 1/2.
`(y2,13) = 6, ω(y2,13) = 1, ν(y2,13) = q(y2,13) = 1/4, and VS(y2,13) = (1 + 0.25 + 0.25)/3 = 1/2.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 1/2
Number 2

As there are no self-citations of x13 and the number of authors of x13 is one, we have:

CSesc(x13)

n(x13)
=

CS(x13)

n(x13)
= CS(x13) =

5

6
≈ 0.833333333.

Paper x14: Farid, F. O., Khan, I. A., & Wang, Q.-W. (2013). On matrices over an arbitrary semiring and their generalized inverses.
Linear Algebra and Its Applications, 439(7), 2085-2105. (Q1)

Citations
1. Guterman, A. E., Kreines, E. M., & Wang, Q.-W. (2018). Monotone linear transformations on matrices over semirings. Journal
of Mathematical Sciences, 233(5), 675-686. (Q3)
2. Kyrchei, I. (2017). Weighted singular value decomposition and determinantal representations of the quaternion weighted Moore-
Penrose inverse. Applied Mathematics and Computation, 309, 1-16. (Q1)

Calculations: `(x14) = 21, ω(x14) = 1, ν(x14) = 3/4, q(x14) = 1, and VS(x14) = 11
12

.

`(y1,14) = 12, ω(y1,14) = 1, ν(y1,14) = 1/2, q(y1,14) = 1/2, and VS(y1,14) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y2,14) = 16, ω(y2,14) = 1, ν(y2,14) = 1/2, q(y2,14) = 1, and VS(y2,14) = (1 + 0.5 + 1)/3 = 5/6.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 5/6 2/3

Number 1 1

As there are no self-citations of x14 and the number of authors of x14 is three, we have:

CSesc(x14) = CS(x14) = (
11

12
)

»

5

6
+

2

3

–

=
11

8
= 1.375, and

CSesc(x14)

n(x14)
=

CS(x14)

n(x14)
=

11

24
≈ 0.458333333.

Paper x15: Farid, F. O., Nie, X.-R., & Wang, Q.-W. (2018). On the solutions of two systems of quaternion matrix equations. Linear
and Multilinear Algebra, 66(12), 2355-2388. (Q2)

Citations
1. Kyrchei, I. (2018). Determinantal representations of solutions to systems of quaternion matrix equations. Advances in Applied
Clifford Algebras, 28, 17 pages. (Q3)
2. Kyrchei, I. (2018). Cramer’s rules for Sylvester quaternion matrix equation and its special cases. Advances in Applied Clifford
Algebras, 28, 26 pages. (Q3)

Calculations: `(x15) = 34, ω(x15) = 1, ν(x15) = 1, q(x15) = 3/4, and VS(x15) = 11
12

.
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`(y1,15) = 17, ω(y1,15) = 1, ν(y1,15) = 1/2, q(y1,15) = 1/2, and VS(y1,15) = (1 + 0.5 + 0.5)/3 = 2/3.
`(y2,15) = 26, ω(y2,15) = 1, ν(y2,15) = 3/4, q(y2,15) = 1/2, and VS(y2,15) = 3/4.

The following table illustrates the value scores of the citing documents and the number of documents attaining such scores.

Value Score 3/4 2/3
Number 1 1

As there are no self-citations of x15 and the number of authors of x15 is three, we have:

CSesc(x15) = CS(x15) = (
11

12
)

»

3

4
+

2

3

–

=
187

144
≈ 1.298611111, and

CSesc(x15)

n(x15)
=

CS(x15)

n(x15)
=

187

432
≈ 0.43287037.

Paper x16: Farid, F. O. (2019). On three classes of matrices with variants of the diagonal dominance property. Linear Algebra and
Its Applications, 579, 382-418. (Q1)
From (6), we get VS(x16) = 1.

Paper x17: Farid, F. O. (2008). On the deformation of linear r − fields. Linear Algebra and Its Applications, 429(1), 249-265. (Q2)
From (6), we obtain VS(x17) = (1 + 0.5 + 0.75)/3 = 3/4.

Paper x18: Farid, F. O. (2005). `p-Diagonally dominant symmetric operators. Positivity, 9(1), 97-114. (Q3)
From (6), we get VS(x18) = (1 + 0.5 + 0.5)/3 = 2/3.

It follows from the value scores VS(xi) and the number of authors n(xi), i = 1, . . . ,18, that the creative work score CWS(F) of F.
O. Farid in the year 2019 (see (10) in the paper) is given by:

CWS(F) =
18

X

i=1

VS(xi)

n(xi)

= (11/12) + (3/4) + (5/12) + (5/18) + (5/6) + (5/6) + (11/48) + (5/12) + (3/8)

+(5/18) + (1/2) + (2/3) + (5/6) + (11/36)+ (11/36) + 1 + (3/4) + (2/3)

= 1 + (449/48) = (497/48)

≈ 10.35416666.

Also, from the calculated values
CS(xi)
n(xi)

, i = 1, . . . , 15, we see that the creative work citation score CWCS(F) of F. O. Farid in the

year 2019 (see (11) in the paper) is given by:

CWCS(F) =

15
X

i=1

CS(xi; t)

n(xi)

≈ 8.555555555+ 6 + 5.9375+ 5.497685183+ 4.375 + 3.819444444

+3.494791665+ 2.881944444+ 2.3125+ 1.203703703+ 1.166666666+ 1.055555555

+0.833333333+ 0.458333333+ 0.43287037

= 48.02488422

Furthermore, from the calculated values
CSesc(xi)

n(xi)
, i = 1, . . . ,15, we deduce that the score CWCSesc(F) of F. O. Farid in the year

2019 (see (12) in the paper) is given by

CWCSesc(F) =

15
X

i=1

NCS(xi; t)

n(xi)

≈ 5.5 + 4.0625 + 5.9375 + 5.28935185+ 3.541666666+ 1.597222222+ 3.494791665+ 2.256944444

+2.03125 + 1.203703703+ 1.166666666+ 1.055555555+ 0.833333333+ 0.458333333+ 0.43287037

= 31.67997683+ 7.17671296

= 38.85668979.

Calculation of publication counts adjusted to co-authorship, citation counts, the h-index, the fractional h-index, the g-index, and the
fractional g-index for C. Peligrad and F. O. Farid:

For C. Peligrad: Number of publications is 34. For publication counts adjusted to co-authorship, there are 14 articles with one
author, 12 articles with two authors, and eight articles with three authors. So, the publication counts adjusted to co-authorship for
C. Peligrad is approximately equal to 22.664. The h-index for C. Peligrad is calculated from papers x1, x2, x4, x5, x7, x8. This gives
him an h-index of 6. The fractional h-index for C. Peligrad is calculated from papers x1, x2, x5, x4, x3. This gives him a fractional
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h-index of 5. The g-index for C. Peligrad is calculated from papers x1, x2, x4, x5, x7, x8, x3, x6, x18, x10. This gives him an g-index
of 10. The fractional g-index for C. Peligrad is calculated from papers x1, x2, x5, x4, x3, x10, x6. This gives him a fractional g-index of 7.

For F. O. Farid: Number of publications is 18. For publication counts adjusted to co-authorship, there are 10 articles with one
author, three articles with two authors, four articles with three authors, and one article with four authors. So, the publica-
tion counts adjusted to co-authorship for F. O. Farid is approximately equal to 13.083. The h-index for F. O. Farid is calcu-
lated from papers x4, x7, x3, x1, x2, x8, x9. This gives him an h-index of 7. The fractional h-index for F. O. Farid is calculated
from papers x1, x3, x2, x4, x5, x6. This gives him a fractional h-index of 6. The g-index for F. O. Farid is calculated from papers
x4, x7, x3, x1, x2, x8, x9, x5, x6, x10, x11. This gives him an g-index of 11. The fractional g-index for F. O. Farid is calculated from
papers x1, x3, x2, x4, x5, x6, x7. This gives him a fractional g-index of 7.
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